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ABSTRACT	
	

Sensing	 and	 learning	 channel	 state	 information	 ሺCSIሻ	 in	 a	 dynamic	 wireless	

environment	ሺDWEሻ	has	not	been	a	focus	of	the	cognitive	radio	and	network	research.	The	

focus	has	been	on	obtaining	spectral	resource	information	about	the	spectrum	availability	

ሺi.e.	spectrum	sensing	for	dynamic	spectrum	accessሻ	or	how	to	adapt	radios	and	networks	

in	a	way	that	improves	the	effectiveness	of	the	radio	networks,	for	example	rate	adaptation.	

In	most	of	 these	cases	 it	 is	assume	 that	 the	CSI	 is	already	known	or	 it	 is	obtained	 from	a	

method	that	directly	measures	the	spectrum	of	interest	through	channel	estimation,	fading	

prediction	or	forecasting,	blind	estimation,	and	many	others.	In	DWEs	the	wireless	channel	

may	change	at	high	rates	ሺi.e.	 fast	 fadingሻ,	and	methods	that	directly	measure	the	channel	

will	not	provide	accurate	and	timely	CSI	needed	for	a	cognitive	radio	or	network.	

In	 this	 thesis	 a	 counterintuitive	method	 is	presented,	 indirect	 channel	measurements.		

Indirect	 channel	 measuring	 is	 a	 technique	 used	 to	 determine	 the	 transfer	 function	 of	 a	

desired	 part	 of	 the	 RF	 spectrum,	 which	 spans	 several	 coherence	 bandwidths,	 without	

directly	sending	a	signal	 through	the	spectrum	of	 interest,	but	 indirectly	through	adjacent	

spectrum.	The	 indirect	measuring	of	 the	channel	has	the	ability	to	 improve	the	timeliness	

and	 accuracy	 associated	 with	 the	 obtainment	 of	 the	 CSI	 in	 DWEs	 when	 using	 cognitive	

radios	and	networks.	
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This	thesis	will	explain	 the	 indirect	channel	measurements	ሺICMሻ	research	and	how	it	

can	 be	 used	 in	 cognitive	 radio	 networks	 for	 SISO	 rate	 adaptation	 in	 dynamic	 wireless	

environments.	 Included	will	be	an	analytical	and	empirical	analysis	of	 the	performance	of	

the	 ICM	technique	and	other	comparable	and	contrasting	 techniques.	This	 thesis	will	also	

show	which	technique	is	best	suited	for	a	particular	set	of	parameters	for	a	given	dynamic	

wireless	 environment.	 A	 contextual	 explanation	 will	 also	 be	 given	 to	 provide	 a	 visual	

picture	of	a	cognitive	radio	network	that	will	be	able	to	implement	the	ICM	technique	using	

rate	adaptation,	and	its	ability	to	be	implemented	in	hardware.	
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PART	I	1	
 

BACKGROUND DISCUSSION AND 
STATEMENT OF PROBLEM 

 
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
This	part	of	the	thesis	introduces	the	general	area	of	study.	It	will	also	present	the	specific	
problems	that	will	be	examined	and	detail	the	precise	purpose	of	this	study.	The	objectives	
of	 the	 research	will	 also	 be	 given	 in	 this	 part,	 along	with	 the	 rationale	 and	 scope	 of	 this	
study.	Finally,	an	overview	of	the	remaining	parts	of	this	thesis	will	be	given.	After	reading	
Part	I,	the	reader	will:	
	
	

 Know	the	basics	of	cognitive radio	and	dynamic	wireless	environments.	
 Gain	a	basic	historical	understanding	of	this	research	area.
 Have	an	understanding	of	sensing	and	learning	techniques	for	cognitive	radio.	
 Understand	the	motivation	for	this	study	and	research.	
 Know	the	research	problem	and	scope	of	this	study.
 Have	an overview	of	what	to	expect	in	the	rest	of	the	thesis.
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CHAPTER	ONE	2	
	

INTRODUCTION TO COGNITIVE 
RADIO 

	

	

The	 introduction	 of	 the	 concept	 of	 “cognitive	 radio”	 in	 the	 wireless	 communication	

community	has	stimulated	significant	interest	in	recent	years.	In	this	century	we	are	seeing	

several	 ideas	and	suggestions	on	how	 to	 improve	 technology	 in	wireless	communications	

ሾ1‐6ሿ.	A	lot	of	this	can	be	accredited	to	the	concept	of	personifying	a	radio.	In	essence,	radios	

and	 networks	 of	 radios	 could	 possess	 some	 type	 of	 cognitive	 processing	 indicative	 of	

advanced	 thinking	 or	 instincts.	 This	 ability	 can	 be	 used	 to	 improve	 the	 effectiveness	 of	

radios	 and	 networks	 of	 radios,	 such	 as	 having	 larger	 network	 capacities	 and	 higher	 data	

rates	through	using	adaptive	or	multirate	OFDM,	water‐filling,	and	many	other	techniques	

ሾ3,	7‐10ሿ.	Most	of	these	adaptive	ideas	and	methods	suggest	that	these	radios	and	networks	

should	have	 some	 type	of	prior	knowledge	of	 the	 channel	 state	 information	 ሺCSIሻ	 and/or	

spectral	resource	information	ሺSRIሻ	to	make	these	adaptive	or	cognitive	decisions	possible	

ሾ7,	 11‐15ሿ.	 This	 thesis	 will	 show	 novel	 techniques	 that	 are	 timelier,	 more	 efficient,	 and	
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reasonably	accurate	in	providing	radios	and	networks	with	the	needed	prior	knowledge	to	

make	cognitive	decisions	to	improve	radio	network	effectiveness	ሺRNEሻ.	

Since	the	year	2000	cognitive	radios	and	networks	have	been	given	many	definitions.	In	

2000	Joseph	Mitola	III	coined	the	term	“Cognitive	Radio,”	defined	it,	and	presented	the	idea	

of	 cognition	within	 radios.	To	capture	 this	 idea	of	 cognition	Mitola	presented	 the	chart	 in	

Figure	1.1.	This	chart	is	explained	in	Mitola’s	Thesis	ሾ4ሿ.	

 

Figure	1.1:	Cognitive	cycle	presented	by	Joseph	Mitola	III.	ሾ4ሿ	

There	are	other	definitions	and	depictions	that	have	been	given	for	cognition	ሾ1‐4,	6,	16,	

17ሿ.	 	 All	 the	 definitions	 and	 depictions	 try	 to	 capture	 one’s	 idea	 of	 radio	 cognition	 and	

intelligence,	 but	 all	 of	 them	 have	 three	 underlying	 fundamentals:	 sensing,	 learning,	 and	

adapting.	Sensing	 involves	 the	passive	or	active	process	 that	directly	or	 indirectly	gathers	

information	about	the	operating	environments	and	everything	that	changes	the	condition	of	

the	 environments.	 The	 information	 gathered	 from	 sensing	 is	 processed	 to	 increase	 the	

radios’	or	networks’	intelligence	and	determine	what	changes	are	needed	to	be	made.	This	

is	 considered	 to	 be	 the	 learning	 stage.	 Once	 learned,	 these	 changes	 are	 implemented	
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through	adaptation.	The	radios	and	networks	are	reconfigured	by	changing	the	hardware,	

software,	protocols,	etc…	ሾ4,	18‐26ሿ.	

For	example	taking	the	depiction	of	cognition	presented	by	Mitola,	This	depiction	can	be	

reorganized	and	place	into	this	fundamental	context	shown	in	Figure	1.2.	

 

Figure	1.2:	Fundamentals	of	cognition	and	the	cognitive	cycle	presented	by	Joseph	Mitola	III.	

The	 research	 presented	 in	 this	 thesis	 will	 focus	 on	 techniques	 used	 in	 the	 sensing	 and	

learning	stages	to	gather	CSI.	In	this	thesis	and	research	the	sensing	is	done	with	respect	to	

the	 wireless	 environment.	 This	 includes	 all	 the	 radios,	 networks,	 devices,	 channels	 and	

other	 objects	 or	 things	 that	 preside	 in	 that	 environment.	What	 is	 learned	 is	 the	 channel	

state	information.	Simply,	the	information	collected	in	the	sensing	stage	can	be	used	to	learn	

the	CSI.	

	The	 wireless	 communication	 community	 has	 long	 recognized	 the	 need	 for	

understanding	and	knowing	the	CSI	for	the	physical	wireless	channel.	The	wireless	channel	

is	 arguably	 the	 most	 critical	 part	 of	 a	 wireless	 communication	 system,	 because	 of	 the	
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ambiguity	 of	 the	 CSI.	 	 A	 wireless	 communication	 system	 gathers	 CSI	 by	 sending	 signals	

through	 the	 wireless	 channel	 and	 measuring	 the	 propagation	 effects	 such	 as	 path	 lost,	

fading,	 Doppler,	multipath,	 etc…	Within	 a	wireless	 communication	 system	 these	 types	 of	

measurements	are	 typically	done	at	 the	 radio	 receiver,	 and	compensating	 corrections	 are	

applied	to	the	signal	after	it	travels	through	the	wireless	channel.	This	is	often	referred	to	as	

equalization	ሾ13,	27‐29ሿ.	

Along	 with	 knowing	 the	 CSI,	 knowing	 what	 spectral	 resources	 to	 use	 ሺi.e.	 available	

spectrumሻ	 has	 been	 something	 common	 with	 wireless	 radio	 research	 as	 well.	 However,	

knowing	 the	 dynamic	 nature	 of	 the	 spectrum	 resource	 information	 ሺSRIሻ	 has	 not	 always	

been	a	focal	point	of	research	in	this	community.	SRI	did	not	gain	notoriety	until	engineers	

started	 to	 study	 and	 research	 cognitive	 radio	 systems	 to	 improve	 spectrum	 efficiency	

through	 dynamic	 spectrum	 access	 ሺDSAሻ.	 This	 is	 one	 of	 the	 driving	 motives	 in	

understanding	SRI	ሾ1,	4,	17,	22,	30ሿ.	There	have	been	many	emerging	research	areas	within	

wireless	communication	that	have	presented	new	ways	to	use	the	knowledge	obtained	from	

knowing	the	CSI	and	SRI,	and	this	can	be	credited	to	this	idea	of	cognitive	radios.	

As	has	been	stated,	knowing	the	SRI	can	help	a	cognitive	radio	or	network	improve	RNE.	

Figure	1.3	shows	a	crude	drawing	of	how	this	would	work.	

 

Figure	1.3:	Secondary	users	implementing	DSA	with	SRI	in	the	present	of	primary	users.	
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The	cognitive	radio	or	network	would	sense	the	spectrum	to	determine	and	learn	what	part	

of	the	spectrum	is	being	used	by	the	primary	users	of	the	spectrum.	If	the	spectrum	is	not	

being	used	or	underused,	the	secondary	users	will	make	use	of	the	spectrum	in	a	way	that	

does	not	interfere	with	the	primary	user.	This	allows	the	secondary	users	to	improve	RNE	

for	their	radios	and	networks.	CSI	can	be	used	to	further	improve	RNE	through	efficient	use	

of	the	used	or	underused	spectrum	or	in	DSA	for	determining	what	part	of	the	spectrum	is	

in	a	useable	part	of	the	channel	ሺi.e.	the	spectrum	is	not	in	a	null	of	the	channelሻ.	Figure	1.4	

shows	 this.	By	knowing	 the	CSI,	 the	secondary	user	can	efficiently	place	power	or	data	 in	

the	parts	of	spectrum	that	will	give	the	radio	or	network	the	desired	results	with	respect	to	

its	data	rate	or	capacity.	

  

Figure	1.4:	Secondary	users	implementing	DSA	with	SRI	and	CSI	in	the	present	of	primary	users.	

In	Figure	1.4	the	secondary	user	signal	power	varies	with	respect	to	frequency	and	this	is	to	

take	advantage	of	the	CSI.	

There	has	been	a	lot	of	research	presented	on	how	to	obtain	SRI	for	cognitive	radios	ሾ17,	

28,	 30ሿ.	However,	 there	 has	 not	 been	much	 advancement	 in	 the	 techniques	 and	methods	

used	to	obtain	CSI,	and	these	techniques	may	be	inefficient	or	less	accurate.	Therefore,	it	is	

possible	 that	 there	 are	 ways	 to	 improve	 upon	 how	 this	 information	 is	 obtained,	 and	

research	in	this	thesis	will	shed	some	light	on	the	issues	with	current	methods	and	present	

solutions	for	these	issues.	
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The	scope	of	 this	research	will	cover	how	CSI	can	be	obtained	and	used	 in	a	cognitive	

radio	 and/or	 cognitive	 network	 context	 to	 improve	RNE.	Note	 the	 scope	 of	 the	 cognitive	

radio	and	network	research	extends	beyond	the	intelligent	use	of	the	CSI.	Cognitive	radios	

and	 cognitive	 networks	 comprise	 a	 much	 grander	 idea	 ሾ4,	 26ሿ.	 However,	 studies	 and	

research	like	this	are	important	aspects	in	the	development	of	this	grand	idea	of	cognitive	

radios	and	networks.	

Most	 of	 this	 thesis	 will	 be	 dedicated	 to	 how	 cognitive	 radios	 can	 obtain	 the	 CSI	 for	

intelligent	use,	but	there	will	be	some	emphasis	placed	on	how	the	CSI	is	used	in	a	particular	

adaptive	technique.	The	next	chapter	will	cover	the	research	motivation	and	the	structure	

of	the	research	problem	in	this	thesis.	
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CHAPTER	TWO	8[1‐30]	
	

 
RESEARCH METHODOLOGY 

	

2.1	Motivation	8	
2.1	Motivation	

The	 first	 motive	 or	 reason	 for	 implementing	 this	 research	 is	 captured	 by	 the	

background	 and	 scope	 presented	 in	 Chapter	 One.	 It	 was	 mentioned	 there	 has	 been	

increasing	interest	in	the	study	and	research	of	cognitive	radio	systems	for	various	reasons.	

Over	the	past	decade	there	have	been	numerous	developments	and	suggestions	on	how	to	

achieve	this	idea	of	cognition.	The	fundamentals	of	cognition	can	be	viewed	as	the	ability	to	

sense,	learn,	and	adapt	ሾ1,	23,	24ሿ.	To	put	this	into	context,	the	sensing	part	in	this	research	

is	the	measurement	collected	through	an	active	signaling	process	that	involves	the	sending	

and	observing	of	a	signal	sent	through	a	wireless	channel	in	a	wireless	environment,	which	

will	 be	 referred	 to	 as	 a	 dynamic	 wireless	 environment	 ሺDWEሻ.	 Through	 this	 signaling	

process	 the	 channel	 state	 information	 ሺCSIሻ	 is	 learned	 from	 the	measurements	 collected,	

and	the	radios	and	networks	adapt	their	configuration	based	on	this	newfound	knowledge.	

This	 sensing,	 learning,	 and	 adaptation	 process	 is	 in	 accordance	with	 the	 background	 and	
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scope	 presented	 in	 Chapter	 One,	 and	 by	 researching	 this	 process	 it	 can	 and	 will	 aid	 in	

creating	better	cognitive	devices.			

Achieving	this	idea	of	cognition	is	not	the	only	motivation.	There	are	other	motivators	

for	 research	 that	 study	 how	 to	 determine	 CSI.	 Future	 radio	 networks	 are	 pushing	 to	

improve	 RNE,	 and	 this	 is	 requiring	 more	 information	 about	 the	 environment	 than	

previously	 needed.	 This	 information	 must	 be	 timely	 and	 accurate.	 In	 dynamic	 wireless	

environments	ሺDWEsሻ	the	timeliness	and	accuracy	are	very	important	ሾ7,	8,	11‐13,	31‐33ሿ.	

For	example,	Figure	2.1	shows	two	channels.	One	of	the	channels	is	static	and	the	other	is	

dynamic	with	 respect	 to	 the	 time	variation	of	 the	wireless	channel.	The	signaling	process	

involves	the	sending	of	something	called	a	training	symbol	through	the	channel	to	measure	

the	CSI,	and	this	is	typically	done	at	the	beginning	of	the	transmitted	signal.		

 
Figure	2.1:	Channel	gain	for	a	multi‐carrier	signal.	



	

	 10	

What	should	be	taken	away	from	Figure	2.1	is	that	in	the	static	case	the	channel	looks	

the	 same	with	 respect	 to	 time.	 Therefore,	 a	 signaling	 process	 that	measures	 the	 channel	

state	at	 the	beginning	of	a	 transmitted	signal	will	most	 likely	suffice,	because	 the	channel	

does	not	vary.	Whereas,	in	the	dynamic	case	a	signaling	process	that	measures	the	channel	

state	 in	 the	 beginning	 most	 likely	 will	 not	 work,	 because	 the	 channel	 state	 varies	 with	

respect	to	time.		

The	 ability	 to	 determine	 how	 to	 obtain	 the	 CSI	 in	 dynamic	 wireless	 channels	 and	

environments	 is	 a	 major	 motivation	 for	 this	 research.	 Figuring	 out	 how	 radios	 can	

overcome	problems	caused	by	dynamic	channels	and	DWEs	has	always	been	a	major	part	of	

wireless	communication.	In	most	recent	years,	a	lot	of	the	research	in	this	area	focused	on	

the	methods	 that	 improve	RNE	and	not	on	 the	 techniques	 to	obtain	 the	CSI	 in	DWEs.	For	

environments	where	this	information,	the	CSI,	is	changing	at	rates	faster	than	what	systems	

or	networks	can	convey	to	the	respect	devices,	these	improvements	for	RNE	will	not	work.	

This	inspired	the	creation	of	the	research	problem	and	question	in	the	next	section.	

2.2	Research	Problem	10	
2.2	Research	Problem	

Two	 important	aspects	associated	with	 the	obtainment	and/or	measurement	of	CSI	 is	

timeliness	 and	 accuracy:	 how	 fast	 information	 must	 change	 with	 changes	 in	 the	

environment	and	how	robust	the	information	is	to	environmental	effects.	This	research	will	

use	 the	 following	 problem	 scenario.	 Assume	 that	 a	 radio	 or	 network	 can	 perform	 some	

cognitive	fundamentals:	sensing,	learning,	and	adapting.	Along	with	the	spectrum	resource	

information	ሺSRIሻ	or	by	itself,	CSI	can	be	used	by	the	radios	and/or	networks	to	improve	the	

overall	throughput	of	a	network	through	some	type	of	cognitive	process.		
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The	 first	 stage	 in	 the	process	 is	 sensing.	The	network	or	 radio	collects	measurements	

through	sensing	the	wireless	environments.	This	involves	the	sending	of	what	is	known	as	a	

training	symbol	through	the	wireless	channel.	Over	time,	this	training	symbol	can	be	used	

to	learn	the	statistical	channel	state	information	ሺSCSIሻ.		Once	the	SCSI	is	obtained,	the	radio	

and	or	network	continues	the	sensing	and	uses	the	instantaneous	channel	state	information	

ሺICSIሻ	and	SCSI	to	learn	how	to	adapt	the	transmitted	or	received	waveforms	to	best	suit	the	

end‐to‐end	objective	of	the	networks	and/or	radios.	However,	the	wireless	environment	in	

which	 the	 radio	 or	 network	 operates	 is	 very	 dynamic.	 This	 means	 the	 channel	 changes	

rapidly,	 at	 time	 lengths	 equal	 to	 or	 less	 than	 the	 time	 it	 takes	 to	 obtain	 or	measure	 ICSI	

using	conventional	methods.	

Conventional	methods	ሺdirect	methodsሻ	directly	measure	ICSI	in	the	spectrum	band	or	

frequencies	 of	 interest	 through	 sending	 the	 training	 symbol	 through	 the	 same	 spectrum,	

shown	in	Figure	2.2.	The	ICSI	obtained	is	with	respect	to	frequency	and	time.	

  

	 Figure	2.2:	Direct	ICSI	measurement	method	training	symbol	spectrum	usage	diagram.	 	

From	Figure	2.1	and	2.2	 it	can	be	derived	that	the	direct	method	could	have	issues	with	a	

dynamic	 wireless	 environment	 because	 of	 the	 varying	 nature	 of	 the	 ICSI.	 So,	 the	 first	

research	 question	 that	 arises	 is	 how	 can	 radios	 obtain	 the	 ICSI	 in	 a	 timely	 and	 accurate	

manner	 in	 DWEs?	 The	 direct	 method	 is	 one	 of	 the	 possible	 answers	 considered	 in	 this	

thesis.					
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Another	answer	to	the	question,	the	counter	to	the	conventional	method,	and	the	main	

contribution	of	this	thesis,	 is	to	obtain	the	same	ICSI	by	using	the	adjacent	spectrum.	This	

will	be	referred	to	as	the	indirect	method,	and	it	is	depicted	in	Figure	2.3.		

  

	 Figure	2.3:	Indirect	ICSI	measurement	method	training	symbol	spectrum	usage	diagram	 .	

In	the	indirect	method,	the	adjacent	spectrum	is	used	to	obtain	the	ICSI	of	the	spectrum	

of	 interest.	This	 is	 counter	 intuitive.	 In	 common	practice	 researchers	 and	engineers	often	

assume	that	to	obtain	spectral	information	a	radio	must	directly	measure	the	spectrum	for	

which	the	radio	wishes	to	obtain	ICSI.	In	this	thesis	it	will	be	proven	that	in	some	cases	it	is	

possible	to	accurately	obtain	ICSI	indirectly.	It	will	also	be	shown	that	this	can	resolve	the	

timeliness	issues	that	can	be	caused	by	DWEs.		

The	research	questions	that	will	be	addressed	in	this	thesis	are:	

 How can radios obtain the ICSI in a timely and accurate manner in DWEs? 

 What method is the best in DWEs: the Direct Channel Measurement (DCM) method, 

Indirect Channel Measurement (ICM) method, or neither? 

 How is this related to RNE in cognitive radio networks? 

These	 questions	 will	 be	 answered	 through	 presenting	 the	 theory	 created	 and	 the	

simulations	 and	 experiments	 performed	 throughout	 the	 course	 of	 this	 research.	 With	
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general	respect	to	the	questions,	it	was	hypothesized	that	the	ICM	method	will	prove	to	be	

the	 preferred	 technique	 for	 very	 dynamic	DWEs	 because	 it	will	 not	 have	 issues	with	 the	

timeliness	of	the	ICSI	updates,	and	the	DCM	method	is	going	to	be	better	for	 less	dynamic	

DWEs	 because	 timeliness	 is	 not	 as	 important.	 The	 next	 chapter	 gives	 an	 overview	 of	 the	

entire	thesis.	
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CHAPTER	THREE	14	[1‐33]	
	

 
THESIS OUTLINE 

	

	

This	thesis	has	four	parts	and	twelve	chapters.	Chapters	1	–	3	make	up	Part	I.	Part	I	has	

covered	 the	 background	 and	 the	 statement	 of	 the	 research	 problem.	 Part	 II	 will	 cover	

several	 concepts	 important	 to	 the	 research	 in	 this	 thesis.	 Part	 III	 is	 the	main	 part	 of	 the	

thesis.	 It	 focuses	 on	 the	 main	 contribution,	 the	 indirect	 channel	 measurement	 ሺICMሻ	

technique.	Part	IV	summarizes	and	concludes	everything	that	was	presented.			

Part	II,	the	concept	review,	covers	two	concepts:	wireless	communication	channels	and	

wireless	communication	systems.	The	two	chapters	in	Part	II	give	a	basic	review	that	aid	in	

the	 understanding	 of	 these	 concepts	 if	 lacking,	 but	 more	 importantly	 they	 build	 the	

notational	framework	that	will	be	used	throughout	the	entire	thesis.	In	the	case	of	Chapter	

Four,	a	 less	common,	maybe	even	uncommon,	framework	for	the	wireless	communication	

system	is	presented.	This	framework	gives	insight	into	how	the	wireless	channel	is	viewed	

for	 this	 research.	 This	 view	will	 help	 give	 intuition	 in	 how	 the	 ICM	and	 other	 techniques	
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work.	 Chapter	 Five	 expands	 upon	 this	 framework	 and	 shows	 how	 the	 wireless	 channel	

models	 fit	within	a	communication	system	with	transmitted	and	received	signals.	Chapter	

Five	also	covers	the	types	of	signals	used.	In	this	thesis	all	signals	are	multi‐carrier	signals.	

Part	III	is	the	most	important	part	of	this	thesis.	It	covers	the	ICM	technique	as	well	as	

other	preceding,	contrasting,	and	complementing	techniques.	Part	III	includes	Chapters	6	–	

10.	 Chapter	 Six	 is	mostly	 a	 literature	 review,	 but	 included	 are	 some	 important	 equations	

created	 during	 the	 course	 of	 this	 research	 to	 unify	 all	 these	 techniques	 for	 comparison	

purposes.	 In	Chapter	 Six	 all	 the	 relevant	 techniques	 that	preceded	 the	 ICM	 technique	 are	

presented.	 In	 this	 chapter	 the	 fundamentals	 of	 the	 direct	 channel	 measurement	 ሺDCMሻ	

method	is	also	presented.	Along	with	these	fundamentals,	a	linear	equation	that	fits	the	ICM	

and	DCM	technique	 is	also	given.	This	 linear	equation	allows	 for	direct	comparison	of	 the	

two	 techniques.	 This	 linear	 equation	 also	 fits	 the	 other	 preceding,	 contrasting,	 and	

comparable	techniques.	

Chapter	 Seven	 covers	 the	mathematical	 theory	 of	 the	 ICM	 and	 DCM	 techniques.	 This	

chapter	also	gives	 the	 first	metrics	 to	 test	 the	accuracy	of	 the	 ICM	technique.	The	metrics	

given	 in	 this	 chapter	 are	 very	 important	 to	 this	 research.	 They	 are	 used	 to	 make	 a	

determination	 of	what	 technique	 is	 the	 best.	 In	 this	 research	 these	metrics	where	 vetted	

through	rigorous	simulations	and	experiments	which	will	be	discussed	later.		

In	 the	 beginning	 of	 Chapter	 Seven	 a	 very	 similar	 technique	 to	 the	 ICM	 technique	 is	

discussed.	 This	 technique	 was	 created	 by	 researchers	 at	 Mitsubishi	 Electric	 Research	

Laboratories	ሾ34ሿ.	This	technique	also	uses	adjacent	spectrum	to	determine	the	ICSI	for	the	

spectrum	 of	 interest.	 	 	 The	 ICM	 research	 and	 Mitsubishi	 research	 are	 somewhat	 similar	

ideas,	 but	 with	 respect	 to	 their	 theories	 there	 are	 some	 significant	 differences	 when	 it	
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comes	to	accuracy.		The	rest	of	the	thesis	will	not	cover	the	Mitsubishi	technique	because	it	

is	 similar	 to	 the	 ICM	technique,	 although	significantly	 less	accurate.	The	rest	of	 the	 thesis	

will	focus	on	the	ICM	and	DCM	techniques	because	they	are	contrasting	techniques.		

Three	 fundamental	 stages	 of	 cognition	 have	 been	 presented.	 The	 ICM	 and	 DCM	

techniques	are	implemented	in	the	sensing	and	learning	stages,	but	they	have	a	direct	effect	

on	what	 is	 done	 in	 the	 adaptive	 stage.	 In	Chapter	Eight	 an	 adaptive	 technique	 that	 could	

improve	 RNE	 by	 using	 the	 ICM	 and/or	 DCM	 techniques	 is	 presented.	 These	 types	 of	

adaptive	 techniques	 are	 categorized	 as	 rate	 adaptation.	 Rate	 adaptation	 is	 when	 the	

transmitted	signal’s	data	rate	is	adapted	by	changing	some	aspect	of	the	transmitted	signal	

with	respect	to	the	CSI.	In	this	chapter	a	rate	adaptation	scenario	is	given.		For	this	scenario	

several	 tools	 are	 presented	 to	 help	 researchers	 and	 engineers	 make	 decisions	 on	 what	

technique	will	be	best	for	improving	RNE.	The	usage	of	the	tools	and	metrics	are	not	limited	

to	the	scope	of	the	thesis.	The	reason	for	presenting	these	tools	is	to	inspire	researchers	and	

engineers	to	come	up	with	other	novel	ways	of	how	to	use	them	with	respect	to	the	ICM	and	

DCM	techniques	in	real	world	scenarios.	So,	 in	this	research	these	rate	adaptation	metrics	

were	not	vetted	through	simulations	or	experiments.	

Chapter	Nine	goes	over	a	couple	of	the	simulations	created	during	this	research.	There	

were	numerous	simulations	develop	through	this	research	study.	For	this	thesis	two	of	the	

most	 interesting	 simulations	 were	 chosen.	 The	 first	 simulation	 allows	 researchers	 and	

engineers	 to	 vary	 channel	 and	 radio	 parameters	 and	 then	 implement	 the	 ICM	 and	 DCM	

techniques	and	obtain	the	CSI.	The	second	simulation	verifies	that	the	theory	presented	is	

accurate.	The	second	simulation	also	gives	researchers	the	ability	to	compare	the	ICM	and	

DCM	techniques	and	this	comparison	is	used	in	the	case	studies,	also	to	show	when	the	ICM	
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and	DCM	 techniques	 have	 the	 best	 performance.	 These	 case	 studies	 based	 on	 the	 second	

simulations	 are	 a	 very	 informative	 part	 of	 Chapter	 Nine.	 In	 these	 case	 studies	 various	

channel	and	radio	parameters	are	changed	and	the	best	channel	measurement	technique	is	

determine	for	each	case	and	presented	in	the	form	of	a	look‐up	table.	Readers	will	be	able	to	

pick	various	scenarios	and	determine	what	technique	is	the	best.	

Chapter	Ten	is	the	last	chapter	in	Part	III.	Chapter	Ten	goes	over	one	of	the	experiments	

conducted	 for	 this	 research.	 This	 experiment	 used	 universal	 software	 radio	 peripherals	

ሺUSRPsሻ	 and	 software	 developed	 by	 students	 at	 Carnegie	 Mellon	 University	 ሾ23ሿ.	 The	

experiment	 compliments	 the	 two	 simulations.	 	 The	 experiment	 only	 covers	 the	 ICM	

technique.	 The	 ICM	 technique	was	 implemented	 using	 the	 hardware	 and	 software	 setup	

mentioned.	 From	 this	 implementation,	 the	 wireless	 channel	 was	 determined	 and	 the	

accuracy	metric	was	verified.	The	experiment	that	is	presented	in	Chapter	Ten	shows	that	

the	ICM	technique	can	be	implemented	in	real	hardware.		

The	last	part	of	this	thesis,	Part	IV,	is	the	conclusion.	In	this	part	all	that	was	presented	

will	 be	briefly	 reviewed	and	 summarized.	Also,	 a	 vision	 for	 future	 research	will	 be	 given.	

Note,	 even	 though	a	 lot	of	 the	mathematical	 theory	overlaps	with	 respect	 to	 the	 chapters	

and	parts,	each	chapter	and/or	part	is	written	to	be	read	sequentially	and	individually.		
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PART	II	19	
 

 
REVIEW OF CONCEPTS 

 
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
This	part	of	 the	 thesis	will	 give	 a	detailed	explanation	of	 several	wireless	 communication	
concepts	 that	 are	 relevant	 to	 the	 research	 in	 this	 thesis.	 A	 mathematical	 foundation	 for	
these	concepts	will	also	be	given.	These	concepts	are	 important	 for	 the	subsequent	parts.	
This	part	will	cover:	
	
	

 The	wireless	communication	channel	concept	in	this	thesis.
 How	to	obtain	the	statistical	model	for	the	wireless	communication	channel.
 Mathematical	equations	that	define	the	wireless	channels	for	this	research.	
 Fundamentals	of	a	wireless	communication	system	that	are	used.	
 Multi‐carrier	modulations,	in	particular	OFDM	and	CI‐OFDM.	
 The	use	of	OFDM	and	CI‐OFDM	in	this	research
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CHAPTER	FOUR	20	ሾ1‐34ሿ	
	

WIRELESS COMMUNICATION  
CHANNELS 

	

4.1	Introduction	20	
4.1	Introduction	

This	 part	 of	 the	 thesis,	 The	 Concept	 Review,	 starts	 by	 discussing	 one	 of	 the	 most	

fundamental	 parts	 of	 this	 research,	 the	 wireless	 channel.	 The	 wireless	 channel	 is	 at	 the	

center	 of	 a	 wireless	 communication	 system.	 The	wireless	 communication	 system	will	 be	

defined	 in	 the	next	 chapter.	The	wireless	 channel	 is	often	characterized	by	 its	bandwidth	

ሺe.g.	narrowband	and	wideband	channelsሻ.	The	wireless	channel	is	defined	as	the	physical	

link	ሺtemporal,	spectral,	and/or	spatialሻ	between	RF	transmitting	and	receiving	radios.	Due	

to	 its	 variability,	 the	 wireless	 channel	 is	 a	 particularly	 critical	 part	 of	 a	 wireless	

communication	 system.	 	 Transmitters	 and	 receivers	 can	 be	 designed	 to	 meet	 the	

communication	needs	of	a	wireless	communication	network,	but	the	wireless	channel	is	an	

unknown	 factor	 often	 set	 by	 uncontrollable	 events	 that	 are	 dependent	 on	 temporal,	

spectral,	and	spatial	factors	in	the	wireless	environment	ሾ27,	35‐37ሿ.	
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First,	 this	chapter	will	give	a	graphical	overview	and	 intuitive	understanding,	because	

the	way	wireless	 channel	was	 viewed	was	 an	 important	 factor	 in	 how	 the	mathematical	

concepts	were	formulated	for	this	thesis.	Then	a	mathematical	representation	of	the	analog	

and	digital	wireless	 channel	will	be	presented,	 followed	by	a	 statistical	 representation.	 In	

conclusion	 this	 chapter	 will	 cover	 the	 coherence	 associated	 with	 the	 domains	 of	 the	

wireless	channel.	

4.2	Overview	21	
4.2	Overview	

This	 section	 will	 provide	 a	 view	 of	 the	 wireless	 channel	 that	 will	 be	 helpful	 in	

understanding	other	parts	of	the	thesis.	One	of	the	more	typical	ways	to	view	the	wireless	

channel	 is	by	looking	at	 it	as	a	time	varying	tapped	delay	line	model.	Note	that	these	taps	

are	 also	 space	 dependent.	 Each	 tap	 represents	 a	 multipath	 component	 for	 a	 particular	

space,	 time,	 and	 delay.	Multipath	 is	when	 two	 or	more	 replicas	 of	 the	 transmitted	 signal	

reach	 the	 receiver	 at	 different	 times	 and	 amplitudes.	 	 Each	 replica	 is	 referred	 to	 as	 a	

multipath	 component.	 	 Multipath	 is	 caused	 by	 objects	 in	 the	 environment	 that	 scatter	

and/or	reflect	RF	signals	ሾ27,	36,	38‐40ሿ.		

As	 mentioned,	 the	 channel’s	 multipath	 components	 are	 directly	 related	 to	 this	 time	

varying	tapped	delay	 line	model,	often	referred	to	as	the	channel	 impulse	response	ሺCIRሻ.		

By	 taking	a	Fourier	 transform	of	 the	delay	domain	 the	CIR	becomes	 the	 transfer	 function	

ሺTFሻ	 ሾ27,	 38,	 39,	 41ሿ.	 The	 view	 of	 the	 channel	 presented	 in	 this	 thesis	 is	 based	 off	 these	

common	views	of	the	channel.		

The	view	of	 the	wireless	channel	 in	 this	 thesis	starts	with	 the	 transfer	 function	of	 the	

wireless	channel.	The	transfer	function	is	a	useful	place	to	start	because	it	allows	coherence	
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to	be	directly	viewed	in	each	domain	ሺcoherence	time,	coherence	bandwidth,	and	coherence	

distanceሻ.	 Coherence	 distance	 will	 not	 be	 discussed	 in	 this	 thesis.	 However,	 later	 in	 this	

chapter	a	more	detail	definition	of	coherence	time	and	bandwidth	will	be	given.	For	now,	a	

simple	definition	of	coherence	will	be	used.		

Coherence	 means	 that	 for	 a	 given	 distance,	 time,	 or	 bandwidth	 the	 wireless	 channel	

does	not	 vary	 for	 the	 respective	domain	 ሾ27ሿ.	 For	 example,	 there	 is	 coherence	within	 the	

spatial	domain	when	 the	wireless	 channel	does	not	 vary	over	 a	particular	distance.	Total	

coherence	is	simply	defined	as	coherence	in	all	domains.	This	is	where	the	visual	depiction	

starts.		

Consider	a	three	dimensional	block	where	each	of	the	dimensions	represents	one	of	the	

three	 domains	 mentioned.	 Suppose	 that	 the	 space	 is	 discretized	 into	 rectangular	 blocks	

such	 that	 the	 variation	 of	 the	 channel	 within	 the	 block	 can	 be	 neglected.	 Therefore,	 the	

effect	of	the	channel	on	any	RF	signal	occurring	within	a	given	block	can	be	multiplied	by	a	

constant	complex	value.	Such	a	block	will	be	referred	to	as	a	total	coherence	block.	Within	a	

wireless	 channel	 there	may	 be	 several	 total	 coherence	 blocks.	 The	 combination	 of	 these	

total	coherence	blocks	symbolizes	the	transfer	function	of	the	channel	with	respect	to	time	

and	space.		

In	this	thesis	the	wireless	channel	is	further	divided	into	six	types	of	channels,	depicted	

in	Figure	4.1.	Note	that	the	time	references	of	past,	present,	and	future	are	with	respect	to	

the	 time	 the	 data	 or	 signal	 arrives	 at	 the	 receiver.	 Each	 block	 in	 the	 diagram	 is	 a	 total	

coherence	 block	 and	 it	 represents	 the	 channel’s	 complex	 gain	 at	 a	 particular	 time,	

frequency,	and	spatial	location.	The	darker	colored	blocks	signify	the	complex	channel	gains	

at	 the	 geographical	 location	 of	 interest,	 and	 the	 lighter	 colored	 blocks	 are	 the	 complex	
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channel	gains	at	other	geographical	locations	surrounding	the	location	of	interest.	However,	

the	use	of	the	spatial	domain	will	not	be	covered	in	this	thesis.	

 

Figure	4.1:	Three	dimensional	total	coherence	block	diagram	of	the	wireless	channel.		

The	in‐band	ሺIBሻ	channel	refers	to	the	wireless	channel	used	to	transmit	data	from	the	

respective	users,	while	the	out‐of‐band	ሺOOBሻ	channel	does	not	carry	any	data.	In	wireless	

communication	 the	 IB	 channel	 typically	 impairs	 the	 data.	 Instantaneous	 channel	 state	

information	ሺICSIሻ	is	commonly	used	to	reverse	or	reduce	the	effects	of	these	impairments.	

Typically,	the	ICSI	that	is	used	is	the	CIR	and/or	TF	ሾ27,	42‐46ሿ.		

In	 this	 thesis	we	will	 also	 talk	 about	 statistical	 channel	 state	 information	 ሺSCSIሻ.	 This	

information	is	gathered	over	a	long	period	of	time	ሺi.e.	over	the	duration	of	many	coherence	

timesሻ.	In	contrast,	ICSI	is	obtained	over	periods	of	time	shorter	than	a	coherence	time.	By	
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observing	 the	 wireless	 channel	 over	 long	 periods	 of	 time,	 the	 fading	 characteristics	 and	

distributions	can	be	determined	ሾ27,	41,	44,	45ሿ.	

In	 this	 thesis,	 all	 the	observed	wireless	 channels	 are	with	 respect	 to	 a	 single	 receiver	

and	 single	 transmitter,	 single‐input‐single‐output	 ሺSISOሻ	wireless	 communication	 system.	

This	means	that	the	spatial	domain	can	be	disregarded	and	from	here	forward	the	focus	will	

be	on	the	time	and	frequency	domains.		

4.3	Channel	Impulse	Response	and	Transfer	Function	24	
4.3	Channel	Impulse	Response	and	Transfer	Function	

As	stated,	the	ICSI	used	in	this	thesis	is	the	CIR	and	TF.	The	CIR	and	TF	can	be	used	to	

show	the	effects	 the	wireless	channel	have	on	 the	 transmitted	signal.	Equation	4.1	shows	

the	 CIR	with	 respect	 to	 time	 ሺtime‐delay	 domainሻ.	 It	 also	 represents	 the	 analog	wireless	

channel	for	a	particular	wireless	communication	system,		

	 ݃௚ሺݐ, ߬ሻ ൌ ∑ ∑ ܿ௖ሺݐ௡, ߬௞ሻߜሺ߬ െ ߬௞ሻߜሺݐ െ ௡ሻݐ
ஶ
௞ୀ଴

ஶ
௡ୀ଴ .	 4.1	

This	equation	can	be	displayed	in	three	other	ways:		the	CIR	at	frequency	݂	ሺfrequency‐

delay	 domainሻ	 and	 the	 TF	 at	 time	 	ݐ ሺtime‐angular‐frequency	 domainሻ	 or	 frequency	 ݂	

ሺfrequency‐angular‐frequency	domainሻ,	

	 ݃ீሺ݂, ߬ሻ ൌ ∑ ∑ ܿ௖ሺݐ௡, ߬௞ሻߜሺ߬ െ ߬௞ሻ݁ି௝ଶగ௙௧೙
ஶ
௞ୀ଴

ஶ
௡ୀ଴ ,		 4.2	

	 ,ݐ௚ሺܩ ߱ሻ ൌ ∑ ∑ ܿ௖ሺݐ௡, ߬௞ሻߜሺݐ െ ௡ሻ݁ି௝ఠఛೖݐ
ஶ
௞ୀ଴

ஶ
௡ୀ଴ 	,		 4.3	

	 ,ሺ݂ீܩ ߱ሻ ൌ ∑ ∑ ܿ௖ሺݐ௡, ߬௞ሻ݁ି௝ఠఛೖ݁ି௝ଶగ௙௧೙
ஶ
௞ୀ଴

ஶ
௡ୀ଴ .		 4.4	

In	using	these	equations,	some	assumptions	are	made	about	the	wireless	channel,	CIR,	

and	TF.	 It	 is	assumed	that	߬௞	 is	positive,	and	that	Δ߬ ൌ ߬௞ െ ߬௞ିଵ	and	Δݐ ൌ ௡ݐ െ 	have	௡ିଵݐ

infinitesimal	values.	It	is	also	assumed	that	there	is	causality	in	the	delay	and	time	domains,	
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and	 that	 the	 wireless	 channel	 has	 a	 maximum	 excess	 delay	 of	 ߬୫ୟ୶.	 Also,	 the	 frequency	

domain	 values	 are	 only	 present	 between	 the	 interval	 ሾ ୫݂୧୬, ୫݂ୟ୶ሻ.	 For	 simplicity,	 in	 this	

paper	 ୫݂୧୬	will	 equal	െ ୫݂ୟ୶.	The	variables	 ୫݂୧୬	and	 ୫݂ୟ୶	are	 the	minimum	and	maximum	

excess	 frequencies.	 The	 absolute	 values	 of	 these	 frequencies	 are	 equal	 to	 or	 greater	 than	

that	of	the	maximum	Doppler	shift,	 ஽݂.		

The	 maximum	 excess	 delay	 is	 a	 well‐known	 term	 that	 signifies	 the	 delay	 where	 the	

power	 delay	 profile	 drops	 below	 a	 certain	 threshold	 value	 ሾ27,	 40ሿ.	 The	 minimum	 and	

maximum	 excess	 frequencies	 are	 terms	 created	 for	 this	 thesis.	 Similar	 to	 the	 maximum	

excess	delay,	 these	 terms	 signify	 frequencies	where	 the	Doppler	 spectrum	drops	below	a	

certain	threshold	value.	The	use	of	the	maximum	excess	delay	and	frequencies	values	will	

be	further	explained	later	in	this	section.	

Discrete	Channel	Model	25	

Equations	4.1	–	4.4	represent	a	wireless	channels	that	has	infinite	bandwidth	and	time	

in	 all	 the	 respective	 domains.	 However,	 Figure	 4.1	 is	 a	 discrete	 representation	 of	 the	

wireless	 channel.	 To	 obtain	 the	 discrete	 representations	 the	 following	 assumptions	 are	

made.	

First,	 it	 is	assumed	 that	 the	wireless	channel	 is	band	 limited	 in	 the	angular	 frequency	

domain.	 The	 channel	 is	 then	 complex‐sampled	 and	 windowed	 in	 the	 time	 and	 delay	

domains	with	frequency	resolution	of	 ௦݂	and	߱௦,	 in	the	respective	 frequency	domains,	and	

߱௞ ൌ ݇߱௦	 and	 ௡݂ ൌ ݊ ௦݂.	 The	 span	 for	 the	 frequency	 domains	 are	 ൣ߱ି௄బ, ߱௄బ൯	 and	

ൣ݂ି ௅బ ଶ⁄ 	, ௅݂బ ଶ⁄ ൯.	The	respective	sample	rates	are	1/ݐ௦	and	1/߬௦,	where	ݐ௟ ൌ ߬௠	and	௦ݐ݈ ൌ ݉߬௦.	
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The	 respective	 time	 windows	 areൣݐ௅భ, 	௅బା௅భ൯ݐ and	 ൣ0, ߬ଶ௄బ൯,	 where	 the	 number	 of	 time	

samples	is	

	 ܮ ൌ ଴ܮ ൅ ଵܮ2 ൌ
ଵ

௙ೞ௧ೞ
,		 4.5	

and	the	max	number	of	delay	samples	are	

	 ܭ ൌ 2ሺܭ଴ ൅ ଵሻܭ ൌ
ଶగ

ఠೞఛೞ
.		 4.6	

The	need	for	variables	ܮଵ	and	ܭଵ,	will	be	explained	later.	They	are	important	for	improving	

the	estimation	when	using	the	statistical	model.	

With	these	assumptions	the	following	discrete	representation	of	the	CIR	and	TR	can	be	

derived,	

	 ݄௛ሺݐ, ߬ሻ ൌ ൜
ܽ௔ሺݐ௟, ߬௠ሻ			, ݐ ൌ ߬	݀݊ܽ	௟ݐ ൌ ߬௠
0 , ݁ݎ݄݁ݓ݁ݏ݈݁

	,		 4.7	

	 ݄ுሺ݂, ߬ሻ ൌ ൜
ܽ஺ሺ ௡݂, ߬௠ሻ			, ݂ ൌ ௡݂	ܽ݊݀	߬ ൌ ߬௠
0 , ݁ݎ݄݁ݓ݁ݏ݈݁

	,	 4.8	

	 ,ݐ௛ሺܪ ߱ሻ ൌ ൜
,௟ݐ௔ሺܣ ߱௞ሻ			, ݐ ൌ ߱	݀݊ܽ	௟ݐ ൌ ߱௞
0 , ݁ݎ݄݁ݓ݁ݏ݈݁

	,		 4.9	

	 ,ுሺ݂ܪ ߱ሻ ൌ ൜
஺ሺܣ ௡݂, ߱௞ሻ			, ݂ ൌ ௡݂	ܽ݊݀	߱ ൌ ߱௞
0 , ݁ݎ݄݁ݓ݁ݏ݈݁

	,		 4.10	

where	

	 ܽ௔ሺݐ, ߬ሻ ൌ ,ݐሺݓ ߬ሻൣ݃௚ሺݐ, ߬ሻ ∗ ܾሺ߬ሻ൧.	 4.11	

In	Equation	4.11	function	ܾሺ߬ሻ	is	an	arbitrary	band	limiting	filter,	and	function	ݓሺݐ, ߬ሻ	is	an	

arbitrary	 sampling	 and	 windowing	 function.	 The	 filter	 and	 window	 are	 not	 set	 by	 the	

wireless	 environment.	 The	 band	 limiting	 filter	 and	 time	 window	 are	 determined	 by	 the	

design	of	the	transmitting	and	receiving	radios.	The	discrete	channel	model	presented	can	

be	used	to	create	a	statistical	model	that	can	aid	in	estimating,	extrapolating,	and	predicting	

the	value	of	ܽ௔.		
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Statistical	Channel	Model	27	

The	 variable	 ܽ௔	 is	 a	 random	 process	 that	 varies	 with	 respect	 to	 the	 time	 and	 delay.	

There	are	a	 few	common	assumptions	that	are	made	about	 the	statistical	model.	The	first	

being	that	the	statistical	model	is	Rayleigh	distributed.	This	means	that	for	every	time	and	

delay	value,	ܽ௔	is	a	zero‐mean	complex	Gaussian	random	variable	ሺRVሻ	and	its	envelope	is	

defined	 as	 the	 magnitude	 of	 ܽ௔.	 Rayleigh	 fading	 is	 a	 common	 phenomenon	 within	 in	

wireless	communication	ሾ27,	41‐47ሿ.		

The	reasoning	for	the	assumption	for	complex	Gaussian	RV	stems	from	Equation	4.11.	

The	 variable	 ݃௚	 is	 also	 a	 random	process.	 Variables	 ܾ	 and	ݓ	 are	 deterministic	 variables.	

Using	 Equations	 4.1	 and	 4.11,	 and	 given	 that	 ݃௚	 is	 a	 random	 process	 and	 ܾ	 and	 	ݓ are	

deterministic,	the	following	equation	can	be	shown	for	ܽ௔,	

	 ܽ௔ሺݐ௟, ߬௠ሻ ൌ ,௟ݐሺݓ ߬௠ሻ∑ ܾሺ߬௠ െ ߬௞ሻܿ௖ሺݐ௟, ߬௞ሻ
ஶ
௞ୀିஶ .		 4.12	

The	variable	ܿ௖ሺݐ௟, ߬௞ሻ	is	the	only	RV.	Assuming	that	ݓሺݐ௟, ߬௠ሻ	is	not	equal	to	zero	and	that	

there	are	a	very	large	number	of	delay	values	for	which	ܾሺ߬௠ െ ߬௞ሻ	is	not	equal	to	zero,	a	

variant	 of	 the	 central	 limit	 theorem	 can	 be	 invoked	 and	 used	 to	 prove	 that	 ܽ௔	 can	 be	

modeled	 with	 a	 complex	 Gaussian	 RV.	 In	 part,	 this	 also	 justifies	 the	 Rayleigh	 fading	

assumption	 and	 its	 use	 in	 this	 research	 and	 thesis.	 However,	 these	 techniques	 can	 be	

adapted	for	other	statistical	models	ሾ41,	42,	44,	47ሿ.		

The	next	assumptions	are	based	on	the	number	of	RV	needed	to	define	ܽ௔.	In	the	delay	

domain	 it	 is	 assumed	 that	 values	 of	 ܽ௔	 are	 negligible	 if	 ߬	 is	 greater	 than	 ߬୫ୟ୶,	 and	 those	

values	 of	 ܽ௔	 are	 assumed	 to	 be	 zero.	 Therefore,	 the	maximum	 number	 of	 nonzero	 delay	

components,	߬௠,	that	can	be	observed	by	the	receiving	radio	is	

	 ܯ ൌ ቔఛౣ౗౮ି୼ఛ

ఛೞ
ቕ ൅ 1.		 4.13	
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In	 the	 frequency	domain	the	number	of	RV	depends	on	the	maximum	number	of	nonzero	

frequency	components,	 ௡݂,	that	can	be	observed	by	the	receiving	radio,	and	that	value	will	

be	

	 ܰ ൌ ቔଶ௙ౣ ౗౮ି୼௙

௙ೞ
ቕ.		 4.14	

A	statistical	model	can	be	derived	by	using	these	assumptions.	These	derivations	will	be	

done	in	matrix	form.	The	variable	ܣ௔	used	in	the	discrete	channel	model	can	be	written	in	

the	 following	 matrix	 form.	 Note	 that	 these	 matrix	 forms	 can	 be	 in	 reference	 to	 column	

vectors	or	row	vectors.		

	

஺ೌۯ ൌ ሾ							܋܉,஺ೌ,ሺ଴ሻ					 ⋯ ሿ					஺ೌ,ሺ௅బିଵሻ,܋܉						

ൌ ቎
,௅భݐ௔൫ܣ ߱ି௄బ൯ ⋯ ,௅బା௅భିଵݐ௔൫ܣ ߱ି௄బ൯

⋮ ⋱ ⋮
,௅భݐ௔൫ܣ ߱௄బିଵ൯ ⋯ ,௅బା௅భିଵݐ௔൫ܣ ߱௄బିଵ൯

቏
,		 4.15	

	 ஺ೌۯ ൌ ൥
஺ೌ,ሺ଴ሻ,ܚ܉

⋮
஺ೌ,ሺଶ௄బିଵሻ,ܚ܉

൩ ൌ ቎
,௅భݐ௔൫ܣ ߱ି௄బ൯ ⋯ ,௅బା௅భିଵݐ௔൫ܣ ߱ି௄బ൯

⋮ ⋱ ⋮
,௅భݐ௔൫ܣ ߱௄బିଵ൯ ⋯ ,௅బା௅భିଵݐ௔൫ܣ ߱௄బିଵ൯

቏.		 4.16	

The	matrix	in	these	equations	represents	a	multivariate	complex	Gaussian	RV	with	zero	

mean.	Therefore,	 it	can	be	defined	by	 its	covariance	matrix.	To	find	the	covariance	matrix	

for	the	matrix	ۯ஺ೌ	two‐dimensional	correlation	analysis	 is	typically	used.	This	matrix	also	

can	be	obtained	by	concatenating	several	small	covariance	and	cross‐covariance	matrices.	

Let	the	covariance	and	cross‐covariance	matrix	for	the	column	vectors	܋܉,஺ೌ,ሺ௜ሻ		and	܋܉,஺ೌ,ሺ௝ሻ	

be	defined	as	

	 ಲೌ,ሺ௜,௝ሻۯ,܋܀ ൌ ஺ೌ,ሺ௝ሻ,܋܉஺ೌ,ሺ௜ሻ,܋܉൛ܧ
ୌ ൟ,		 4.17	

and	for	the	row	vectors		ܚ܉,஺ೌ,ሺ௜ሻ	and		ܚ܉,஺ೌ,ሺ௝ሻ		be	defined	as	

	 ಲೌ,ሺ௜,௝ሻۯ,ܚ܀ ൌ ஺ೌ,ሺ௝ሻ,ܚ܉൛ܧ
ୌ 	.஺ೌ,ሺ௜ሻൟ,ܚ܉ 4.18	

The	covariance	matrix,	using	the	column	vector	arrangement,	of		ۯ஺ೌ	can	be	shown	as	
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	 ಲೌۯ,܋܀ ൌ ቎

ಲೌ,ሺ଴,଴ሻۯ,܋܀ ⋯ ಲೌ,ሺ௅బିଵ,଴ሻۯ,܋܀
⋮ ⋱ ⋮

ಲೌ,ሺ଴,௅బିଵሻۯ,܋܀ ⋯ ಲೌ,ሺ௅బିଵ,௅బିଵሻۯ,܋܀
቏,	 4.19	

and	for	the	row	vector	arrangement	

	 ಲೌۯ,ܚ܀ ൌ ቎

ಲೌ,ሺ଴,଴ሻۯ,ܚ܀ ⋯ ಲೌ,ሺଶ௄బିଵ,଴ሻۯ,ܚ܀
⋮ ⋱ ⋮

ಲೌ,ሺ଴,ଶ௄బିଵሻۯ,ܚ܀ ⋯ ಲೌ,ሺ௅బିଵ,ଶ௄బିଵሻۯ,ܚ܀

቏.	 4.20	

These	 matrices	 can	 be	 used	 in	 generating	 the	 statistical	 model	 for	 the	 multivariate	

complex	 Gaussian	 RV	 	.஺ೌۯ One	 of	 the	 ways	 this	 can	 be	 done	 is	 by	 taking	 the	 Cholesky	

decomposition	 of	 either	 of	 the	 covariance	 matrices,	 and	 then	 multiplying	 the	 matrix	

obtained	from	the	decomposition	with	a	vector	of	i.i.d.	standard	complex	Gaussian	RVs,	

	 ൥
஺ೌ,ሺ଴ሻ,܋܉

⋮
஺ೌ,ሺ௅బିଵሻ,܋܉

൩ ൌ ಲೌۯ,܋۱
ୌ ൥

଴ࣨ
⋮

ଶࣨ௄బ௅బିଵ

൩,		 4.21	

	 ሾܚ܉,஺ೌ,ሺ଴ሻ ⋯ ஺ೌ,ሺ௅బିଵሻሿ,ܚ܉ ൌ ሾ ଴ࣨ ⋯ ଶࣨ௄బ௅బିଵሿ۱ۯ,ܚಲೌ .		 4.22	

In	Equations	4.21	and	4.22,	the	variable	ࣨ	is	a	standard	complex	Gaussian	random	variable,	

and	۱	is	an	upper	triangular	matrix	obtained	from	the	Cholesky	decomposition.	

Equations	 4.21	 and	 4.22	 represent	 the	 common	 statistical	 model	 used	 in	 two	

dimensional	 analysis	 ሾ41,	 44ሿ.	 In	 this	 thesis	 a	 more	 manageable	 form	 is	 used.	 The	

documentation	 of	 this	more	manageable	model	 has	 not	 been	 found	 in	 any	 of	 the	 current	

literature,	 but	 the	 intuition	 behind	 it	 is	 commonly	 used.	 Due	 to	 the	 mathematical	

complexity,	the	relationship	between	the	two	models	will	not	be	discussed.	

Equations	4.15	and	4.16	define	the	column	and	row	vectors	that	are	used	to	define	the	

wireless	channel.	The	column	vectors	represent	the	TF	at	the	time	value	associated	with	the	

respective	 column.	 The	 row	 vectors	 represent	 the	 Rayleigh	 fading	 with	 respect	 to	 the	
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angular‐frequency	 associated	 with	 the	 row.	 Using	 equation	 4.17	 and	 4.18,	 a	 simpler	

statistical	model	for	the	time	dependent	TF	can	be	created.		

Equations	 4.17	 and	 4.18	 give	 the	 covariance	 and	 cross‐covariance	 matrices	 for	 the	

column	 and	 row	 vectors.	 For	 this	 statistical	model	 the	 cross‐covariance	matrices	 are	 not	

needed.	Disregarding	the	cross‐covariance,	the	matrices	become	

	 ಲೌ,ሺ௜ሻۯ,܋܀ ൌ ஺ೌ,ሺ௜ሻ,܋ۯ஺ೌ,ሺ௜ሻ,܋ۯ൛ܧ
ୌ ൟ,		 4.23	

	 ಲೌ,ሺ௝ሻۯ,ܚ܀ ൌ ஺ೌ,ሺ௝ሻ,ܚۯ൛ܧ
ୌ 		.஺ೌ,ሺ௝ሻൟ,ܚۯ 4.24	

For	further	simplification	only,	wide	sense	stationarity	ሺWSSሻ	is	assumed	in	all	domains.	By	

assuming	WSS	and	making	the	assumption	that	ܿ௖	can	be	divided	into	two	independent	one	

variable	functions,	the	following	simplification	can	be	made	

	 ಲೌۯ,ఠ܀ ൌ ܧ ቄ భ
ಽబ
஺ೌۯ஺ೌۯ

ୌ ቅ ൌ 		,ಲೌ,ሺ௜ሻۯ,܋܀ 4.25	

	 ಲೌۯ,௧܀ ൌ ܧ ቄ భ
మ಼బ
஺ೌۯ
ୌ ஺ೌቅۯ ൌ 		.ಲೌ,ሺ௝ሻۯ,ܚ܀ 4.26	

Given	these	assumptions	the	following	statistical	model	can	be	derived	

	 ஺ೌۯ ൌ ۱ఠ,ۯಲೌ
ୌ ቎

଴ࣨ,଴ ⋯ ௅ࣨబିଵ,଴

⋮ ⋱ ⋮
଴ࣨ,ଶ௄బିଵ ⋯ ௅ࣨబିଵ,ଶ௄బିଵ

቏
ᇣᇧᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇧᇥ

ۼ

۱௧,ۯಲೌ 	.		 4.27	

Once	again,	the	matrixes	represented	by	the	variable	۱	are	Cholesky	decompositions	of	

the	 respective	 covariance	 matrices	 	.܀ The	 model	 in	 Equation	 4.27	 is	 given	 in	 the	 time‐

angular‐frequency	 domain,	 signified	 by	 the	 variable	 	.௔ܣ The	 rows	 represent	 the	

angular‐frequencies	 and	 the	 columns	 represent	 the	 times.	 There	 are	 a	 couple	 of	 reasons	

that	the	time‐angular‐frequency	domain	was	used	to	present	the	statistical	model	thus	far.	

One	being	that	this	is	the	domain	the	channel	will	be	measured	in,	but	more	importantly	to	
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help	visualize	 the	use	of	 the	extra	samples	mentioned	 in	 the	previous	section	denoted	by	

the	variables	ܮଵ	and	ܭଵ.	

These	extra	samples	are	added	to	minimize	the	value	of	ܯ	and	ܰ.	The	science	behind	

this	 minimization,	 within	 context	 to	 this	 research,	 has	 not	 been	 scientifically	 studied	 to	

determine	the	optimal	values	that	should	be	used	to	extend	the	wireless	channel.	However,	

its	affects	have	been	observed.	The	extended	transfer	function	takes	the	following	form,	

	۰஺ೌ ൌ

ۏ
ێ
ێ
ێ
ۍ ,଴ݐ௔൫ܣ ߱ି௄బି௄భ൯ 	 ⋯ 	 ,௅బାଶ௅భିଵݐ௔൫ܣ ߱ି௄బି௄భ൯

	 	 	 	 	
⋮ 	 ⋱ 	 ⋮
	 	 	 	 	

,଴ݐ௔൫ܣ ߱௄బା௄భିଵ൯ 	 ⋯ 	 ,௅బାଶ௅భିଵݐ௔൫ܣ ߱௄బା௄భିଵ൯ے
ۑ
ۑ
ۑ
ې

ൌ

ۏ
ێ
ێ
ێ
ۍ
⋱ 	 ⋮ 	 ⋰
	 	 	 	 	
⋯ 	 ஺ೌۯ 	 ⋯
	 	 	 	 	
⋰ 	 ⋮ 	 ⋱ ے

ۑ
ۑ
ۑ
ې

.		 4.28	

An	 extended	 version	 of	 each	 of	 the	 four	 matrix	 domains	 ሺi.e.	 time‐delay	 domain,	

frequency‐delay	domain,	 etc.ሻ	 can	be	derived	 from	one	another	by	multiplying	one	of	 the	

column	 domains,	 the	 delay	 or	 angular‐frequency	 domain,	 by	 a	 modified	 and	 shifted	 fast	

Fourier	transform	ሺFFTሻ	and/or	multiplying	one	of	the	row	domains,	the	time	or	frequency	

domain,	by	a	modified	and	shifted	inverse	FFT	ሺIFFTሻ	matrix:	

	 ۰௔ೌ ൌ
ଵ

௄
۴ி
ୌ۰஺ೌ ൌ ۰௔ಲ۴ூ ൌ

ଵ

௄
۴ி
ୌ۰஺ಲ۴ூ,	 4.29	

	 ۰௔ಲ ൌ
ଵ

௄
۴ி
ୌ۰஺ಲ ൌ ۰௔ೌ۴ூܮ

ୌ ൌ
௅

௄
۴ி
ୌ۰஺ೌ۴ூ

ୌ,		 4.30	

	 ۰஺ೌ ൌ ۴ி۰௔ೌ ൌ ۰஺ಲ۴ூ ൌ ۴ி۰௔ಲ۴ூ,		 4.31	

	 ۰஺ಲ ൌ ۴ி۰௔ಲ ൌ ۰஺ೌ۴ூܮ
ୌ ൌ ۴ி۰௔ೌ۴ூܮ

ୌ.		 4.32	

The	matrix	 ۴ி	 is	 a	 row	 shifted	 ܭ ൈ 	ܯ FFT	 matrix,	 and	 ۴ூ	 is	 the	 row	 shifted	 ܰ ൈ 	ܮ IFFT	

matrix:		
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	 	۴ி ൌ

ۏ
ێ
ێ
ێ
ێ
ێ
ێ
1ۍ ௄ߙ

ିቀ
಼
మ
ିଵቁ

௄ߙ
ିଶቀ

಼
మ
ିଵቁ

⋯ ௄ߙ
ିሺெିଵሻቀ

಼
మ
ିଵቁ

⋮ ⋮ ⋮ ⋱ ⋮
1 ௄ߙ

ିଵ ௄ߙ
ିଶ ⋯ ௄ߙ

ିሺெିଵሻ

1 1 1 ⋯ 1
⋮ ⋮ ⋮ ⋱ ⋮

1 ௄ߙ
ቀ
಼
మ
ିଵቁ

௄ߙ
ଶቀ

಼
మ
ିଵቁ

⋯ ௄ߙ
ሺெିଵሻቀ

಼
మ
ିଵቁ

ے
ۑ
ۑ
ۑ
ۑ
ۑ
ۑ
ې

	,	 4.33	

	 ۴ூ ൌ
ଵ

௅

ۏ
ێ
ێ
ێ
ێ
ێ
ێ
1ۍ ௅ߙ

ቀ
ಿ
మ
ିଵቁ

௅ߙ
ଶቀ

ಿ
మ
ିଵቁ

⋯ ௅ߙ
ሺ௅ିଵሻቀ

ಿ
మ
ିଵቁ

⋮ ⋮ ⋮ ⋱ ⋮
1 ௅ߙ

ଵ ௅ߙ
ଶ ⋯ ௅ߙ

ሺ௅ିଵሻ

1 1 1 ⋯ 1
⋮ ⋮ ⋮ ⋱ ⋮

1 ௅ߙ
ିቀ

ಿ
మ
ିଵቁ

௅ߙ
ିଶቀ

ಿ
మ
ିଵቁ

⋯ ௅ߙ
ିሺ௅ିଵሻቀ

ಿ
మ
ିଵቁ

ے
ۑ
ۑ
ۑ
ۑ
ۑ
ۑ
ې

,	 4.34	

	 ௄ߙ ൌ ݁ି௝
మഏ
಼ ,	 4.35	

	 ௅ߙ ൌ ݁ି௝
మഏ
ಽ .	 4.36	

The	covariance	matrices	 for	 the	vector	domains	ሺi.e.	 the	column	and	row	domainsሻ	of	

the	extended	transfer	function	will	have	a	similar	form	to	Equation	4.28,	

	 ఠ܀ ൌ ఠ,۰ಲೌ܀ ൌ ఠ,۰ಲಲ܀ ൌ ൛భܧ
ಽ
۰஺ೌ۰஺ೌ

ୌ ൟ ൌ ൛భܧ
ಿ
۰஺ಲ۰஺ಲ

ୌ ൟ ൌ

ۏ
ێ
ێ
ێ
ۍ
⋱ 	 ⋮ 	 ⋰
	 	 	 	 	
⋯ 	 ಲೌۯ,ఠ܀

	 ⋯
	 	 	 	 	
⋰ 	 ⋮ 	 ⋱ ے

ۑ
ۑ
ۑ
ې

,	 4.37	

	 ௧܀ ൌ ௧,۰ಲೌ܀ ൌ ௧,۰ೌೌ܀ ൌ ൛భܧ
಼
۰஺ೌ
ୌ ۰஺ೌൟ ൌ ൛భܧ

ಾ
۰௔ೌ
ୌ ۰௔ೌൟ ൌ

ۏ
ێ
ێ
ێ
ۍ
⋱ 	 ⋮ 	 ⋰
	 	 	 	 	
⋯ 	 ಲೌۯ,௧܀

	 ⋯
	 	 	 	 	
⋰ 	 ⋮ 	 ⋱ ے

ۑ
ۑ
ۑ
ې

.		 4.38	

Note	 that	 the	 statistical	 relationships	 between	 the	 non‐extended	 values	 are	 the	 same.	 By	

doing	 this,	 the	 maximum	 excess	 delay	 and	 number	 of	 frequency	 values	 are	 reduced,	

changing	 the	 statistics	 of	 the	 non‐extended	 values	 that	 will	 be	 observed.	 This	 happens	

because	 the	 extending	 in	 time	 is	 similar	 to	windowing,	 and	 the	 extending	 in	 the	 angular	

frequency	 domain	 is	 like	 filtering.	 These	 extended	 values	 will	 never	 be	 observed	 in	 the	
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physical	 measurements.	 These	 values	 are	 only	 used	 to	 improve	 the	 estimation,	

extrapolation,	and	prediction.	

The	 covariance	 matrix	 for	 the	 other	 two	 vector	 domains,	 the	 delay	 and	 frequency	

domains,	can	be	define	as		

	 ఛ܀ ൌ ఛ,۰ೌೌ܀ ൌ ఛ,۰ೌಲ܀ ൌ ൛భܧ
ಽ
۰௔ೌ۰௔ೌ

ୌ ൟ ൌ ൛భܧ
ಿ
۰௔ಲ۰௔ಲ

ୌ ൟ,		 4.39	

	 ௙܀ ൌ ௙,۰ಲಲ܀ ൌ ௙,۰ೌಲ܀ ൌ ൛భܧ
಼
۰஺ಲ
ୌ ۰஺ಲൟ ൌ ൛భܧ

ಾ
۰௔ಲ
ୌ ۰௔ಲൟ.		 4.40	

The	vector	domains	also	have	the	following	relationship	to	one	another	respectively:	

	 ఛ܀ ൌ
ଵ

௄మ
۴ி
ୌ܀ఠ۴ி,		 4.41	

	 ఠ܀ ൌ ۴ி܀ఛ۴ி
ୌ.		 4.42	

	 ௧܀ ൌ ଶ۴ூܮ
ୌ܀௙۴ூ,		 4.43	

	 ௙܀ ൌ ۴ூ܀௧۴ூ
ୌ.		 4.44	

By	 using	 the	 extended	 sample	 version	 of	 the	 wireless	 channel	 the	 number	 of	 values	

needed	 to	 define	 the	 channel	 in	 the	 delay‐frequency	 domain	 can	 be	 reduced	 and	 the	

following	new	statistical	model	includes	this	reduction.	

	 ۶௛ಹ ൌ ۰௔ಲ ൌ ۱ఛୌ ቎
଴ࣨ,଴ ⋯ ேࣨିଵ,଴
⋮ ⋱ ⋮

଴ࣨ,ெିଵ ⋯ ேࣨିଵ,ெିଵ

቏
ᇣᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇥ

ሺಾൈಿሻۼ

۱௙	.		 4.45	

The	random	variables,	 ௡ࣨ,௠,	are	i.i.d.	standard	complex	Gaussian.	The	variables	۱ఛ,	and	۱௙	

are	the	upper	triangular	matrices	for	the	respective	domains	that	can	be	obtained	by	taking	

the	Cholesky	decomposition	of	the	corresponding	covariance	matrices,	܀ఛ	and	܀௙.		

Using	Equation	4.45,	a	statistical	model	for	the	wireless	channel	with	respect	to	any	of	

the	 other	 matrix	 domains	 can	 be	 derived.	 Most	 importantly,	 the	 time‐angular‐frequency	
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domain	 model,	 shown	 in	 Equation	 4.46,	 using	 the	 Cholesky	 decompositions	 for	 the	

covariance	matrices	of	the	time	and	angular‐frequency	vector	domains,	can	be	simplified.	

	 ۶ு೓ ൌ ۰஺ೌ ൌ ۱ఠۼሺ௄ൈ௅ሻ۱௧,	 4.46	

Equations	 4.31	 and	 4.45	 can	 be	 used	 to	 simplify	 the	 model.	 Only	 requiring	 ܰ	 times	 	ܯ

unknown	values	or	RVs	to	defined	the	channel	instead	of	ܮ	times	ܭ.	Therefore	the	statistical	

channel	model	for	the	wireless	channel	of	Figure	4.2	can	be	shown	as		

	

۶ு೓ ൌ ۰஺ೌ
ൌ ۴ி۰௔ಲ۴ூ
ൌ ۴ி۶௛ಹ۴ூ
ൌ ۴ி۱ఛۼሺெൈேሻ۱௙۴ூ

.		 4.47	

 

Figure	4.2:	Two	dimensional	block	diagram	of	the	wireless	channel.		

Figure	4.2	gives	a	depiction	of	the	wireless	channel	with	respect	to	some	of	the	variables	

defined	 in	 this	 section	 thus	 far.	 In	 this	 figure	 the	 lighter	 colored	 blocks	 represent	 the	
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extended	blocks,	and	the	darker	blocks	are	the	non‐extended	blocks.	This	time	each	block	in	

the	figure	represents	multiple	total	coherence	blocks.	

Figure	4.3	shows	the	wireless	channel	in	Figure	4.2	from	a	different	camera	angle.	The	

purpose	of	this	view	is	to	show	how	the	extended	parts	of	the	channel	decay	towards	zero.	

It	also	provides	depiction	of	the	magnitude	of	the	TF	changing	with	respect	to	the	time.	

 

Figure	4.3:	Rotated	camera	view	of	the	two	dimensional	block	diagram	of	the	wireless	channel.	

Channel	Coherence	35	

Each	of	the	domains	shown	in	Figure	4.2	will	be	normalized	to	their	coherence	time	or	

bandwidth	 in	 the	 plots	 in	 subsequent	 sections.	 Since	 the	 channel	 is	 time	 varying,	 each	

instance	of	the	channel	is	valid	for	a	given	time	window	known	as	the	coherence	time,	ݐ௖.	
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Another	property	of	 the	wireless	 channel	 is	 the	 coherence	bandwidth.	The	 coherence	

bandwidth	 is	 inversely	 proportional	 to	 ߬୫ୟ୶.	 There	 are	 common	 heuristics	 used	 to	

approximate	 these	 values,	 but	 in	 this	 paper	 the	 actual	 average	 coherence	 values	 for	 the	

model	 will	 be	 determined	 by	 using	 the	 actual	 correlation	 values.	 In	 this	 thesis,	 for	 the	

angular‐frequency	the	average	90%	coherence	bandwidth	is	defined	as,	

	 ഘ܀ߩ ൌ lim
ఊ→଴		௄→ஶ

						
గ

௄
argminต

௞ஹ଴

൬ቂ୘୰
ሺ܁ೖ܀ഘሻ

୘୰ሺ܀ഘሻ
െ 0.9ቃ

ଶ
൅ 		.൰	݇ߛ 4.48	

Here,	 	௞܁ is	 an	 identity	matrix	 that	 is	 circularly	 shifted	 and	 ݇	 denotes	 the	 number	 of	

times	the	rows	are	shifted	upwards.	Also,	in	determining	the	coherence	time	it	is	assumed	

that	ܭ	is	very	large.	The	term	݇ߛ	is	used	to	select	the	first	local	minimum,	and	the	value	of	

		,inequality	following	the	obeys	݇ߛ

	 ݇ߛ ൏ min ቀ
ሾ୘୰ሺ܁ೖ܀ഘሻି୘୰ሺ܀ഘሻሿమିሾ୘୰ሺ܁ೖషభ܀ഘሻି୘୰ሺ܀ഘሻሿమ

ሾ୘୰ሺ܀ഘሻሿమ
ቁ	.		 4.49		

The	actual	average	90%	coherence	bandwidth	is	typically	obtained	by	taking	the	sliding	

auto‐correlation	of	multiple	instances	of	the	wireless	channel	and	then	averaging	them.	The	

point	at	which	the	correlation	drops	to	90%	becomes	the	average	90%	coherence	BW	ሾ27,	

41,	42,	44,	45ሿ.	This	same	value	can	be	obtained	by	using	Equation	4.48.		

The	 average	 90%	 coherence	 time	 obtained	 from	 the	 time	 domain	 data	 has	 a	 similar	

form.	It	is	also	assumed	that	ܮ ≫ 1,	and	the	term	݈ߛ	is	similar	to	the	term	݇ߛ	and	obeys	the	

same	inequality	but	with	respect	݈	instead	of	݇.		

	 ೟܀ߩ ൌ lim
ఊ→଴		௅→ஶ

						
ଵ

௅௙ೞ
argminต

௟ஹ଴

൬ቂ୘୰
ሺ܁೗܀೟ሻ

୘୰ሺ܀೟ሻ
െ 0.9ቃ

ଶ
൅ 		.൰݈ߛ 4.50	
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This	 concludes	 the	 concept	 review	 section	 pertaining	 to	 the	 wireless	 channel.	 The	

equations	 and	 concept	 presented	 in	 this	 Chapter	will	 be	 important	 to	 understanding	 the	

theory	that	will	be	given	later	in	this	thesis.	

4.4	Summary	37	
4.4	Summary	

In	 summary,	 this	 chapter	provided	an	overview	of	 the	wireless	 channel.	 In	 this	 thesis	

the	wireless	channel	should	be	viewed	as	set	of	total	coherence	blocks	that	can	be	divided	in	

to	 six	 groups	 ሺi.e.	 either	 IB	or	OOB	at	 a	 time	 reference	of	past,	 present,	 or	 futureሻ.	These	

total	 coherence	 blocks	 can	 also	 be	 organized	 into	 a	matrix	 representation	 of	 the	 channel	

that	is	best	viewed	in	the	time‐angular‐frequency	matrix	domain.	

The	 time‐angular‐frequency	domain	 is	 the	 chosen	matrix	domain	 to	view,	observe,	 or	

measure	 the	 wireless	 channel.	 However,	 in	 modeling	 the	 wireless	 channel,	 the	

frequency‐delay	matrix	domain	is	deemed	better	because	it	requires	fewer	unknown	values	

or	RVs.	It	is	important	that	the	equations	that	are	associated	with	these	matrix	domains	are	

understood.	These	equations	will	be	cross‐referenced	in	subsequent	chapters.	

The	understanding	of	the	Rayleigh	fading	statistical	model	is	also	helpful.		Equation	4.47	

is	very	important	to	the	research	theory	that	will	be	presented.	However,	the	research	can	

be	adapted	to	work	with	other	statistical	models,	and	even	other	models	that	are	not	based	

on	a	zero	mean	multivariate	complex	Gaussian	RV.	These	types	of	models	give	simple	and	

workable	examples	for	this	research	and	thesis,	and	they	are	a	very	accurate	representation	

of	the	wireless	channel.		

	 	



	

	 38	

CHAPTER	FIVE	38	[1‐47]	
	

WIRELESS COMMUNICATION 
SYSTEMS 

	

5.1	System	Model	38	
5.1	System	Model	

In	Chapter	Four	the	wireless	channel	was	discussed.		The	wireless	channel	is	just	one	of	

the	 elements	 of	 the	 wireless	 communication	 system.	 Within	 a	 network	 setting,	 wireless	

communication	 systems	 are	 often	 referred	 to	 as	 a	 point‐to‐point	 link,	 and	 there	 are	 four	

fundamental	elements	of	a	wireless	communication	system:	transmitter,	receiver,	channel,	

and	 noise/interference	 blocks.	 Each	 of	 these	 four	 elements	 can	 also	 be	 viewed	 as	

subsystems,	but	for	now	they	will	be	view	as	elements	only	ሾ48,	49ሿ.	

A	 wireless	 communication	 system	 models	 the	 wireless	 connection	 between	 a	

transmitting	and	receiving	node,	shown	in	Figure	5.1.		Wireless	communication	systems	are	

often	modeled	 as	 linear	 systems,	 and	 can	be	 represented	by	 the	 following	discrete	 linear	

models,		

	 ,௟ݐ௬ሺݕ ߬ሻ ൌ ݄௛ሺݐ௟, ߬ሻ ⊛ ,௟ݐ௫ሺݔ ߬ሻ ൅ ,௟ݐ௪ሺݓ ߬ሻ,		 5.1	
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	 ௬ܻሺݐ௟, ߱ሻ ൌ ,௟ݐ௛ሺܪ ߱ሻܺ௫ሺݐ௟, ߱ሻ ൅ ௪ܹሺݐ௟, ߱ሻ.		 5.2	

Where	 ௬ܻሺݐ௟, ߱ሻ	is	the	discreet	Fourier	transform	ሺDFTሻ	of	ݕ௬ሺݐ௟, ߬ሻ.		In	this	thesis,	all	of	

the	mathematical	models	will	make	use	of	the	linear	model	given	in	Equation	5.2.		

 

Figure	5.1:	Wireless	communication	system	linear	model.	

Linear	System	Model	39	

In	 this	 thesis	 the	 linear	model	will	be	presented	 in	a	couple	different	matrix	 forms.	 In	

one	 of	 the	 forms,	 the	 transmit	 signal,	 receive	 signal,	 and	 noise/interference	 will	 be	

represented	 by	 a	 time‐angular‐frequency	 domain	 matrix.	 Equation	 5.3	 shows	 the	

transmitted	signal.	All	the	other	respective	matrices	will	have	a	similar	form,	

௑ೣ,௧೗,ఛಸ܆ ൌ	

ۏ
ێ
ێ
ێ
ۍ ܺ௫ ቀݐ௟, ߱െ಼మ

ቁ
	
	หൣഓಸ,ഓ಼శಸ൯

ܺ௫ ቀݐ௟, ߱െ಼
మ
ቁ
	
	หሾఛ಼శమಸ,ఛమ಼శమಸሻ

⋯ ܺ௫ ቀݐ௟, ߱ି಼మ
ቁ
	
	หൣఛሺ಼శಸሻಿష಼,ఛሺ಼శಸሻಿ൯

⋮ ⋮ ⋱ ⋮

ܺ௫ ቀݐ௟, ಼߱
మିଵ

ቁ
	
	หሾఛಸ,ఛ಼శಸሻ

ܺ௫ ൬ݐ௟, ಼߱
మ
ିଵ
൰
	
	หሾఛ಼శమಸ,ఛమ಼శమಸሻ

⋯ ܺ௫ ൬ݐ௟, ಼߱
మ
ିଵ
൰
	
	หൣఛሺ಼శಸሻಿష಼,ఛሺ಼శಸሻಿ൯ے

ۑ
ۑ
ۑ
ې
.		5.3	

Here,	 the	 variable	 ߬ீ	 is	 the	 delay	 between	 the	 respective	 intervals	 of	 each	 column,	 and	

ܺ௫ሺݐ௟, ߱ି௄ሻ
	
	หሾఛబ,ఛ಼ሻ

	 is	 the	 DFT	 of	 ,௟ݐ௫ሺݔ ߬ሻ	 evaluated	 on	 the	 interval	 ሾ߬଴, ߬௄ሻ.	 Therefore,	 the	

time‐delay	matrix	domain	representation	can	be	obtained	by	taking	the	inverse	DFT	ሺIDFTሻ	

of	matrix	܆௑ೣ,௧೗	.	The	result	is	

	 ௫ೣ,௧೗,ఛಸ܆ ൌ ቎
,௟ݐ௫ሺݔ ߬ீሻ ,௟ݐ௫ሺݔ ߬௄ାଶீሻ ⋯ ,௟ݐ௫൫ݔ ߬ሺ௄ାீሻேି௄൯

⋮ ⋮ ⋱ ⋮
,௟ݐ௫ሺݔ ߬௄ାீିଵሻ ,௟ݐ௫ሺݔ ߬ଶ௄ାଶீିଵሻ ⋯ ,௟ݐ௫൫ݔ ߬ሺ௄ାீሻேିଵ൯

቏.		 5.4	

Transmitter	
ሺ	TX	ሻ	

Receiver
ሺ	RX	ሻ

Wireless	Channel
݄௛ሺݐ௟, ߬ሻ

,௟ݐ௫ሺݔ ߬ሻ	

,௟ݐ௪ሺݓ ߬ሻ

,௟ݐ௬ሺݕ ߬ሻ

Noise/	
Interference
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For	this	model,	the	wireless	channel	that	is	linked	to	the	transmit	signal	is	represented	

by	the	diagonal	matrix		

	 ۶ு೓,௧೗ ൌ diag൫܋܊,஺ೌ,ሺ௟ሻ	൯ ൌ

ۏ
ێ
ێ
௛ܪۍ ቀݐ௟, ߱ି಼మ

ቁ ૙

⋱
૙ ௛ܪ ቀݐ௟, ಼߱

మିଵ
ቁے
ۑ
ۑ
ې
.		 5.5	

The	column	vector	܋܊,஺ೌ,ሺ௟ሻ	 is	 the	 ݈
୲୦	 column	of	matrix	۶ு೓	and	 the	 function	diagሺ∙ሻ	 is	 the	

diagonal	 function,	 it	 converts	 a	 vector	 into	 a	 diagonal	 matrix	 or	 a	 diagonal	 matrix	 to	 a	

column	 vector.	 Remember,	 it	 is	 assumed	 that	 ݄௛ሺݐ௟, ߬ሻ	 can	 be	 completely	 defined	 by	 the	

frequency	 components	 in	 Equation	 5.5.	 Therefore,	 one	 of	 the	 matrix	 forms	 of	 the	 linear	

model	for	the	wireless	communication	system	in	this	thesis	is	

	 ௒೤,௧೗,ఛಸ܇ ൌ ۶ு೓,௧೗܆௑ೣ,௧೗,ఛಸ ൅܅ௐೢ ,௧೗,ఛಸ.		 5.6	

The	 second	 linear	model	 is	 slightly	 different	 with	 respect	 to	 the	matrices	 and	 linear	

equation.	The	new	channel	matrix	will	be	

	 ۶ு೓ ൌ

ۏ
ێ
ێ
ۍ ௛ܪ ቀݐ଴, ߱ି಼మ

ቁ ⋯ ௛ܪ ቀݐ௅ିଵ, ߱ି಼మ
ቁ

⋮ ⋱ ⋮
௛ܪ ቀݐ଴, ಼߱

మିଵ
ቁ ⋯ ௛ܪ ቀݐ௅ିଵ, ಼߱

మିଵ
ቁے
ۑ
ۑ
ې
.		 5.7	

The	receive	signal	and	noise/interference	will	be	similar	but	with	respect	to	a	time	interval,	

	 ௑ೣ,ఛ೘܆ ൌ ቎
ܺ௫ሺݐ଴, ߱ି௄ሻ|ሾఛ೘,ఛ಼శ೘ሻ ⋯ ܺ௫ሺݐ௅ିଵ, ߱ି௄ሻ|ሾఛ೘,ఛ಼శ೘ሻ

⋮ ⋱ ⋮
ܺ௫ሺݐ଴, ߱௄ିଵሻ|ሾఛ೘,ఛ಼శ೘ሻ ⋯ ܺ௫ሺݐ௅ିଵ, ߱௄ିଵሻ|ሾఛ೘,ఛ಼శ೘ሻ

቏.		 5.8	

However,	the	transmit	signal	can	be	simplify	to	a	diagonal	matrix	when	

		 ܺ௫ሺݐ଴, ߱ሻ|ሾఛ೘,ఛ಼శ೘ሻ ൌ ܺ௫൫ݐ௟, ߱ି௄బ൯หሾఛ೘,ఛ಼శ೘ሻ
.		 5.9	

The	received	signal	and	the	noise/interference	cannot	be	simplified.	The	diagonal	matrix	for	

the	transmitted	signal	is	
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	 ௑ೣ܆ ൌ

ۏ
ێ
ێ
ێ
௫ܺۍ ቀݐ଴, ߱ି಼మ	

ቁቚ
ሾఛృ,ఛ಼శಸሻ

૙

⋱
૙ ܺ௫ ቀݐ଴, ಼߱

మ
ቁቚ
ሾఛృ,ఛ಼శಸሻے

ۑ
ۑ
ۑ
ې

.		 5.10	

Therefore,	the	linear	equation	for	the	second	model	is	

	 ௒೤܇ ൌ ௑ೣ۶ு೓܆ ൅܅ௐೢ ,		 5.11	

where,	܇௒೤ ൌ ௐೢ܅	and	௒೤,ఛృ܇ ൌ ௐೢ܅ ,ఛృ.	

Noise/Interference	Model	41	

Noise	 in	 this	 thesis	 can	be	additive	white	Gaussian	noise	 ሺAWGNሻ	or	additive	 colored	

noise.	The	interference	is	also	assumed	to	be	additive.	Therefore	the	noise	and	interference	

is	represented	by	one	variable.	 In	this	thesis	there	is	no	mathematical	distinction	made	to	

distinguish	the	noise	from	interference,	but	the	source	of	the	interference	is	different	from	

that	of	the	noise.	The	interference	is	mainly	caused	by	primary	users	and	maybe	secondary	

user.	

It	 is	 also	 assumed	 that	 the	 noise	 and	 interference	 can	 be	 made	 to	 be	 a	 zero‐mean	

complex	multivariate	Gaussian	RV	by	designing	the	transmitter	and	receiver	in	a	particular	

way.	This	will	be	shown	later	in	this	chapter.	Therefore,	the	only	statistic	that	is	needed	is	

the	covariance	matrix	of	the	noise/interference	term,	and	it	is	assumed	to	be	known.	

The	statistical	model	of	 the	noise/interference	 term	 is	 similar	 to	 the	wireless	channel	

model	 given	 in	 Equation	 4.46.	 So,	 the	 covariance	 matrices	 of	 the	 noise	 term	 can	 be	

determined	using	the	same	method	in	Equations	4.37	and	4.38,	

	 ܅ఠ܀ ൌ ೈೢ܅,ఠ܀
ൌ ൛భܧ

ಽ
ௐೈ܅

ௐೢ܅
ୌ ൟ,		 5.12	
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	 ܅௧܀ ൌ ೈೢ܅,௧܀
൛భܧ

಼
ௐೢ܅

ୌ ௐೢ܅ ൟ.		 5.13	

These	 matrices	 also	 have	 a	 similar	 relationship	 to	 their	 respective	 vector	 domain	

transforms	 as	 presented	 in	 Equations	 4.41	 –	 4.44	 except	 that	 the	 FFT	 and	 IFFT	 are	 not	

modified	and	they	are	shifted.			

Referring	back	to	Equation	4.46,	the	statistical	model	for	the	noise	can	be	defined	using	

the	Cholesky	decomposition	of	the	covariance	matrices,		

	 ௐೈ܅
ൌ ۱ఠ܅ ቎

଴ࣨ,଴ ⋯ ௅ࣨିଵ,଴
⋮ ⋱ ⋮

଴ࣨ,௄ିଵ ⋯ ௅ࣨିଵ,௄ିଵ

቏
ᇣᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇥ

ሺ಼ൈಽሻۼ

۱௧܅	.		 5.14	

For	AWGN,	the	statistical	model	becomes	

	 ௐೈ܅
ൌ ට܅ߪܭ

ଶ 		.	ሺ௄ൈ௅ሻۼ	 5.15	

The	variable	܅ߪ
ଶ 	 is	 the	noise	variance	and	average	power.	 It	 is	 also	worth	noting	 that	 the	

matrix	domain	relationships	of	the	noise/interference	term	matrices	are	similar	to	that	 in	

Equations	4.29	–	4.32.		

Signal‐to‐Noise‐Plus‐Interference	Ratio	42	

The	signal‐to‐noise‐plus‐interference	ratio	ሺSNIRሻ	can	now	be	defined	since	the	model	

of	the	noise/interference	term	has	been	given.	The	SNIR	is	simply	a	ratio	of	the	power	of	a	

transmitted	 signal	 that	 has	 been	 convolved	 with	 the	 wireless	 channel	 and	 the	

noise/interference	 term.	 In	 this	 thesis	 the	 average	 SNIR	 for	 a	 particular	 time	 and	

angular‐frequency	is	
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௧೗,ఠೖܴܫܰܵ

ൌ
௄మ ாቄ

భ
಼మ
|ு೓ሺ௧೗,ఠೖሻ|మቅ

ᇩᇭᇭᇭᇭᇭᇪᇭᇭᇭᇭᇭᇫ
		಴೓ೌ೙೙೐೗	ಲೡ೒.		ು೚ೢ೐ೝ	ಸೌ೔೙		

ாቄ
భ
಼మ
|௑ೣሺ௧೗,ఠೖሻ|మቅ

ᇩᇭᇭᇭᇭᇭᇪᇭᇭᇭᇭᇭᇫ
		ೄ೔೒೙ೌ೗	ಲೡ೒.		ು೚ೢ೐ೝ		

ாቄ
భ
಼మ
|ௐೢ ሺ௧೗,ఠೖሻ|మቅᇣᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇥ

ಿ೚೔ೞ೐ ಺೙೟೐ೝ೑೐ೝ೐೙೎೐⁄ 	ಲೡ೒.		ು೚ೢ೐ೝ

ൌ
ா൛|ு೓ሺ௧೗,ఠೖሻ|మൟா൛|௑ೣሺ௧೗,ఠೖሻ|మൟ

ாሼ|ௐೢ ሺ௧೗,ఠೖሻ|మሽ

	.		 5.16	

If	the	noise/interference	term	is	just	AWGN	then	the	SNIR	becomes	the	signal‐to‐noise	ratio	

ሺSNRሻ,	

	 ܴܵܰ௧೗,ఠೖ
ൌ

ா൛|ு೓ሺ௧೗,ఠೖሻ|మൟா൛|௑ೣሺ௧೗,ఠೖሻ|మൟ

௄ఙ܅
మ 	.		 5.17	

The	channel	models,	the	statistical	model	of	this	noise/interference	term,	SNIR	and	SNR	

are	 important	 parts	 of	 the	 system	 model.	 All	 the	 statistical	 models	 presented	 for	 the	

wireless	communication	system	will	be	used	in	determining	the	wireless	channel.			

The	 system	models	 that	 have	 been	 presented	 define	 the	mathematical	 and	 statistical	

relationship	 between	 the	 four	 elements	 of	 the	 wireless	 communication	 system.	 These	

relationships	will	 be	used	as	 stated.	The	 final	part	of	 the	wireless	 communication	 system	

that	 will	 be	 covered	 in	 The	 Concept	 Review	 is	 the	 received	 and	 transmitted	 signal.	 The	

signals	used	in	this	research	are	multi‐carrier	signals.	The	rest	of	this	chapter	will	discuss	

multi‐carrier	modulation	schemes.		

5.2	Multi‐Carrier	Modulations	43	
5.2	Multi‐Carrier	Modulations	

In	 multi‐carrier	 modulation	 ሺMCMሻ	 schemes	 a	 signal	 that	 is	 transmitted	 serially	 is	

converted	 into	 parallel	 streams	 and	 transmitted	 over	 multiple	 sub‐bands	 on	 respective	

modulated	sub‐carriers.	This	 idea	of	multi‐carrier	modulations	dates	back	to	1950s	to	the	

Kinplex	 Modem.	 The	 most	 common	 MCM	 scheme	 is	 Orthogonal	 Frequency	 Division	

Multiplexing	ሺOFDMሻ.	OFDM	dates	back	to	the	60s,	and	like	many	other	things	in	wireless	
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communication	 did	 not	 gain	 high	 levels	 of	 deployment	 until	 the	 digital	 era.	 The	 digital	

advancement	 during	 the	 time	 span	 of	 the	 late	 70s	 to	 the	 late	 90s	 has	 brought	 on	many	

changes	in	wireless	communication.	OFDM	and	other	MCM	schemes	are	just	a	few	of	them	

ሾ27,	38,	39,	48,	50‐53ሿ.		

OFDM	is	a	combination	of	multiple	ideas	for	MCM	schemes,	the	oldest	of	them	being	the	

ability	 to	 use	 a	 bank	 of	 sub‐carrier	 oscillators	 to	 transmit	 a	 signal	without	 inter	 channel	

interference	 ሺICIሻ	 or	 inter	 symbol	 interference	 ሺISIሻ	 caused	by	 the	wireless	 channel.	 This	

idea	showcases	one	of	the	most	prominent	advantages	of	OFDM,	its	robustness	to	frequency	

selective	 fading.	 Another	 idea	 that	was	 behind	 OFDM	 is	 the	 processing	 of	 the	 base‐band	

signal	using	Fourier	 transforms	 instead	of	using	a	bank	of	oscillators	on	 the	RF	signal.	To	

maintain	 the	 robustness	 to	 ISI	 and	 ICI	 using	 the	 Fourier	 transform	 method,	 the	 idea	 of	

guard	 intervals	 ሺGIሻ	 was	 also	 introduced.	 However,	 there	 was	 still	 the	 requirement	 for	

multiple	filters	and	oscillators	until	the	idea	of	a	more	efficient	digital	implementation	that	

used	some	 type	of	digital	Fourier	 transform,	was	 conceived.	The	advancement	during	 the	

digital	era	made	it	possible	for	this	digital	implementation	ሾ51‐53ሿ.		

Many	wireless	communication	systems	use	OFDM	for	their	modulation	scheme,	because	

of	 its	 spectrum	 efficiency	 and	 especially	 its	 robustness	 to	 fading.	 	 There	 are	 some	

disadvantages	 to	 OFDM.	 One	 of	 the	 disadvantages	 is	 the	 peak‐to‐average‐power	 ratio	

ሺPAPRሻ	because	 it	 requires	 linear	amplifiers	with	a	high	dynamic	range.	To	combat	PAPR	

some	have	suggested	carrier	interferometry	ሺCIሻ.	CI‐OFDM	is	a	MCM	scheme	that	also	uses	

spread	spectrum	to	spread	data	across	each	of	the	sub	carriers	ሾ54‐56ሿ.	Both	OFDM	and	CI‐

OFDM	were	used	in	this	research.		
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The	next	couple	of	sections	in	this	chapter	are	outline	as	follows.	First	the	mathematical	

formulas	 for	 the	 transmitted	 OFDM	 signal	 will	 be	 given.	 Then	 some	 of	 the	 OFDM	

disadvantages	 with	 respect	 to	 this	 research	 will	 be	 presented.	 Finally,	 the	 mathematical	

formulas	for	CI‐OFDM	will	be	given.	
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5.3	Orthogonal	Frequency	Division	Multiplexing	

The	OFDM	formulation	starts	with	a	serial	data	stream.	This	data	is	mapped	to	a	set	of	

data	symbols	determined	by	a	particular	modulation	scheme.	These	data	symbols	are	then	

converted	to	multiple	parallel	streams,	ܵ௡ሺݐ௟, ߱௞ሻ.	 	 In	this	case	the	variable	݊	 is	 the	OFDM	

symbol	index.	The	matrix	form	of	the	data	symbol	is	

	 ௧೗܁ ൌ ൥
ܵ଴ሺݐ௟, ߱ି௄ሻ ⋯ ܵேିଵሺݐ௟, ߱ି௄ሻ

⋮ ⋱ ⋮
ܵ଴ሺݐ௟, ߱௄ିଵሻ ⋯ ܵேିଵሺݐ௟, ߱௄ିଵሻ

൩.		 5.18	

Using	 Equation	 5.18,	 the	 OFDM	 transmit	 signal	 in	 the	 time‐angular‐frequency	 domain	 is	

defined	as		

	 ௑ೣ,௧೗,ఛಸ܆ ൌ 		.௧೗܁ 5.19	

With	OFDM	߬ீ	becomes	the	length	of	the	GI	for	each	OFDM	symbol.	The	transmitted	signal	

in	the	time‐delay	domain	with	the	guard	interval	inserted	is	

	 ௫ೣ,௧೗܆ ൌ

ۏ
ێ
ێ
ێ
ۍ ,௟ݐ௫ሺݔ ߬ଶ௄ሻ ,௟ݐ௫ሺݔ ߬ସ௄ାீሻ ⋯ ,௟ݐ௫൫ݔ ߬ሺଶ௄ାீሻேିீ൯

⋮ ⋮ ⋱ ⋮
,௟ݐ௫ሺݔ ߬ଶ௄ାீିଵሻ ,௟ݐ௫ሺݔ ߬ସ௄ାଶீିଵሻ ⋯ ,௟ݐ௫൫ݔ ߬ሺଶ௄ାீሻேିଵ൯

	 ௫ೣ,௧೗,ఛಸ܆																 	 	 ے
ۑ
ۑ
ۑ
ې
.		 5.20	

If	the	length	of	the	GI	is	greater	than	or	equal	to	the	maximum	excess	delay,	߬ீ ൒ ߬୫ୟ୶,	the	

receive	signal	can	be	defined	using	Equation	5.6	and	5.11.	This	simplification	is	one	of	the	

primary	benefits	of	OFDM	ሾ51‐53ሿ.	
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Figure	 5.2	 shows	 a	 serial	 delay	 representation	 of	 Equation	 5.20	with	 guard	 intervals.	

This	figure	also	makes	note	of	special	symbols	known	as	training	symbols	that	are	used	to	

determine	the	wireless	channel.	

 

Figure	5.2:	Serial	representation	of	the	transmitted	signal.		

The	 vector	 	௫ೣ,௧೗,ሺ௡ሻ,ࢉ࢞ is	 the	 ݊
୲୦	 column	 of	 the	 matrix	 	௫ೣ,௧೗܆ which	 is	 the	 transmitted	

signal	a	time	ݐ௟	over	the	delay	interval	ൣ߬௡ሺ௄ାீሻ, ߬ሺ௡ାଵሻሺ௄ାீሻ൯.	The	white	blocks	are	known	and	

used	 for	 training	 and	 the	 red	 blocks	 in	 the	 data	 section	 are	 the	 data	 symbols.	 Training	

symbols	typical	occur	at	the	beginning	of	a	packet,	but	in	this	thesis	the	training	symbol	and	

data	symbol	arrangement	may	be	a	little	different.	In	OFDM	some	of	the	sub‐carries	are	also	

use	for	training	and	frequency	synchronization.	These	sub‐carriers	are	known	as	pilot	tones	

ሾ51‐53ሿ.	

As	it	was	previously	mentioned,	one	of	the	disadvantages	of	OFDM	is	that	it	has	a	higher	

PAPR	 than	 single	 carrier	 modulations.	 Higher	 PAPR	 can	 cause	 nonlinear	 effects	 in	 the	

receiving	radio.	CI‐OFDM	can	be	used	to	mitigate	this	problem	ሾ54,	55ሿ.	However,	that	is	not	

the	 reason	 that	 CI‐OFDM	 is	 used	 in	 this	 thesis.	 This	 reason	will	 be	 explained	 in	 the	 next	

section.	

௫ೣ,௧೗,ሺ଴ሻ,ࢉ࢞ ௫ೣ,௧೗,ሺଵሻ,ࢉ࢞ ௫ೣ,௧೗,ሺேିଵሻ,ࢉ࢞

Data

Symbols	used	for	training‐based	

Time

   		௫ೣ,௧೗షభ,ሺ଴ሻ,ࢉ࢞ 	௫ೣ,௧೗శభ,ሺ଴ሻ,ࢉ࢞
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5.4	Carrier‐Interferometry	OFDM	

Before	explaining	the	reason	for	using	CI‐OFDM,	the	formulation	of	the	transmit	signal	

will	be	given.	CI‐OFDM	formulation	 is	 the	same	as	OFDM	but	with	one	difference:	each	of	

the	parallel	data	streams	are	coded	with	a	code	matrix,	܈௧೗,	such	that		

	 ௧೗܈ ൌ ۴ ൥
݁ି௝ଶగ௎೗,బ ૙

⋱
૙ ݁ି௝ଶగ௎೗,ಿ

൩ ۴ିଵ,		 5.21	

	 ௑ೣ,௧೗,ఛಸ܆ ൌ 	.௧೗܈௧೗܁ 5.22	

	The	variable	 ௟ܷ,௡	is	a	Uniform	RV.	The	code	sequence	used	in	this	thesis	has	the	following	

properties,	

	 ௧೗܈௧೗܈
ୌ ൌ ۷.		 5.23	

	 ௧೗૚ൟ܈൛ܧ ൎ ૙.		 5.24	

Next,	to	address	the	reason	for	using	CI‐OFDM	Equations	5.6	and	5.22	will	be	used,	

	 ௒೤,௧೗,ఛಸ܇ ൌ ۶ு೓,௧೗܁௧೗܈௧೗ ൅ ௐೢ܅ ,௧೗,ఛಸ.		 5.25	

It	 is	 typically	 assumed	 that	܅ௐೢ ,௧೗,ఛಸ	 is	AWGN	and	 there	 is	 no	 interference.	 In	 this	 thesis	

ௐೢ܅ ,௧೗,ఛಸ	 is	 not	 necessarily	 AWGN	 and	 there	 will	 be	 interference	 present.	 Therefore,	

ௐೢ܅ ,௧೗,ఛಸ	may	not	be	zero	mean	complex	multivariate	Gaussian	RV,	but	܅ௐೢ ,௧೗,ఛಸ܈௧೗
ୌ	can	be	

model	as	AWGN	ሺi.e.	a	zero	mean	complex	multivariate	RVሻ	ሾ54‐58ሿ.	Therefore,	the	receive	

signal	will	be	modified	to,	

	 ௧೗܈௒೤,௧೗,ఛಸ܇
ୌ ൌ ۶ு೓,௧೗܁௧೗ ൅܅ௐೢ ,௧೗,ఛಸ܈௧೗

ୌ.		 5.26	

This	shows	that	all	models	that	do	not	have	AWGN	can	be	simplified	to	a	model	with	AWGN	

if	CI‐OFDM	is	used.	
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5.5	Summary	48	
5.5	Summary	

In	 summary,	 this	 chapter	 has	 provided	 an	 understanding	 of	 the	 linear	 system	model	

used	to	represent	 the	wireless	channel.	The	equations	associated	with	 these	models	were	

also	 given.	 	 There	 are	 two	 equations	 that	 are	 used	 to	 represent	 the	 wireless	 channel,	

Equations	5.11	and	5.6.		

This	chapter	also	covered	the	noise	and	interference	in	the	channel	and	gave	a	statistical	

model	for	the	noise/interference	terms.	Using	these	models	the	average	SNIR	and	SNR	were	

defined.	It	is	assumed	that	the	statistics	of	noise	and	the	average	SNIR	or	SNR	is	known	at	

the	time	of	transmission.	

The	last	three	sections	in	this	chapter	covered	two	MCM	schemes:	OFDM	and	CI‐OFDM.	

The	 transmitted	 signals	 in	 the	 research	 and	 this	 thesis	 are	 either	 an	 OFDM	 or	 CI‐OFDM	

signal.	CI‐OFDM	is	used	to	whiten	the	noise	and	interference	terms.	

The	next	part	of	this	thesis	will	cover	the	main	contribution	of	this	thesis,	the	Indirect	

Channel	Measurement	ሺICMሻ	technique.	The	ICM	technique	was	analyzed	and	compared	to	

other	techniques.	In	Part	III,	along	with	several	other	things,	this	analysis	and	comparison	is	

discussed	
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THE INDIRECT CHANNEL 
MEASUREMENT AND OTHER 
MEASUREMENT TECHNIQUES 

 
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
	
Part	III	of	the	thesis	will	cover	the	contributions	of	this	research.	The	main	contribution	is	
the	 indirect	 channel	 measurement	 ሺICMሻ	 technique.	 It	 contributes	 and	 adds	 to	 channel	
measurement	 research	 for	 cognitive	 radios	 in	 dynamic	 wireless	 environments.	 Other	
contributions	with	 respect	 to	 rate	 adaptation	will	 also	 be	 presented.	 A	 literature	 review,	
theory	 formulation,	 application	 design,	 simulations,	 and	 an	 experiment	 for	 the	 ICM	 and	
other	techniques	will	be	given.	This	part	will	cover:	
	
	

 Linear	estimator	and/or	extrapolators for	OFDM	wireless	communication	systems.
 The	theory	behind	the	ICM	technique	and	several other	techniques	for	comparison.
 The	use	of	the	ICM	technique	in	a	rate	adaptation	scheme.	
 A	detailed	design	of	a	rate	adaptation	system.	
 Simulations	of	the	ICM	and	other	techniques	and	of	the	rate	adaptation	scheme.
 An	experiment	that	validates	the	accuracy	of	the	ICM	technique’s	theory.	
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CHAPTER	SIX	50	[1‐58]	
	

WIRELESS CHANNEL ESTIMATION 

AND EXTRAPOLATION TECHNIQUES 
	

6.1	Introduction	50	
6.1	Introduction	

This	part	of	the	thesis	covers	most	of	the	contributions,	but	the	main	contribution	is	the	

ability	to	indirectly	measure	the	wireless	channel.	In	this	thesis	the	wireless	channel	can	be	

estimated	 and/or	 extrapolated.	 The	 indirect	 channel	 measurement	 ሺICMሻ	 technique	 is	 a	

form	of	extrapolation.	To	understand	and	compare	the	ICM	technique	to	other	techniques,	

an	understanding	of	the	other	estimation	and	extrapolation	techniques	must	be	given.		

So,	 before	 presenting	 the	main	 contribution,	 a	 literature	 review	 on	 relevant	 research	

will	 be	 given.	 The	 relevant	 research	 areas	 that	 will	 be	 discussed	 are	 wireless	 channel	

estimation	and	wireless	channel	extrapolation.	In	this	thesis,	wireless	channel	estimation	is	

defined	as	any	technique	that	collects	measured	values	ሺi.e.	complex	gainsሻ	of	a	set	of	total	

coherence	 blocks,	 and	 uses	 these	 same	 values	 to	 determine	 the	 actual	 complex	 gains	 of	

some	 or	 all	 of	 the	 complex	 gains	 in	 the	 same	 set	 of	 total	 coherence	 blocks.	 In	 contrast,	
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wireless	channel	extrapolation	is	defined	as	any	technique	that	collects	measured	values	of	

a	set	of	total	coherence	blocks,	and	uses	these	measured	values	to	determine	the	complex	

gains	of	another	set	of	total	coherence	blocks	ሾ13,	57,	59‐65ሿ.		

Figure	4.1	displays	six	sets	of	total	coherence	blocks.	The	estimation	techniques	in	this	

thesis	 uses	 a	 set	 of	 present	 IB	 and	 maybe	 in	 addition	 past	 IB	 total	 coherence	 blocks	 to	

estimate	the	present	IB	blocks.	Using	the	sets	of	total	coherence	blocks	in	Figure	4.1,	three	

types	 of	 extrapolations,	 that	 will	 be	 discussed	 later,	 can	 be	 defined.	 The	 first,	 the	 ICM	

technique	uses	 the	present	 and	 future	OOB	 total	 coherence	blocks	 to	 extrapolate	present	

and	 future	 IB	 blocks.	 The	 ICM	 technique	 will	 be	 compared	 with	 two	 other	 types	 of	

extrapolation	 techniques.	 The	 first	 type	 technique	uses	 the	 past	 and	present	 IB	 blocks	 to	

extrapolate	 the	 future	 blocks.	 There	 are	 multiple	 techniques	 that	 can	 place	 into	 this	

category,	 but	 they	 will	 all	 be	 represented	 by	 what	 will	 be	 called	 the	 “direct	 channel	

measurement”	 technique.	 The	 terms	 direct	 and	 indirect	 are	 with	 respect	 to	 the	 channel	

measurements	being	IB	or	OOB	respectively.	The	second	type	of	technique	that	will	be	used	

for	comparison	does	not	use	either	IB	or	OOB.	Instead,	a	null	set	of	total	coherence	blocks	is	

used	 to	 extrapolate	 the	 future	 IB	 channel.	 This	 type	 of	 technique	 will	 be	 called	 the	 “no	

channel	measurement”	technique.	

Furthermore,	the	estimation	and	extrapolation	techniques	discussed	can	be	categorized	

into	 two	 other	 groups:	 classical	 and	 Bayesian	 techniques.	 Both	 classical	 and	 Bayesian	

techniques	 make	 use	 of	 either	 analog	 or	 discrete	 models	 of	 the	 wireless	 channel	 to	

determine	 the	 actual	 values	 from	measured	 values.	 However,	 Bayesian	 techniques	 make	

assumptions	about	 the	 statistics	of	 the	actual	 values,	 and	 classical	 techniques	do	not.	 For	

this	 reason	 some	 people	 may	 view	 Bayesian	 techniques	 as	 being	 more	 controversial	
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because	 the	 statistical	 assumption	 may	 not	 be	 true.	 In	 wireless	 communication,	 the	

statistics	 associated	 with	 the	 wireless	 channel	 can	 often	 be	 determined	 through	 a	

measurement	campaign.	As	stated	 in	Chapter	Four,	a	very	common	model,	and	the	model	

used	in	this	thesis,	is	the	Rayleigh	fading	model	ሾ27,	42,	44‐46ሿ.	

As	 stated	 in	 Part	 I,	 the	wireless	 communication	 community	 has	 noticed	 the	 need	 for	

understanding	 more	 about	 the	 wireless	 channel	 than	 just	 the	 effects	 of	 path	 loss;	 and	

somewhere	 between	 the	 1970s	 and	 the	 1980s	 the	 first	 propagation	 measurement	

techniques	 emerged.	 There	 were	 three	 measurement	 techniques	 born	 during	 this	 time	

period:	 direct	 pulse,	 swept	 frequency,	 and	 sliding	 correlator	 propagation	 measurement	

systems.		The	techniques	used	today	to	measure	multipath	and	propagation	can	be	derived	

from	 one	 of	 these	 three	 techniques.	 In	 this	 thesis,	 these	 three	 historical	 techniques	 are	

classified	as	classical	channel	estimation	techniques	ሾ27,	40ሿ.	

In	this	chapter,	the	historical	and	mathematical	connection	to	these	techniques	will	not	

be	covered.	However,	a	detailed	explanation	of	 the	current	 techniques	 in	each	of	 the	 four	

categories	will	be	discussed	with	respect	to	a	wireless	channel	for	OFDM	signals.	The	rest	of	

this	 chapter	 will	 be	 organized	 as	 follows:	 first	 classical	 wireless	 channel	 estimation	 and	

extrapolation	techniques	will	be	discussed,		as	well	as	Bayesian	wireless	channel	estimation	

and	time	extrapolation	techniques.	Following	this,	a	discussion	of	a	technique	that	is	most	

like	the	ICM	technique	in	what	is	measured	and	extrapolated	is	discussed,	and	a	summary	

concludes	the	chapter.			
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6.2	Traditional	Estimation	for	OFDM	

For	a	wireless	communication	system	that	uses	OFDM,	traditional	channel	estimation	is	

most	commonly	used	 for	channel	equalization.	Channel	equalization	 is	a	well‐defined	and	

researched	 area	 in	 wireless	 communication.	 There	 are	 several	 different	 techniques	 that	

have	 been	 suggested	 and	 researched	 over	 the	 past	 decades.	 In	 this	 thesis	 just	 the	

fundamental	example	will	be	given	for	the	traditional	techniques.	It	is	recommended	to	read	

the	referenced	literature	in	this	chapter	to	understand	the	state‐of‐the‐art	in	this	area	ሾ13,	

29,	32,	60‐62,	66‐81ሿ.	

With	the	traditional	techniques	it	is	often	assumed	that	the	wireless	environment	is	not	

dynamic.	With	this	assumption	it	can	be	proven	that	the	channel	does	not	vary	over	one	or	

multiple	packets.	Therefore,	channel	estimation	will	suffice.		

These	 traditional	 techniques	will	 be	 separated	 into	 the	 following	 categories:	 training‐

based	 methods	 and	 blind/semi‐blind	 methods.	 All	 the	 estimation	 and	 extrapolation	

techniques	can	be	categorized	in	this	way.	However	all	techniques	in	the	other	sections	will	

be	presented	as	training‐based.	The	most	common	convention	in	estimating	the	channel	is	

the	training	based	method.		

Training	Based	Method	53	

To	explain	these	methods	the	diagram	in	Figure	5.2	will	be	used.	As	stated,	in	this	figure	

the	lighter	colored	blocks	represent	symbols	used	purely	for	training	the	estimator,	and	the	

darker	blocks	are	symbols	that	contain	 information.	 It	also	assumed	that	the	first	block	 is	
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used	for	the	training	based	method,	and	the	receive	signal,	channel,	and	noise/interference	

in	Equation	5.11	can	be	represent	by	the	following	equations,	

	 ௒೤܇ ൌ ሾ܋ܡ,௒೤,௧బ ௒೤,௧భ,܋ܡ ⋯ ௒೤,௧೗,܋ܡ ⋯ 		,௒೤,௧ಿషభሿ,܋ܡ 6.1	

	 ۶ு೓ ൌ ሾ܋ܐ,ு೓,௧బ ு೓,௧భ,܋ܐ ⋯ ு೓,௧೗,܋ܐ ⋯ 		,ு೓,௧ಿషభሿ,܋ܐ 6.2	

	 ௐೢ܅ ൌ ሾ܋ܟ,ௐೢ ,௧బ ௐೢ,܋ܟ ,௧భ ⋯ ௐೢ,܋ܟ ,௧೗ ⋯ ௐೢ,܋ܟ ,௧ಿషభሿ.		 6.3	

Equation		4.31	can	be	used	to	get	the	following	equation	

	 ௒೤,௧೗,܋ܡ ൌ ு೓,௧೗,܋ܐ௑ೣ܆ ൅ ௐೢ,܋ܟ ,௧೗ .		 6.4	

The	 estimated	 value	 of	 	ு೓,௧೗,܋ܐ can	 be	 obtained	 by	 using	 the	 maximum	 liklehood	

estimator	ሺMLEሻ.	The	principals	behind	MLEs	are	some	of	the	most	common	principals	used	

in	estimating	the	wireless	channel.	With	the	MLE	the	channel	is	assume	to	be	deterministic.	

The	only	RV	 in	 the	 received	 signal	 is	 the	noise/interference	 term,	܋ܟ,ௐೢ ,௧೗ .	 Therefore,	 the	

proabilty	 density	 function	 ሺpdfሻ	 of	 the	 received	 signal,	 ી݂ሺ܋ܡ,௒೤,௧೗ሻ,	 takes	 the	 pdf	 of	 the	

noise/interference	 term	 but	 with	 an	 added	 unknown	 mean	 of,	 ு೓,௧೗,܋ܐ௑ೣ܆ .	 Note	 that	 the	

transmitted	signal	܆௑ೣ	is	known	because	it	is	a	trainning	signal.	Also,	the	variable	ી	in	this	

thesis	represents	the	value	that	will	be	estimated	or	extrapolated,	and	in	this	case	ી	equals	

ு೓,௧೗,܋ܐ .	To	find	the	unknown	channel	The	MLE	can	be	used.	The	MLE	is	defined	as	

	 መܐ ୑୐୉,ு೓,௧೗,܋ ൌ argmax
ી

ቂ ી݂ ቀ܋ܡ,௒೤,௧೗ቁቃቚીୀ܋ܐ,ಹ೓,೟೗
.		 6.5	

The	 solution	 to	MLEs	 can	be	 found	 in	various	 textbooks	and	 research	papers	 ሾ57,	82,	

83ሿ.	These	solutions	vary	depending	on	how	you	define	 the	noise/interference	 term.	This	

term	is	often	defined	as	AWGN.	When	this	term	is	AWGN	the	solution	to	the	maximization	

function	is	
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	 መܐ ୑୐୉,ு೓,௧೗,܋ ൌ ௑ೣ܆
ିଵ܋ܡ,௒೤,௧೗ .		 6.6	

To	 quantify	 the	 performance	 of	 these	 estimators,	 the	mean	 squared	 error	 ሺMSEሻ	 is	 often	

used	ሾ57ሿ.	

	
ಹ೓,೟೗,܋ܐܧܵܯ ൌ

ଵ

௄
Tr ቀܧ ቄ൫ܐመ ு೓,௧೗,܋ െ መܐு೓,௧೗൯൫,܋ܐ ு೓,௧೗,܋ െ ு೓,௧೗൯,܋ܐ

ୌ
ቅቁ

ൌ ܅ߪ
ଶ Tr ቀ܆௑ೣ

ିଵ൫܆௑ೣ
ିଵ൯

ୌ
ቁ

.		 6.7	

As	seen	in	Equation	6.6	the	MLE	can	be	very	easy	to	compute.	To	improve	the	MLE	it	is	

not	 uncommon	 to	 use	multiple	 training	 symbols	 to	 get	 a	more	 accurate	 result.	 However,	

MLEs	are	often	known	to	have	higher	errors	because	of	the	inversion	of	܆௑ೣ.	In	the	case	of	

training‐based	traditional	channel	estimation	for	OFDM,	inversion	issues	are	not	that	much	

of	a	problem,	because		܆௑ೣ	is	desinged	to	be	easily	inverted,	but	there	are	other	issues	with	

using	MLEs	in	training‐based	traditional	channel	estimation.	One	of	these	issues	is	that	the	

MLE	is	only	good	for	channels	within	the	time	interval	ሾݐ௟, ௖ݐ ൅ 	is	௖ݐ	Where	least.	the	at	௟ሻݐ

the	coherence	time.	So,	at	least	one	training	symbol	must	be	in	each	of	these	intervals.	When	

multiple	training	symbols	are	not	available	to	improve	the	estimation,	data	symbols	must	be	

used,	and	data	symbols	are	unknown.	

Therefore,	to	estimate	the	channel	in	these	cases	researchers	have	used	blind	and	semi‐

blind	techniques.	Just	like	the	training‐based	method	the	blind	and	semi‐blind	methods	are	

areas	 that	 have	 been	 heavily	 researched	 and	 only	 a	 textbook	 example	will	 be	 given	with	

respect	to	Equation	6.6	and	the	AWGN	assumption.	

Blind	and	Semi‐Blind	Methods	55	

Similar	 to	 the	 ICM	 technique	 blind	 and	 semi‐blind	 methods	 try	 to	 determine	 the	

wireless	 channel	 in	 very	 dynamic	 wireless	 environments.	 One	 of	 the	 common	 ways	 to	
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perform	blind	and	semi‐blind	estimation	 is	an	 iterative	method	known	as	 the	expectation	

maximization	 ሺEMሻ	 algorithm.	 The	 EM	 algorithm	 can	 be	 used	 to	 estimate	 the	 channel		

መܐ 	a	have	you	that	given	time,	coherence	the	than	more	or	than	less	interval	time	a	for	ு೓,௧೗,܋

model	for	the	channel	you	are	trying	to	estimate.	This	model	will	be	discussed	later	in	this	

chapter,	and	this	model	is	with	respect	to	the	time	domain.	

The	first	step	is	initialization:	an	initial	value	of	ܐመ መܐ	,assigned	or	obtained	is	ு೓,௧೗,܋ 	.ு೓,௧బ,܋

The	second	step	 is	expectation:	 the	expected	value	 for	all	 the	symbols,	 ൫܆෡௑ೣ
ିଵ൯

ሺ଴ሻ
	,	used	 for	

blind	or	semi‐blind	estimation	is	calculated.	Note	that	with	the	EM	algorithm	some	or	none	

of	 the	values	of	 the	 transmitted	signals	are	known,	and	 the	values	change	with	each	 time	

iteration	 because	 of	 the	 data.	 In	 the	 third	 step,	 maximization,	 the	 expected	 value	 of	 the	

symbols	 is	 used	 to	 get	 the	MLE	of	 the	 channel	 again,	 መܐ 	.ு೓,௧భ,܋ Then,	 the	 second	 and	 third	

steps	 are	 repeated	 increasing	 the	 time	 step,	 	,௟ݐ until	 the	 channel	 estimate	 converges	 ሾ57,	

84ሿ.	

The	 equations	 used	 in	 this	 three‐step	 EM	process	 for	 an	OFDM	 signal	 is	 given	 in	 the	

following	bulleted	listings:	

 Initialization:		The	estimate	ܐመ 	data	training	the	from	determined	is	ு೓,௧బ,܋

 Expectation:	

	 ી݂ ቀ܆௑ೣቚ܋ܡ,௒೤,௧೗ቁ ൌ ∏ ી݂ ൭ܺ௫ ቀݐ୪, ߱ି಼మ	
ቁቚ
ሾఛృ,ఛ಼శಸሻ

อ ௬ܻ ቀݐ௟, ߱ି಼మ	
ቁ൱

಼
మିଵ

௞ୀି಼మ
.	 6.8	

 Maximization:															

	 መܐ ୉୑,ு೓,௧೗,܋ ൌ argmax
ી

ቂ ી݂ ቀ܆௑ೣቚ܋ܡ,௒೤,௧೗ቁቃቚીୀ܋ܐ,ಹ೓,೟೗
.		 6.9	



	

	 57	

The	 traditional,	 blind,	 and	 semi‐blind	 techniques	 can	 be	 further	 improved	 by	 using	

statistical	 information	 about	 the	 channel	 ሾ57,	 84ሿ.	 The	 next	 section	 will	 discuss	 these	

techniques.		
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6.3	Bayes	and	Linear	Minimum	Mean‐Square	Error	Estimation	

The	Bayes	and	 linear	minimum	mean‐square	error	 ሺLMMSEሻ	estimators	use	Bayesian	

statistics.	 The	 LMMSE	 estimator	 is	 not	 the	 Bayes	 estimator	 ሺBEሻ,	 but	 in	 some	 cases	 it	 is	

equal	 to	 the	 Bayes	 estimator.	 However,	 the	 BE	 is	 the	 best	 estimator	 given	 that	 the	

assumptions	of	the	statistics	are	correct.	The	use	of	these	estimators	in	OFDM	systems	can	

be	dated	back	to	the	90’s.	There	have	been	many	papers	published	between	then	and	now	

suggesting	how	to	improve	channel	estimates	using	different	variations	of	the	LMMSE	and	

Bayes	Estimators,	but	the	fundamentals	are	the	same.	Once	again	the	textbook	example	will	

be	given,	but	the	reference	section	contains	many	of	the	researched	variations	ሾ13,	66,	67,	

85‐96ሿ.	

In	 the	 previous	 section,	 with	 the	 traditional	 estimators,	 the	 statistics	 of	 the	 channel	

were	not	taken	into	consideration	and	it	was	treated	as	a	deterministic	value	that	if	chosen	

correctly	could	maximize	the	likelihood	of	the	received	signal.	At	most	the	only	assumption	

made	 about	 the	 channel	 in	 the	 previous	 section	 is	 a	 model	 that	 relates	 different	 time	

instances	 of	 the	 channel.	 In	 this	 section	 the	 statistics	 of	 the	 channel	 are	 taken	 into	

consideration,	and	the	channel	 is	assumed	to	have	what	 is	called	a	prior	distribution	ሺthe	

BEሻ.	At	the	very	least	the	first	and	second	order	statistics	of	the	wireless	channel	is	known	

or	defined	by	a	known	equation	ሺthe	LMMSE	estimatorሻ.	
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As	 stated	 in	 Chapter	 Four	 the	 pdf	 of	 the	 wireless	 channel	 is	 a	 zero‐mean	 complex	

multivariate	Gaussian	ሺi.e.	normalሻ	RV.	Normal	pdf’s	are	defined	by	 their	 first	and	second	

order	statistics.	The	wireless	channel	in	this	thesis	is	also	defined	by	a	linear	model.	These	

two	things,	the	wireless	channel	being	defined	by	a	linear	model	and	its	pdf	defined	by	the	

first	and	second	order	statistics,	along	with	another	criteria	that	will	be	defined	in	the	next	

paragraphs	makes	the	LMMSE	Estimator	equal	to	the	BE	ሾ57ሿ.	Though	the	LMMSE	estimator	

is	 the	 most	 commonly	 used,	 the	 BE	 will	 be	 defined	 in	 this	 section	 because	 it	 is	 a	 more	

general	and	accurate	estimator.							

To	 explain	 the	 Bayes	 estimator,	 first	 a	 discussion	 of	 the	 joint	 distribution	 will	 be	

covered.	Before,	the	wireless	channel	was	assumed	to	be	deterministic,	and	because	of	this	

a	 joint	distribution	was	not	needed.	For	the	BE	the	channel	has	a	pdf.	Therefore,	 the	 joint	

pdf	for	the	channel	and	the	received	signal	is	represented	by	the	function	݂ሺ܋ܡ,௒೤,௧೗ , 		.௒೤,௧೗ሻ,܋ܐ

The	 accuracy	 of	 the	 BE	 for	 the	 wireless	 channel	 is	 determined	 by	 a	 loss	 function	

ܮ ൬܋ܐ,௒೤,௧೗ , መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁ൰.		Note	that	the	estimate	ܐመ 	to	respect	with	function	linear	a	is	௒೤,௧೗,܋

௒೤,௧೗,܋ܡ .	 The	 most	 common	 loss	 function	 used	 for	 Bayes	 estimators	 is	 the	 quadratic	 loss	

function	that	measured	Euclidean	distance	between	the	estimator	and	the	actual	channel.	

	 ܮ ൬܋ܐ,௒೤,௧೗ , መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁ൰ ൌ ቂ܋ܐ,௒೤,௧೗ െ መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁቃ
ୌ
ቂ܋ܐ,௒೤,௧೗ െ መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁቃ.		 6.10	

This	 definition	 of	 the	 loss	 function	 is	 another	 criteria	 that	 is	 required	 for	 the	 LMMSE	

estimator	to	be	Equal	to	the	BE	ሾ57,	84ሿ.	
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To	 finish	defining	the	BE,	something	called	the	Bayes	risk	must	be	defined.	The	Bayes	

risk	 can	 be	 viewed	 as	 the	 average	 Loss,	 given	 a	 particular	 loss	 function,	 over	 the	 joint	

distribution,		

	 Bayes	Risk ൌ ׬׬ ܮ ൬܋ܐ,௒೤,௧೗ , መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁ൰ ݂ ቀ܋ܡ,௒೤,௧೗ , ௒೤,௧೗ቁ,܋ܐ ௒೤,௧೗,܋ܡ݀	 ௒೤,௧೗,܋ܐ݀ .		 6.11	

The	Bayes	estimate	can	be	define	as	the	estimate	that	minimizes	the	Bayes	risk.	Using	some	

other	theorems,	the	minimization	function	can	be	shown	as	ሾ57,	84ሿ	

	 መܐ ୆୉,௒೤,௧೗,܋ ൌ argmax	
መܐ ೊ೤,೟೗,܋

ቄ׬ ܮ ൬܋ܐ,௒೤,௧೗ , መܐ ௒೤,௧೗,܋ ቀ܋ܡ,௒೤,௧೗ቁ൰ ݂ ቀ܋ܐ,௒೤,௧೗ቚ܋ܡ,௒೤,௧೗ቁ 		.௒೤,௧೗ቅ,܋ܐ݀	 6.12	

	The	 BE	 is	 the	 most	 accurate	 estimate	 of	 the	 wireless	 channel	 given	 that	 the	

assumptions	about	the	statistics	and	Loss	functions	are	accurate	ሾ57,	84ሿ.	However,	it	can	be	

difficult	 to	 compute	 for	 a	 few	 reasons.	 The	 first	 difficulty	 is	 defining	 the	 conditional	

probability	 in	Equation	6.12.	 In	 this	 thesis	 the	conditional	probability	 is	of	a	complex	and	

multivariate	normal	RV.	This	is	a	special	case	of	the	BE	that	involves	conjugate	priors.	The	

references	 can	be	used	 to	obtain	a	better	understanding	 ሾ57,	84ሿ.	The	other	 complication	

could	 occur	 if	 the	 integration	 in	 Equation	 6.12	 is	 difficult	 to	 compute	 and/or	 the	

maximization	 function	 is	 hard	 to	 determine.	 In	 this	 thesis	 the	 choice	 of	 a	 quadratic	 loss	

function	makes	this	computation	simple,	and	Equation	6.12	can	be	simplified	to	

	 መܐ ୆୉,௒೤,௧೗,܋ ൌ ܧ ቄ܋ܐ,௒೤,௧೗ቚ܋ܡ,௒೤,௧೗ቅ.		 6.13	

This	means	 that	 for	 the	wireless	 channel	defined	 in	 this	 thesis,	 the	BE	 is	 equal	 to	 the	

mean	or	expected	value	of	the	wireless	channel	given	the	received	signal.	Also,	the	LMMSE	

estimator	is	the	same	given	that	the	assumptions	about	the	channel	and	Loss	function	are	

true.	 Without	 these	 assumptions	 the	 calculation	 of	 the	 BE	 may	 be	 complicated	 by	 the	

reasons	 given	 before:	 not	 being	 able	 to	 use	 conjugate	 priors	 and/or	 not	 having	 an	 easily	
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integrable	 loss	 function.	However,	 the	LMMSE	estimator	always	makes	these	assumptions	

no	matter	the	validity	of	the	assumptions	ሾ57,	84ሿ.	

As	 shown	 by	 Equation	 6.13	 the	 mean	 of	 the	 conditional	 pdf	 ݂ ቀ܋ܐ,௒೤,௧೗ቚ܋ܡ,௒೤,௧೗ቁ	 is	 the	

Bayes	 estimator.	 What	 can	 also	 be	 shown	 is	 that	 the	 Trace	 of	 the	 covariance	 of	 the	

conditional	pdf	is	the	MSE	of	the	BE,	ሾ57,	84ሿ		

	 መܐܧܵܯ ు,ೊ೤,೟೗ా,܋
ൌ

ଵ

௄
Tr ቀܸܽݎ ቄ܋ܐ,௒೤,௧೗ቚ܋ܡ,௒೤,௧೗ቅቁ.		 6.14	

All	the	measurement	techniques	covered	this	far	have	been	estimators.	In	the	next	section	

extrapolators	will	be	discussed.	
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6.4	Fading	Prediction	and	Time	Extrapolation	Techniques	

In	this	thesis,	the	terms	“extrapolate”	and	“predict”	are	interchangeable	with	respect	to	

the	 time	 domain	 because	 only	 future	 parts	 of	 the	 channel	 will	 be	 extrapolated.	 The	

definition	 of	 extrapolation	 given	 earlier	 in	 this	 chapter	 states	 that	 extrapolation	 means	

more	 than	 just	 determining	 the	 future	 measurements	 of	 the	 wireless	 channel.	 For	 this	

section	only,	this	view	can	be	simplified	to	a	technique	that	can	determine	future	values	of	

the	 wireless	 channel	 from	 present	 and/or	 past	 measurements	 or	 estimates.	 Note	 that	

future,	past,	and	present	are	time	domain	references	with	respect	to	the	received	signal.	

Similar	 to	 the	estimators,	 the	extrapolators	 can	be	either	 classical	or	Bayesian,	 and	of	

course	 the	 classical	 extrapolators	 are	 the	 most	 common	 because	 of	 their	 simplicity.	

However,	adding	some	complexity	by	using	the	second	order	statistics	is	desirable	because	

of	the	accuracy	it	provides,	but	before	determining	the	extrapolator	for	a	wireless	channel	it	

is	necessary	to	define	a	linear	model	for	extrapolating	and	estimating	the	channel.	
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Linear	Models	61	

In	 the	 previous	 section	 a	 reference	 is	 made	 to	 linear	 models	 for	 estimators	 and	

extrapolators.	 These	 linear	 models	 are	 defined	 in	 this	 section	 because	 they	 are	 more	

relevant	for	the	extrapolators	that	will	be	covered.		One	of	the	important	aspects	about	the	

wireless	 channels	 in	 this	 paper	 and	 most	 of	 the	 research	 in	 this	 area	 is	 that	 it	 can	 be	

estimated	 or	 extrapolated	 from	 a	 linear	 equation	 of	 the	 measured,	 and	 in	 some	 cases	

estimated,	 values.	 So,	 the	 estimate	 or	 extrapolations	 of	 the	 wireless	 channel	 will	 always	

have	one	of	the	following	forms.	

	 መܐ۽ ܐሺ୐୉୉ሻ,௧೗,܋
መ
ு೓,௧೗ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ,܋

መܐ ሺైుుሻ,ಹ೓,೟೗,܋

ൌ ሺ୐୉୉ሻ,௧೗,܋ܡ۵ ௒೤,௧೗ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ,܋ܡሺ୐୉୉ሻ,௧೗,܋ܡ۽
ሺైుుሻ,ೊ೤,೟೗,܋ܡ

.		 6.15	

	 መܐ ு೓,ఠೖ,ܚ
መܐ۽ ሺ୐୉୉ሻ,ఠೖᇣᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇥ,ܚ

መܐ ሺైుుሻ,ಹ೓,ഘೖ,ܚ

ൌ ௒೤,ఠೖ,ܚܡ
ሺ୐୉୉ሻ,ఠೖᇣᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇥ,ܚܡ۽

ሺైుుሻ,ೊ೤,ഘೖ,ܚܡ

ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
.		 6.16	

Here,	 ሺLEEሻ	 denotes	 a	 particular	 linear	 estimation	 or	 extrapolation	 ሺLEEሻ	 technique	 and	

model	used,	as	well	as	the	linear	the	relationship	it	has	with	the	measured	data.	This	linear	

relationship	is	defined	by	the	matrices,	۵۱ܡ,ሺ୐୉୉ሻ,௧೗	or	۵ܚܡ,ሺ୐୉୉ሻ,ఠೖ
.		

The	 LEE	 model	 also	 suggests	 what	 measured	 values	 are	 used	 and	 what	 values	 are	

estimated.	The	values	to	estimate	or	measure	are	determined	by	the	omission	matrix	pairs:	

መܐ۽ 	ሺ୐୉୉ሻ,௧೗,܋ and	܋ܡ۽,ሺ୐୉୉ሻ,௧೗;	 and	ܐ۽መ ሺ୐୉୉ሻ,ఠೖ,ܚ
	 and	ܚܡ۽,ሺ୐୉୉ሻ,ఠೖ

.	At	most,	 each	column	and	 row	

vector	 of	 these	omission	matrices	have	 an	 element	with	 the	 value	of	 one.	The	 rest	 of	 the	

elements	 that	 are	 not	 ones	 are	 zeroed,	 and	 none	 of	 the	 estimated	 channel	 omission	

matrices,	denoted	by	ܐመ መܐ	or	܋ 	,ܚ are	 zero	matrices	of	 any	 size,	૙ሺோ௢௪ൈ஼௢௟ሻ.	 	The	vectors	and	

rows	are	organized	such	that	that	all	 the	ones	elements	row	and	column	indices	are	all	 in	

descending	order.	From	the	omission	matrices	it	can	be	determined	if	the	LEE	model	is	an	
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estimator	extrapolator	or	both.	The	following	table	shows	how	to	determine	this	particular	

aspect	of	the	LEE	model.	

Domain	 Test
Estimator	,	Extrapolator,	

or	Both

Angular‐
Frequency	
Domain	

O୷ౙ,ሺ୐୉୉ሻ,௧೗O୦෡ౙ,ሺ୐୉୉ሻ,௧೗
ୌ ൌ ൤

Iሺோ௢௪ൈ஼௢௟ሻ
0ሺோ௢௪ൈ஼௢௟ሻ

൨ estimator

O୷ౙ,ሺ୐୉୉ሻ,௧೗O୦෡ౙ,ሺ୐୉୉ሻ,௧೗
ୌ ൌ 0ሺோ௢௪ൈ஼௢௟ሻ extrapolator

O୷ౙ,ሺ୐୉୉ሻ,௧೗O୦෡ౙ,ሺ୐୉୉ሻ,௧೗
ୌ ൌ Any other matrix estimator‐extrapolator

Time	
Domain	

O୷౨,ሺ୐୉୉ሻ,ఠೖ
ୌ O୦෡౨,ሺ୐୉୉ሻ,ఠೖ ൌ ሾIሺோ௢௪ൈ஼௢௟ሻ 0ሺோ௢௪ൈ஼௢௟ሻሿ estimator

O୷౨,ሺ୐୉୉ሻ,ఠೖ
ୌ O୦෡౨,ሺ୐୉୉ሻ,ఠೖ ൌ 0ሺோ௢௪ൈ஼௢௟ሻ extrapolator

O୷౨,ሺ୐୉୉ሻ,ఠೖ
ୌ O୦෡౨,ሺ୐୉୉ሻ,ఠೖ ൌ Any other matrix estimator‐extrapolator

		Table	6.1:	Estimator/extrapolator	test.	

Time	Domain	Extrapolators	62	

Any	 “fading”	 prediction	 technique	 will	 be	 a	 time	 domain	 extrapolator	 in	 this	 thesis.	

However,	there	is	a	relationship	between	the	time	domain	and	spatial	domain	with	respect	

to	fading.	Therefore,	in	research	papers	fading	prediction	or	extrapolation	techniques	could	

also	 reference	 extrapolations	 in	 the	 spatial	 domain.	As	 stated	 in	 other	 sections,	 there	 are	

several	 techniques	 that	 fall	 into	 this	 category	 ሾ60‐65,	97‐106ሿ.	Even	nonlinear	 techniques	

are	 suggested	 in	 some	 research	 papers,	 the	 difference	 between	 nonlinear	 and	 linear	

techniques	 is	 that	 the	 relationship	 between	 the	 extrapolated	 and	 measured	 values	 are	

nonlinear.	 Although	 nonlinear	 techniques	 are	 discussed	 in	 other	 literature,	 this	 research	

only	considered	linear	extrapolators.	Therefore,	the	relationship	between	the	extrapolated	

and	measured	values	can	be	represented	by	the	matrix	۵ܚܡ,ሺ୐୉୉ሻ,ఠೖ
.	
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There	 are	 many	 interesting	 papers	 that	 discuss	 fading	 prediction	 and	 extrapolation	

models,	but	the	two	most	common	of	these	models	are	the	radio	channel	model	that	treats	

the	 time	 domain	 channel	 as	 a	 sum	 of	 sinusoids	 and	 the	 models	 that	 describe	 an	

autoregressive	or	filtering	process	ሾ64,	65,	107‐109ሿ.	There	are	still	many	sub‐variations	of	

these	 models.	 These	 models	 and	 their	 relationship	 to	 the	 matrix	 ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
	 will	 not	 be	

presented	 or	 discussed	 in	 this	 thesis,	 but	 they	 are	 referenced	 in	 this	 section	 for	 further	

reading.	

A	very	prominent	reason	for	fading	prediction	or	time	extrapolation	techniques	is	to	aid	

in	rate	adaptation.	As	discussed	in	Part	I	of	the	thesis	the	knowledge	about	the	channel	can	

be	crucial	in	implementing	higher	data	rate	schemes	and	applications.		

In	rate	adaptation	schemes	the	transmitted	signal	is	adapted	to	increase	the	amount	of	

data	that	can	be	sent	through	the	channel.	To	do	this,	the	wireless	channel	must	be	known.		

If	the	wireless	channel	is	changing	rapidly	ሺi.e.	fast	fadingሻ,	it	is	hard	to	estimate	the	channel	

at	the	receiver,	and	then	send	the	estimate	back	to	the	transmitter	and	used	the	estimated	

for	an	accurate	representation	of	the	channel	before	the	channel	changes.	This	is	why	time	

domain	extrapolations	are	important.		

The	 next	 section	 references	 an	 angular‐frequency	 domain	 extrapolator.	 However,	 the	

reference	 for	 this	 extrapolator	 does	 not	 suggest	 an	 application	 for	 angular‐frequency	

domain	extrapolators.	As	part	of	this	contribution	of	the	thesis,	angular‐frequency	domain	

extrapolators	are	suggested	for	rate	adaptation	and	this	will	be	explained	later	in	the	thesis.	
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6.5	Super	Resolution	Wireless	Channel	Extrapolator	64	
6.5	Super	Resolution	Wireless	Channel	Extrapolator	

The	 super	 resolution	wireless	 channel	 ሺSRWCሻ	 extrapolator	 is	what	 is	 known	 in	 this	

thesis	as	an	angular‐frequency	domain	estimator‐extrapolator.	To	 the	best	of	 the	author’s	

knowledge,	the	SWRC	extrapolator	is	the	only	angular‐frequency	domain	extrapolator	that	

has	been	reported	in	literature	ሾ34ሿ.	

The	 SRWC	 extrapolator	 refers	 to	 the	 extrapolated	 channel	 as	 the	 blind	 region.	 To	

extrapolate	 the	 blind	 region	 this	 technique	 uses	 the	 adjacent	 sub‐bands.	 However,	 this	

technique	does	not	use	a	MCM	scheme.	Instead	it	uses	PN	sequences.	A	PN	sequence	is	sent	

through	 each	 sub‐band.	 At	 the	 receiver	 each	 sub‐band	 goes	 through	 the	 following	

processing	steps.	First	the	receive	signal	is	placed	through	a	classification	algorithm	known	

as	TLS‐ESPRIT	ሺtotal	least	squares	version	of	estimation	of	signal	parameters	via	rotational	

invariance	 techniqueሻ	 to	 determine	 the	 prominent	 delay	 components	 for	 estimating	 the	

wireless	channel	from	the	respective	sub‐band.	The	knowledge	of	the	most	prominent	delay	

components	 obtained	 is	 used	 to	 create	 a	 least	 squared	 extrapolation	 and	 estimate	 of	 the	

wireless	channel.	In	this	thesis	the	least	squared	extrapolation	is	similar	to	the	MLE	for	the	

same	 reasons	 the	 LMMSE	 is	 similar	 to	 the	 Bayes.	 The	 final	 step	 is	 a	 process	 called	 soft	

combining,	where	each	 channel	measurement	 is	 summed	 together	with	 a	weighting	 filter	

ሾ34ሿ.	The	comparison	of	the	SRWC	technique	and	the	ICM	technique	will	be	given	in	the	next	

chapter.		

6.6	Summary	64	
6.6	Summary	

This	Chapter	has	covered	channel	estimation	and/or	extrapolation	 techniques	used	 in	

OFDM	systems.	Mathematical	representations	were	given.	The	accuracy	and	 inaccuracy	of	
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these	 techniques	 were	 also	 discussed.	 	 The	 main	 cause	 for	 inaccuracy	 discussed	 in	 this	

thesis	was	 identified	as	 the	dynamic	nature	of	 the	wireless	 environment.	This	 causes	CIR	

and	TF	to	change	rapidly	and/or	be	more	complicated	ሺi.e.	Multipath	rich,	fast	fading,	etc…ሻ.	

Also	 a	 unifying	 mathematical	 framework	 was	 presented.	 All	 estimators	 and/or	

extrapolators	 in	 this	 thesis	 can	 be	 defined	 by	 this	 mathematical	 framework	 as	 well	 as	

categorized.	Also	in	this	chapter	the	DCM	and	NCM	techniques	were	introduce.	These	two	

techniques	are	contrasting	techniques	to	the	indirect	channel	measurement	technique	that	

will	be	presented	in	the	next	chapter.	

The	 mathematical	 equations	 presented	 in	 this	 chapter	 are	 all	 important	 for	

understanding	the	equations	and	discussions	in	other	chapters.	However,	the	equations	for	

the	Bayes	estimator	and	linear	models	are	of	particular	importance.	Equation	6.13	and	6.14	

can	 yield	 closed	 form	expressions	 for	 the	 estimator‐extrapolator	 and	 the	MSE	 in	 the	 ICM	

technique.	Equation	6.13	shows	that	the	Bayes	estimator	and/or	extrapolator	for	wireless	

channels	in	this	research	and	thesis	is	just	the	mean	of	a	conditional	pdf,	and	Equation		6.14	

shows	that	the	MSE	is	the	variance	of	the	same	pdf.	

Along	 with	 the	 Bayes	 estimator	 equations	 a	 linear	 model	 for	 the	 estimators	 and	

extrapolators	 were	 given.	 These	 linear	 forms	 allow	 for	 the	 comparison	 of	 all	 relevant	

techniques.	Table	6.1	also	gives	a	way	to	determine	if	the	linear	model	used	is	an	estimator,	

extrapolator,	 or	 both.	 From	 this	 linear	 model	 it	 can	 also	 be	 determined	 if	 the	 estimator	

and/or	extrapolator	is	classical	or	Bayesian.	If	either	of	the	terms	in	matrices	۵܋ܡ,ሺ୐୉୉ሻ,௧೗	and	

ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
,	 from	 the	 linear	model	 Equation	 6.15	 or	 6.16,	 uses	 any	 statistical	 information	

about	 the	 channel	 it	 can	be	 viewed	 as	 a	 form	of	Bayesian	 statistic.	Otherwise,	 it	 is	 of	 the	
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classical	variety.	In	the	next	chapter	these	equations	really	aid	in	unifying	all	the	techniques	

for	comparison.	

One	 of	 the	 techniques	 for	 comparison	 is	 the	 super	 resolution	 wireless	 channel	

measurement	 technique.	 This	 technique	 was	 briefly	 described	 in	 this	 chapter,	 but	 the	

mathematical	 representation	 is	 given	 in	 Chapter	 Seven.	 The	 SRWC	 technique	 is	 the	most	

comparable	 technique	 to	 the	 ICM	 technique	 as	 far	 as	 what	 is	 measured	 and	 what	 is	

extrapolated,	 but	 it	 suffers	 from	 in‐accuracy	 in	multipath	 rich	 environments.	 This	will	 be	

shown	in	the	next	chapter.	

Fading	predictors	are	the	other	techniques	that	the	ICM	technique	is	compared	to.	This	

technique	is	the	most	contrasting	technique	to	the	ICM	technique.	The	ICM	technique	will	be	

an	angular‐frequency	domain	estimator	and/or	extrapolator,	and	fading	predictors	will	be		

time	domain	extrapolators.	Time	extrapolators	are	the	main	techniques	that	will	be	used	in	

comparison	with	the	ICM	technique,	and	the	linear	model	will	aid	in	obtaining	comparable	

accuracy	metrics.	
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CHAPTER	SEVEN	67	[1‐109]	
	

INDIRECT CHANNEL  
MEASUREMENT THEORY 

	

7.1	Introduction	67	
7.1	Introduction	

In	Chapter	Seven	the	wireless	channel	measurement	theory	that	was	created	during	the	

course	of	this	research	will	be	discussed.	As	stated	in	Part	I	the	motivation	for	this	research	

is	 to	 create	 a	 channel	 measurement	 technique	 that	 allows	 radios	 to	 have	 the	 most	

up‐to‐date	and	accurate	channel	state	information	ሺCSIሻ	while	maintaining	a	high‐data‐rate	

communication	link.		

Most	 estimation	 and	 extrapolation	 techniques	 measure	 the	 in‐band	 ሺIBሻ	 channel	

directly.	This	is	seen	in	the	case	of	traditional	estimation	techniques	and	fading	prediction	

techniques.	 Note	 that	 fading	 prediction	 techniques	 are	 the	 same	 as	 time	 extrapolation	

techniques	 presented	 in	 this	 thesis.	 Time	 extrapolation	 techniques	 are	 used	 to	 provide	

more	up‐to‐date	CSI,	 but	 in	 a	dynamic	wireless	 environment	 ሺDWEሻ	 these	measurements	

may	not	be	 the	most	 accurate.	What	 has	been	proposed	 in	 this	 thesis	 is	 a	 technique	 that	
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uses	 the	 out‐off‐band	 ሺOOBሻ	 channel	 in	 a	 way	 that	 allows	 the	 measurement	 of	 the	 IB	

channel	while	maintaining	data	communications	on	the	same	IB	channel.	In	the	DWES,	the	

technique	should	also	provide	a	more	up‐to‐date	and	accurate	measurement	of	the	CSI.		

It	is	evident	that	the	super	resolution	wireless	channel	ሺSRWCሻ	extrapolator	could	use	

the	OOB	channel	to	measure	the	IB	channel,	even	though	this	was	not	explicitly	discussed	

ሾ34ሿ.	Therefore,	if	this	technique	is	used,	it	could	also	allow	for	data	communication	on	the	

IB	channel.	Similar	 to	 the	 time	extrapolation	techniques,	 the	SRWC	technique	can	provide	

more	 up‐to‐date	 CSI,	 but	 it	 suffers	 from	 inaccuracy.	 SRWC	 extrapolators	 cannot	 handle	

certain	types	of	multipath	rich	environments.	In	the	next	section	this	will	be	shown.	

The	next	section	will	discuss	the	first	estimator	and	extrapolator	developed	during	the	

course	of	 this	 research	and	 the	SRWC	extrapolator.	Similar	 to	 the	SRWC	extrapolator,	 the	

first	 estimator	 and	 extrapolator	 researched	 had	 issues	 with	 accuracy	 in	 certain	 types	 of	

multipath	rich	environment,	but	it	is	still	more	accurate	than	the	SRWC	technique	because	

of	 how	 the	 measurements	 are	 used.	 These	 two	 techniques	 both	 indirectly	 measure	 the	

wireless	 channel,	 and	 there	 could	 be	 many	 other	 variations	 of	 an	 indirect	 channel	

measurement	ሺICMሻ	technique.	However,	 in	this	thesis	the	term	ICM	technique	refers	to	a	

Bayes	estimator‐extrapolator	that	indirectly	measures	the	wireless	channel.		

The	following	three	sections	will	go	over	four	techniques	that	will	be	used	in	the	chapter	

regarding	the	simulations.	 	Two	of	 the	 techniques	represent	 the	best	and	worst	case	with	

respect	 to	 accuracy.	 The	 indirect	 channel	 measurement	 ሺICM	 technique,	 the	 proposed	

technique,	 will	 be	 the	 first	 section.	 The	 ICM	 technique	 is	 an	 angular‐frequency‐domain	

estimator‐extrapolator	 that	 uses	 Bayesian	 statistics.	 The	 direct	 channel	 measurement	

ሺDCMሻ	 technique	 will	 be	 the	 next	 section	 of	 the	 three.	 The	 DCM	 technique	 is	 used	 to	
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represent	the	fading	extrapolators	in	other	research,	but	maintains	notation	similar	to	that	

given	 in	 this	 thesis.	 It	 also	 uses	 Bayesian	 statistics.	 The	 third	 section	will	 cover	 the	 two	

techniques	 that	 represent	 the	 best	 and	 worst	 case:	 a	 technique	 that	 does	 not	 use	 any	

channel	 measurements,	 the	 no	 channel	 measurement	 ሺNCMሻ	 technique,	 and	 a	 technique	

that	uses	 the	 full	 channel	measurement	ሺFCMሻ.	The	NCM	technique	represents	 the	 lowest	

accuracy	that	would	be	observed	by	the	ICM	or	DCM	technique,	and	the	FCM	technique,	a	

Bayes	Estimator	ሺBEሻ	not	a	extrapolator,	represents	the	highest	accuracy.	The	DCM,	NCM,	

and	FCM	techniques	were	introduced	for	comparison	purpose.		

The	NCM	addresses	an	important	notion:	in	some	cases	the	accuracy	of	the	ICM	or	DCM	

techniques	 could	be	obtained	without	 taking	any	 channel	measurements,	 and	assuming	a	

constant	 value	 for	 all	 total	 coherence	 blocks.	 Therefore,	 the	 NCM	 technique	 assumes	 a	

constant	value	for	the	channel,	and	if	the	same	accuracy	can	be	obtained	without	making	a	

measurement	 then	 the	 simpler	 NCM	 technique	 could	 preferable	 to	 the	 ICM	 or	 DCM	

technique.	 The	 FCM	 technique	 will	 always	 be	 the	 best,	 but	 obviously	 would	 not	 allow	 a	

portion	of	the	band	to	be	simultaneously	used	for	data	transmission.	After	the	discussion	of	

these	four	techniques	ሺi.e.	ICM,	DCM,	NCM,	and	FCMሻ,	a	summary	will	be	given	to	conclude	

this	chapter.	Note,	in	the	summary	there	is	a	list	of	all	the	techniques	in	this	chapter.			

7.2	First	Channel	Measurement	Research	69	
7.2	First	Channel	Measurement	Research	

The	first	channel	measurement	technique	researched	was	designed	to	take	advantage	of	

one	 particular	 aspect	 of	 a	 sampled	 band‐limited	 and	 delay‐limited	 wireless	 channel.	

Recalling	Chapter	Four,	this	type	of	wireless	channel	has	“at	most”	ܯ	multipath	components	

determined	by	the	maximum	excess	delay	and	delay	sample	rate,	and	ܭ	angular‐frequency	

samples	determined	by	the	delay	and	angular‐frequency	sample	rate.	The	variables	ܯ	and	
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	ܭ can	 be	 determined	 from	 Equation	 4.13	 and	 4.14	 respectively.	 	 Therefore,	 there	 are	ܯ	

delay	 values	 that	 are	 used	 to	 defined	 	ܭ angular‐frequency	 values.	 This	 mathematical	

relationship	is	captured	in	Equation	4.31.	Using	Equation	4.31,	Equation	7.1	can	be	obtained	

with	respect	to	one	of	the	time	indices	of	the	channel:		

	 ு೓,௧೗,܋ܐ ൌ ۴ி܋ܐ,௛೓,௧೗ .		 7.1	

Equation	7.1	can	be	used	 in	conjunction	with	Equation	6.4	to	create	the	following	column	

representation	of	the		receive	signal,	

	 ௒೤,௧೗,܋ܡ ൌ ௛೓,௧೗,܋ܐ௑ೣ۴ி܆ ൅ ௐೢ,܋ܟ ,௧೗ .		 7.2	

Assuming	that	ܯ ൏ 	.ሺi.e	system	linear	overdetermined	an	creates	7.2	Equation	then	,ܭ

there	are	more	equations	than	unknown	valuesሻ.	Therefore,	it	is	possible	to	remove	some	of	

the	 equations	 from	 the	 system	 and	 still	 obtain	 a	 solution,	 and	 if	 noise	was	 not	 an	 issue,	

ܭ െ 	could	radio	a	issueሻ,	an	being	not	noise	ሺi.e.	theory	in	So	removed.	be	could	equations	ܯ

still	measure	the	channel	if	it	omits	a	maximum	of	ܭ െ 		.samples	angular‐frequency	ܯ

The	first	channel	measurement	technique	uses	this	aspect	of	the	wireless	channel.	Thus	

far,	 it	 has	 been	 said	 that	 this	 estimator‐extrapolator	 measures	 the	 OOB	 channel	 at	 a	

particular	 time	 and	 estimates	 the	OOB	and	 extrapolates	 the	 IB	 channel	 at	 the	 same	 time.	

Using	Equation	7.2	 a	more	detailed	 explanation	of	what	 is	 happing	 can	be	 given.	What	 is	

actually	happening	is	the	channel	 impulse	response	ሺCIRሻ,	܋ܐ,௛೓,௧೗ ,	 is	being	estimated	from	

the	OOB	channel	measurements,	and	these	measurements	are	used	to	estimate	the	OOB	and	

extrapolate	 the	 IB	 channels	 at	 the	 same	 time.	 Determining	 the	 CIR	 is	 considered	 to	 be	

estimation	since	the	measure	OOB	channel	values	have	the	same	time	reference	as	the	CIR.	

This	makes	it	possible	to	omit	a	set	of	angular‐frequency	samples	in	the	central	portion	

of	 the	 transfer	 function	 ሺTFሻ	 of	 the	 wireless	 channel	 and	 still	 obtain	 the	 entire	 TF.	 	 By	
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omitting	 this	 central	portion	 it	will	 allow	 this	band	 to	be	used	 for	data	communication.	 If	

this	 central	 portion	 is	 used	 for	 data	 communications	 then	 it	 is	 the	 IB	 channel.	 In	 other	

words,	this	technique	will	allow	a	radio	to	observe	the	OOB	channel	and	obtain	the	TF	for	

the	IB	channel	while	using	the	IB	channel	for	data	communications.	

To	 define	 the	 angular‐frequency	 estimator	 and	 extrapolator	 for	 the	 first	 technique	

created	 during	 this	 research,	 Equation	 6.15	will	 be	 used.	 In	 this	 chapter	 all	 the	wireless	

channel	 omission	 matrices,	 	܋ܐ۽ or	 	ܚܐ۽ ,	 will	 always	 be	 identity	 matrices.	 Also	 for	 this	

chapter,	all	 the	column	representation	of	 the	received	signal	omission	matrices,	܋ܡ۽,	have	

the	following	form	

	 ܋ܡ۽ ൌ ൤
૙ሺ௄೚್ೞೝೡൈ௄మሻ ۷ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈଶ௄೚೘೔೟ሻ ૙ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈ௄మሻ
૙ሺ௄೚್ೞೝೡൈ௄మሻ ૙ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈଶ௄೚೘೔೟ሻ ۷ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈ௄మሻ

൨,	 7.3	

where,	

	 ଶܭ ൒ 	,ଵܭ 7.4	

	 ܭ െ ଶܭ ൒ ௢௕௦௥௩ܭ ൒
ெ

ଶ
,	 7.5	

	 ௢௠௜௧ܭ ൌ
௄ିଶ௄೚್ೞೝೡିଶ௄మ

ଶ
.	 7.6	

Using	 this	 omission	 matrix	 a	 least	 squared	 ሺLSሻ	 estimator/extrapolator	 for	 the	 initial	

measurement	technique	was	created.	

	
መܐ ୐ୗ୉୔,ு೓,௧೗,܋ ൌ ۴ி൫۴ி

ୌ܆௑ೣ
ୌ ܋ܡ۽

ୌ ௑ೣ۴ி൯܆܋ܡ۽
ିଵ
൫܆܋ܡ۽௑ೣ۴ி൯

ୌ
ᇣᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇥ

౏ుౌై,۱ܡ۵

௒೤,௧೗ᇣᇧᇧᇤᇧᇧᇥ,܋ܡ܋ܡ۽
೟೗,܋ܡ

ൌ ௧೗,܋ܡ୐ୗ୉୔,܋ܡ۵

.		 7.7	

The	 SRWC	 technique	 also	 uses	 LS	 estimators	 and	 extrapolators	 ሾ34ሿ.	 In	 order	 to	

compare	the	SRWC	extrapolator,	a	few	differences	must	be	pointed	out.	First,	the	step	that	

finds	 the	most	 prominent	 delays	 is	 not	 needed.	 This	 step	would	have	 given	 the	 omission	

matrix.	Since	it	is	assumed	that	the	statistical	CSI	ሺSCSIሻ	is	known,	the	omission	matrix	can	
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be	obtained	from	the	SCSI.	The	omission	matrix	used	in	the	research	paper	does	not	quite	

follow	the	same	omission	matrix	 form	given	 in	this	thesis	 in	Equation	7.3.	This	 is	because	

each	 “sub‐band”	 is	 treated	 as	 a	 different	 estimator‐extrapolator,	 but	when	 the	 estimator‐

extrapolators	are	combined,	the	omission	matrix	does	take	the	same	form	as	the	omission	

matrix	 in	 Equation	 7.3.	 So,	 for	 the	 estimator‐extrapolator	 for	 each	 of	 the	 sub‐bands,	 the	

slight	 difference	 is	 that	 the	 identity	 matrices	 are	 multiply	 by	 a	 constant	 and	 the	 other	

elements	remain	zero,	

	 ሺ௜ሻ,܋ܡ۽ ൌ ሾ૙ሺ௄೚್ೞೝೡൈ௄మሻ ሺ1 െ ݅ሻ۷ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈଶ௄೚೘೔೟ሻ ሺ݅ሻ۷ሺ௄೚್ೞೝೡሻ ૙ሺ௄೚್ೞೝೡൈ௄మሻሿ.		 7.8	

Here,	 the	 variable	 ݅	 represents	 the	 ݅୲୦	 sub‐band.	 So,	 by	 replacing	 the	 omission	matrix	 in	

Equation	 7.7	 with	 the	 omission	 matrix	 in	 Equation	 7.8	 a	 least	 squared	

estimator‐extrapolator	can	be	created	for	the	respective	sub‐bands,		

	 መܐ ୐ୗ୉୔,ு೓,௧೗,ሺ௜ሻ,܋ ൌ ௧೗,܋ܡ୐ୗ୉୔,ሺ௜ሻ,܋ܡ۵ ,	 7.9	

	 ୐ୗ୉୔,ሺ௜ሻ,܋ܡ۵ ൌ ۴ி൫۴ி
ୌ܆௑ೣ

ୌ ሺ௜ሻ,܋ܡ۽
ୌ ௑ೣ۴ி൯܆ሺ௜ሻ,܋ܡ۽

ିଵ
൫܋ܡ۽,ሺ௜ሻ܆௑ೣ۴ி൯

ୌ
.		 7.10	

The	 final	 step	 in	 the	 SRWC	 technique	 is	 the	 soft	 combining	 of	 the	 two	

estimator‐extrapolators	to	get	SRWC	estimator‐extrapolator.	

	

መܐ ୗୖ୛େ,ு೓,௧೗,܋ ൌ ∑ ቎
ห݅ െ ష಼݌ మ⁄ ห ૙

⋱
૙ ห݅ െ ಼݌ మ⁄ షభห

቏ ୐ୗ୉୔,ሺ௜ሻ,܋ܡ۵
ᇣᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇥ

౏౎౓ి,ሺ೔ሻ,۱ܡ۵

௒೤,௧೗ᇣᇧᇧᇧᇤᇧᇧᇧᇥ,܋ܡሺ௜ሻ,܋ܡ۽
೟೗,ሺ೔ሻ,܋ܡ

ଵ
௜ୀ଴

ൌ ሾ۵܋ܡ,ୗୖ୛େ,ሺ଴ሻ ୗ୛ୖେ,ሺଵሻሿᇣᇧᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇧᇥ,܋ܡ۵
౏౓౎ి,܋ܡ۵

൤
௧೗,ሺ଴ሻ,܋ܡ
௧೗,ሺଵሻ,܋ܡ

൨
ᇣᇧᇤᇧᇥ

೟೗,܋ܡ
ൌ ௧೗,܋ܡୗୖ୛େ,܋ܡ۵

,	 7.11	

where,	

	 ௞݌ ൌ ൞

1, െܭ ൑ ݇ ൏ െܭ௢௠௜௧
௄೚೘೔೟ି௞

ଶ௄೚೘೔೟ାଵ
,						െ ௢௠௜௧ܭ ൑ ݇ ൑ ௢௠௜௧ܭ

0, ௢௠௜௧ܭ ൑ ݇ ൏ ܭ

,	 7.12	
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	 ∑ ቎
ห݅ െ ష಼݌ మ⁄ ห ૙

⋱
૙ ห݅ െ ಼݌ మ⁄ షభห

቏ଵ
௜ୀ଴ ൌ ۷ሺ௄ൈ௄ሻ.	 7.13	

The	 theoretical	 performance	 of	 these	 two	 techniques	 in	 AWGN	 can	 be	 obtained	 by	

calculating	the	MSE.	The	respective	MSEs	are	

	 ு೓,୐ୗ୉୔,܋ܐܧܵܯ ൌ ܅ߪ
ଶ Tr ቀ۵۱ܡ,୐ୗ୉୔൫۵۱ܡ,୐ୗ୉୔൯

ୌ
ቁ.		 7.14	

	 ு೓,ୗୖ୛େ,܋ܐܧܵܯ ൌ ܅ߪ
ଶ Tr ቀ۵۱ܡ,ୗୖ୛େ൫۵۱ܡ,ୗୖ୛େ൯

ୌ
ቁ.		 7.15	

To	 reduce	 error,	 another	 form	 of	 these	 techniques	 can	 be	 used.	 In	 this	 form	 another	

omission	matrix	is	introduced	to	remove	any	multipath	ሺMPሻ	components	whose	power	is	

less	than	that	of	the	maximum	excess	delay	power	value.		This	will	be	called	the	multipath	

reduced	ሺMPRሻ	channel	model.	This	changes	Equation	7.1	to	

	
୑୔ୖ,ு೓,௧೗,܋ܐ ൌ ۴ி۽୑୔ୖ

୘ᇣᇧᇤᇧᇥ
۴ಷ,౉ౌ౎

௛೓,௧೗ᇣᇧᇧᇧᇤᇧᇧᇧᇥ,܋ܐ୑୔୰۽
౉ౌ౎,೓೓,೟೗,܋ܐ

ൌ ۴ி,୑୔ୖ܋ܐ,୑୔ୖ,௛೓,௧೗

.		 7.16	

The	matrix	۽୑୔ୖ	has	a	similar	structure	as	the	matrix	܋ܡ۽.	For	this	matrix,	the	number	

of	 rows	 is	 equal	 to	 the	 number	 of	MP	 components	 that	 have	 power	 less	 than	 that	 of	 the	

maximum	 excess	 delay.	 For	 some	 wireless	 channel	 models	 this	 can	 provide	 significant	

improvements.	The	research	paper	on	the	SRWC	technique	also	uses	a	similar	matrix.	The	

estimator	and	MSE	are	listed	below.	

	 ୐ୗ୉୔\୑୔ୖ,܋ܡ۵ ൌ ۴ி,୑୔ୖ൫۴ி,୑୔ୖ
ୌ ௑ೣ܆

ୌ ܋ܡ۽
ୌ ௑ೣ۴ி,୑୔ୖ൯܆܋ܡ۽

ିଵ
൫܆܋ܡ۽௑ೣ۴ி,୑୔ୖ൯

ୌ
.		 7.17	

	 ୐ୗ୉୔\୑୔ୖ,ሺ௜ሻ,܋ܡ۵ ൌ ۴ி,୑୔ୖ൫۴ி,୑୔ୖ
ୌ ௑ೣ܆

ୌ ሺ௜ሻ,܋ܡ۽
ୌ ௑ೣ۴ி,୑୔ୖ൯܆ሺ௜ሻ,܋ܡ۽

ିଵ
൫܋ܡ۽,ሺ௜ሻ܆௑ೣ۴ி,୑୔ୖ൯

ୌ
.		 7.18	

	 ୗୖ୛େ\୑୔ୖ,܋ܡ۵ ൌ

ۏ
ێ
ێ
ێ
ۍ
	
	
	
	
	
	

቎
ห݅ െ ష಼݌ మ⁄ ห ૙

⋱
૙ ห݅ െ ಼݌ మ⁄ షభห

቏ ୐ୗ୉୔\୑୔ୖ,ሺ଴ሻ,܋ܡ۵
ᇣᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇧᇥ

౏౎౓ి\౉ౌ౎,ሺబሻ,۱ܡ۵

ୗୖ୛େ\୑୔ୖ,ሺଵሻ,۱ܡ۵

ے
ۑ
ۑ
ۑ
ې

.		 7.19	
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	 ு೓,୐ୗ୉୔\୑୔ୖ,܋ܐܧܵܯ ൌ ܅ߪ
ଶ Tr ቀ۵۱ܡ,୐ୗ୉୔\୑୔ୖ൫۵۱ܡ,୐ୗ୉୔\୑୔ୖ൯

ୌ
ቁ.		 7.20	

	 ு೓,ୗୖ୛େ\୑୔ୖ,܋ܐܧܵܯ ൌ ܅ߪ
ଶ Tr ቀ۵۱ܡ,ୗୖ୛େ\୑୔ୖ൫۵۱ܡ,ୗୖ୛େ\୑୔ୖ൯

ୌ
ቁ.		 7.21	

To	show	a	theoretical	comparison	of	these	two	techniques	two	channel	models	will	be	

used.	The	channel	parameters	for	these	two	models	are	given	in	the	Appendix	A.	The	first	

channel	model	is	taken	from	Model	A	of	the	HIPERLAN/2	standard.	The	method	to	calculate	

the	 covariance	 matrix	 can	 be	 found	 in	 Appendix	 A.	 This	 covariance	 matrix	 was	 used	 to	

determine	 the	 omission	 matrix,	 	.୑୔ୖ۽ Using	 Equations	 7.14,	 7.15,	 7.20	 and	 7.21	 the	

theoretical	 performance	 of	 the	 four	 techniques	 are	 shown	with	 respect	 to	 the	 number	 of	

average	90%	coherence	bandwidths	omitted.	The	coherence	bandwidth	is	determined	from	

Equation	4.48.	The	average	SNR	per	angular‐frequency	was	set	to	be	30	dB,	ܭ ൌ 640,	and	

ଵܭ ൌ ଶܭ ൌ 0.	

	  

Figure	7.1:	MSE	performance	measurements	for	the	initial	and	SRWC	technique	with	and	without	MP	reduction	for	
the	HIPERLAN/2	Model	A	standard.			
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As	seen	in	Figure	7.1,	The	LSEP	technique	with	MP	reduction	is	the	best	of	the	four.	As	

stated	 before,	 the	 SRWC	 does	 not	 perform	 well	 in	 certain	 types	 of	 multipath	 rich	

environment	and	this	can	be	seen	with	the	channel	model	used.	 In	Figure	7.2	the	channel	

model	 was	 changed	 to	 mimic	 a	 model	 presented	 in	 the	 SRWC	 research	 paper,	 and	 the	

performance	is	greatly	improved.		

 

Figure	7.2:	MSE	performance	measurements	for	the	initial	and	SRWC	technique	with	and	without	MP	reduction	for	
the	channel	model	in	the	SRWC	paper.	

The	multipath	components	in	the	model	in	the	SRWC	paper	is	further	spread	out	than	

that	 in	 the	 HIPERLAN/2	 Standard	 Model,	 and	 these	 techniques	 perform	 well	 in	 these	

situations.		CIR	of	the	two	models	is	shown	in	Figures	7.3	and	7.4.	The	lighter	regions	in	the	

plot	 represent	 the	 taps	 that	 are	 estimated	 in	 a	 technique	 that	 use	MP	 reduction.	 In	 these	

techniques	 the	 darker	 regions	 are	 not	 estimated,	 but	when	MP	 reduction	 is	 not	 used	 the	

darker	 regions	 are	 estimated.	 	 The	MSE	 is	 increased	because	 all	 of	 the	 values	 in	 the	CIR,	

even	the	zeroed	taps,	are	estimated.	
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Figure	7.3:	Average	CIR	of	the	HIPERLAN/2	Model	A	channel	standard.	

 

Figure	7.4:	Average	CIR	of	the	channel	model	in	the	SRWC	paper.		

Due	to	the	band‐limiting	filters	and	other	effects	in	the	radio,	a	CIR	or	TF	represented	by	

Equation	7.16	 is	not	always	seen	 in	practice.	Therefore,	MP	reduction	will	not	work.	This	

has	 been	 observed	 during	 this	 research.	 To	 improve	 the	 estimation	 and	 extrapolation	 in	

these	cases	the	ICM	technique	was	created.	
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7.3	Indirect	Channel	Measurements	77	
7.3	Indirect	Channel	Measurements	

The	ICM	technique	uses	the	same	concepts	as	the	first	channel	measurement	technique	

as	well	as	the	same	channel	model	as	in	Equation	7.2,	but	the	noise/interference	term	is	a	

zero	mean	complex	multivariate	normal	RV	that	is	not	necessarily	AWGN.		

The	ICM	technique	uses	Bayesian	statistics.	As	stated	in	Chapter	Six,	by	using	Bayesian	

statistics	 a	 more	 accurate	 estimator‐extrapolator	 can	 be	 created.	 To	 create	 the	

estimator‐extrapolator,	the	conditional	pdf,	݂ ቀ܋ܐ,௒೤,௧೗ቚ 	using	by	determined	be	must	௒೤,௧೗ቁ,܋ܡ

the	mathematical	definition	for	conditional	pdf’s,	an	understanding	of	multivariate	normal	

RVs,	and	Equation	7.2.	The	result	is	

	

݂ ቀ܋ܐ,௒೤,௧೗ቚ ௒೤,௧೗ቁ,܋ܡ ൌ
௙ቀ܋ܐ,ೊ೤,೟೗ ೊ೤,೟೗ቁ,܋ܡ,

௙ቀ܋ܡ,ೊ೤,೟೗ቁ

ൌ |ఠሻ۾௄|detሺߨ exp ቐ

	
	
	
	

൬
	
	
	
௒೤,௧೗,܋ܐ െ େ୑,௧೗୍,܋ܡ۵ ௒೤,௧೗ᇣᇧᇧᇤᇧᇧᇥ,܋ܡ܋ܡ۽

೟೗,܋ܡ

	
	
	
൰
ୌ

ఠିଵ۾

ൈ ቀ܋ܐ,௒೤,௧೗ െ ௧೗ቁ,܋ܡେ୑,௧೗୍,܋ܡ۵

	
	
	
	

ቑ											

,	 7.22	

where,	

	 େ୑,௧೗୍,܋ܡ۵ ൌ ۵ఠ ൌ ۴ி۾ఛ൫܋ܡ۽		܆௑ೣ		۴ி൯
ୌ
൫܋ܡ۽			܀ௐೢ ܋ܡ۽		

୘ ൯
ିଵ
,	 7.23	

	 ఛ۾ ൌ ቂ൫ܴ௧,௧೗܀ఛ൯
ିଵ
൅ ൫܋ܡ۽		܆௑ೣ		۴ி൯

ୌ
൫܋ܡ۽		܀ௐೢ ܋ܡ۽		

୘ ൯
ିଵ
൫܋ܡ۽		܆௑ೣ		۴ி൯ቃ

ିଵ
,	 7.24	

	 ఠ۾ ൌ ۴ி۾ఛ۴ி
ୌ.	 7.25	

The	matrices	۾ఛ	and	۾ఠ	are	the	Schur	complements	of	܀ఛ	and	܀ఠ	respectively.	As	stated	

in	Chapters	Four	and	Five,	the	matrices	܀ఠ,܅		܀ఛ,	and	܀ఠ	are	the	covariance	matrices	of	the	

noise/interference	 term	 and	 the	 delay	 and	 angular‐frequency	 domains	 of	 the	 wireless	

channels.	 The	 variable	ܴ௧,௧೗	 is	 the	 	௟ݐ diagonal	 element	 of	 the	܀௧	 covariance	matrix.	 These	
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variables	and	matrices	are	SCSI;	it	is	assumed	that	this	information	is	known,	because	of	the	

capabilities	of	cognitive	radios.	This	simplifies	the	estimation	and	extrapolation.	If	the	SCSI	

was	 unknown	 then	 another	 step	 must	 be	 taken	 to	 measure	 it	 before	 estimating	 and/or	

extrapolating	 the	 channel.	 Any	 inaccuracy	 in	 the	measurement	 could	 affect	 the	 estimator	

and/or	extrapolator	drastically.	

Once	 the	 SCSI	 is	 known,	 Equations	 7.22	 –	 7.25	 can	 be	 used	 to	 create	 the	 ICM	

estimator‐extrapolator	using	Equation	6.13,	

	 መܐ େ୑,௧೗୍,܋ ൌ ۵ఠ܋ܡ,௧೗ .		 7.26	

The	accuracy	of	the	estimator‐extrapolator	can	be	quantified	by	using	the	MSE.	In	the	case	

of	the	Bayes	estimators	and/or	extrapolators,	the	MSE	is	a	 function	of	the	variance,	۾ఠ,	of	

the	density	in	Equation	7.22,	

	 መܐܧܵܯ ౅ి౉,೟೗,܋
ൌ

ଵ

௄
Trሺ۾ఠሻ.		 7.27	

 

Figure	7.5:	MSE	performance	measurements	for	LSEP	without	MP	reduction	and	ICM	technique	for	the	
HIPERLAN/2	Model	A	standard.	
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Figure	7.5	shows	how	the	 ICM	technique	performance	compares	 to	 the	LSEP	with	MP	

reduction	 for	 the	 same	 channel	 in	 Figure	 7.1.	 	 As	 seen	 in	 the	 figure,	 the	 ICM	

estimator‐extrapolator	does	not	provide	significant	 improvement	over	 the	LSEP	when	the	

LSEP	 can	 use	 MP	 reduction.	 However,	 if	 MP	 reduction	 cannot	 be	 used	 the	 performance	

difference	between	the	LSEP	and	the	ICM	estimator‐extrapolator	is	even	greater,	as	shown	

in	 Figure	 7.6.	 In	 Figure	 7.6	 an	 exponentially	 decaying	 channel	 model	 is	 used.	 Its	 CIR	 is	

shown	in	Figure	7.7.		

 

Figure	7.6:	MSE	performance	measurements	for	LSEP	without	MP	reduction	and	ICM	technique	for	an	
exponentially	decaying	tap	model.	
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	 10	 20	 30 40 50 60	

15

10

5

0

‐5

‐10

‐15

Number	of	Omitted	Coherence	Bandwidths	
൫࣓܀࣋ ൎ ૙. ૙૝૜૙ ൯ܛ܌܉ܚ

M
SE
	ሺ
dB
ሻ	

LSEP

ICM	Technique	



	

	 80	

the	 appendix.	 Unlike	 the	 HIPERLAN/2	 model,	 MP	 reduction	 cannot	 be	 done	 on	 these	

models.	

 

Figure	7.7:	CIR	for	an	exponentially	decaying	channel	model	with	a	decaying	slope	of	36	degrees	for	each	of	the	
three	exponentials.	

Another	quantification	of	accuracy	that	will	be	used	in	this	thesis	is	the	square	root	of	

the	MSE	of	the	squared	envelope	ሺRMSE‐SEሻ,	

	 ሺ୐୉୉ሻ,௧೗,܋ܢ ൌ ටdiag ൬ܧ ൜ቚܐመ ሺ୐୉୉ሻ,௧೗,܋ ∘ መܐ ሺ୐୉୉ሻ,௧೗,܋
∗ െ ௒೤,௧೗,܋ܐ ∘ ௒೤,௧೗,܋ܐ

∗ ቚ
ଶ
ൠ൰.		 7.28	

Note	that	the	square	root	function	is	an	element	wise	square	root	function	for	this	equation.	

This	measurement	of	accuracy	gives	a	way	to	view	the	performance	of	the	envelope	of	the	

estimate.	 In	 the	 case	 of	 rate	 adaptation	 the	 envelope	 may	 be	 used	 to	 make	 adaptive	

decisions.	

Note	in	other	papers	the	error	term	used	is	the	MSE	of	the	envelope	itself	ሾ64,	65,	107ሿ.	

The	 reason	 for	using	 the	MSE	of	 the	 squared	envelope	 is	because	a	 closed	 form	equation	

could	be	derived	for	all	measurement	techniques	for	comparison	purposes.	These	equations	

that	 are	 related	 to	 the	 envelope	 values	 are	 important	 for	 rate	 adaptation	 algorithms	 that	

will	be	discussed	later	in	this	section.	
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For	the	ICM	technique	the	RMSE‐SE	is	

	 େ୑,௧೗୍,܋ܢ ൌ ඩdiag ቌ

	
	
	
	

ܧ ቐ

	
	
	
	

ฬ
	
	
	
መܐ େ୑,௧೗୍,܋ ∘ መܐ େ୑,௧೗୍,܋

∗ െ େ୑,௧೗ᇣᇧᇤᇧᇥ୍,܋ܐ
ቀܐመ ౅ి౉,೟೗ቁ,܋ෝܟೊ೤,೟೗ା,܋

∘ ௒೤,௧೗,܋ܐ
∗

	
	
	
ฬ
ଶ
	
	
	
	

ቑ

	
	
	
	

ቍ.		 7.29	

The	vector	ܟෝ܋,୍େ୑,௧೗ 	is	the	error	of	the	ICM	estimator‐extrapolator.	This	error	value	is	a	zero‐

mean	 complex	multivariate	 normal	 RV	with	 covariance	matrix	 	.ఠ۾ Equation	 7.29	 can	 be	

further	simplified,	

	

େ୑,௧೗୍,܋ܢ ൌ ටdiag ൬ܧ ൜ቚܐመ ௒೤,௧೗,܋
∗ ∘ େ୑,௧೗୍,܋ෝܟ ൅ መܐ ௒೤,௧೗,܋ ∘ େ୑,௧೗୍,܋ෝܟ

∗ െ େ୑,௧೗୍,܋ෝܟ ∘ େ୑,௧೗୍,܋ෝܟ
∗ ቚ

ଶ
ൠ൰

ൌ
ඩ
diag ൬

	
	
	
2 ܧ ൜ቚܐመ ௒೤,௧೗ቚ,܋

ଶ
ൠ

ᇣᇧᇧᇧᇤᇧᇧᇧᇥ
ቀோ೟,೟೗܀ഘି۾ഘቁ

∘ ܧ ቄหܟෝ܋,୍େ୑,௧೗ห
ଶ
ቅᇣᇧᇧᇧᇤᇧᇧᇧᇥ

ഘ۾

൅ ܧ ቄหܟෝ܋,୍େ୑,௧೗ ∘ େ୑,௧೗୍,܋ෝܟ
∗ ห

ଶ
ቅᇣᇧᇧᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇧᇧᇥ

ሺ۾ഘ∘۾ഘ
∗ ሻାୢ୧ୟ୥ሺ۾ഘሻୢ୧ୟ୥ሺ۾ഘሻౄ

	
	
	
൰

ൌ ටdiag൫2൫ܴ௧,௧೗܀ఠ െ ఠ൯۾ ∘ ఠ۾ ൅ ሺ۾ఠ ∘ ∗ఠ۾ ሻ ൅ 	diagሺ۾ఠሻdiagሺ۾ఠሻୌ൯

.		 7.30	

Through	 simulations	 this	 Equation	 will	 be	 verified	 to	 show	 its	 validity,	 and	 in	 the	 next	

section	 a	 theoretical	 comparison	 to	 the	 other	 techniques	 will	 be	 given	 using	 these	

equations.	

7.4	Direct	Channel	Measurements	81	
7.4	Direct	Channel	Measurements	

The	 ICM	 technique	 was	 designed	 to	 be	 complementary	 to	 the	 time	 extrapolation	

techniques	mentioned	 in	 Chapter	 Six.	 The	 direct	 channel	measurement	 ሺDCMሻ	 technique	

was	 created,	 for	 comparison	 purposes,	 to	 represent	 the	 time	 extrapolators.	 The	 DCM	

technique	follows	a	similar	 formulation	to	the	ICM	technique	but	with	respect	to	the	 time	

domain	 instead	 of	 the	 angular‐frequency	 domain.	 This	makes	 the	 DCM	 technique	 a	 time	

domain	estimator‐extrapolator	similar	to	the	time	extrapolators.	In	comparison	to	the	time	

extrapolator	 techniques	 the	 DCM	 technique	 is	 the	 optimal	 estimator‐extrapolator	 for	 the	

Gaussian	 RV	 channel	 model	 given	 in	 this	 thesis.	 Similar	 to	 the	 SRWC	 technique,	 time	
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extrapolators	often	have	a	step	where	some	type	of	channel	statistics	is	determined.	For	the	

DCM	technique	this	is	not	the	case.	The	second	order	statistic	is	assumed	to	be	known,	and	

it	is	used	to	create	the	estimator‐extrapolator. 

Linear	 time	 domain	 extrapolators	 and/or	 estimators	 like	 the	 DCM	 technique	 have	

similar	 mathematical	 form	 to	 that	 in	 Equation	 6.16.	 As	 mentioned,	 the	 wireless	 channel	

omission	 matrix	 is	 an	 identity	 matrix.	 However,	 this	 time	 the	 received	 signal	 omission	

matrix	takes	a	different	form,	

	 ܚܡ۽ ൌ

ۏ
ێ
ێ
ێ
ۍ
૙ሺ௅మൈ௅೚್ೞೝೡሻ
۷ሺ௅೚್ೞೝೡൈ௅೚್ೞೝೡሻ
૙ሺ௅೚೘೔೟ൈ௅೚೘೔೟ሻ

૙ሺ௅మൈ௅೚್ೞೝೡሻ	 ے
ۑ
ۑ
ۑ
ې
,		 7.31	

where,	

	 ଶܮ ൒ 	,ଵܮ 7.32	

	 ܮ െ ଶܮ ൒ ௢௕௦௥௩ܮ ൒ ܰ,	 7.33	

	 ௢௠௜௧ܮ ൌ ܮ െ ௢௕௦௥௩ܮ െ 	.	ଶܮ2 7.34	

Using	 this	omission	matrix	and	a	similar	Bayes	estimator/extrapolator	as	given	 in	 the	

last	section,	a	Bayes	estimator/extrapolator	for	the	DCM	technique	can	be	created.	

	

݂ ቀܚܐ,௒೤,ఠೖ
ቚ ௒೤,ఠೖ,ܚܡ

ቁ ൌ |௧ሻ۾௄|detሺߨ exp ቐ

	
	
	
	

൬
	
	
	
௒೤,ఠೖ,ܚܐ

െ ௒೤,ఠೖ,ܚܡ
ᇣᇧᇧᇤᇧᇧᇥܚܡ۽

ഘೖ,ܚܡ

ୈେ୑,ఠೖ,ܚܡ۵

	
	
	
൰
ୌ

௧۾
ିଵ

ൈ ቀܚܐ,௒೤,ఠೖ
െ ఠೖ,ܚܡ

ୈେ୑,ఠೖ,ܚܡ۵
ቁ

	
	
	
	

ቑ											

,	 7.35	

where,	

	 ୈେ୑,ఠೖ,ܚܡ۵
ൌ ۵௧ ൌ ܺ௫,ఠೖ

൫ܚܡ۽
୘ ௐೢ܀		 ൯ܚܡ۽		

ିଵ
൫۴ூܚܡ۽൯

ୌ
	,௙۴ூ۾ 7.36	

  ௙۾ ൌ ቂ൫ܴఠ,ఠೖ
௙൯܀

ିଵ
൅ ܺ௫,ఠೖ

ଶ ൫۴ூܚܡ۽൯൫ܚܡ۽
୘ ௐೢ܀		 ൯ܚܡ۽		

ିଵ
൫۴ூܚܡ۽൯

ୌ
ቃ
ିଵ
,  7.37 
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	 ௧۾ ൌ ۴ூ
ୌ۾௙۴ூ,	 7.38	

	 ܺ௫,ఠೖ
ൌ ܺ௫ሺݐ଴, ߱௞ሻ|ሾఛృ,ఛ಼శಸሻ.	 7.39	

The	matrices	۾௙	and	۾௧	are	the	Schur	complements	of	܀௙	and	܀௧	respectively,	and	ܴఠ,ఠೖ
	is	

the	߱௞	diagonal	element	of	the	܀ఠ	covariance	matrix.	Using	Equations	7.35	–	7.39	the	Bayes	

estimator‐extrapolator	can	be	formed,	

	 መܐ ୈେ୑,ఠೖ,ܚ
ൌ னౡ,ܚܡ

۵௧.		 7.40	

Similar	 to	 the	 ICM	technique	 the	 two	accuracy	metrics,	 the	MSE	and	RMSE‐SE,	 can	be	

represented	by	the	following	equations,	

	 መܐܧܵܯ ౉,ഘೖిీ,ܚ
ൌ

ଵ

௅
Trሺ۾௧ሻ.		 7.41	

	 ୈେ୑,ఠೖ,ܚܢ
ൌ ටdiag൫2൫ܴఠ,ఠೖ

௧܀ െ ௧൯۾ ∘ ௧۾ ൅ ሺ۾௧ ∘ ௧۾
∗ሻ ൅ 	diagሺ۾௧ሻdiagሺ۾௧ሻୌ൯

୘
.		 7.42	

With	 these	 metrics,	 the	 DCM	 technique	 provides	 an	 optimal	 method	 similar	 to	 a	 time	

extrapolator	that	can	directly	compared	to	the	ICM	technique.		

 

Figure	7.8:	Jakes’	Model	for	a	max	Doppler	shift	equal	to	1	kHz	and	ࡸ ൌ ૚૙૛૝,	ࡸ૚ ൌ ૟૝,	ࡺ ൌ ૝ૡ,	࢙ࢌ ൌ ૟૛. ૞	۶ܢ.	
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To	give	a	 theoretical	 comparison	a	 Jakes’	Doppler	 spectrum	model	was	used	 ሾ41,	44ሿ.	

This	model	is	also	shown	in	the	Appendix	A.	The	max	Doppler	shift	was	set	to	equal	1	kHz	

and	 the	 respective	 variables	 are	 ܮ ൌ 1024,	 ଵܮ ൌ 64,	 ܰ ൌ 48,	 ௦݂ ൌ 62.5	Hz,	 and	 the	

covariance	matrix	for	these	variables	is	defined	in	the	appendix.	The	frequency	ሺi.e.	Doppler	

spectrum	tapsሻ	are	shown	in	Figure	7.8.	The	Doppler	model	in	this	Figure	was	used	for	the	

frequency	domain	in	Figure	7.9.	For	the	Delay	domain	the	ED	model	in	Figure	7.7	was	used.		

 

Figure	7.9:		Optimal	performance	color	map	of	the	ICM	and	DCM	techniques	for	ED	delay	channel	model	with	a	
slope	decline	of	36	degrees;	and	a	Jakes’	spectral	model	for	the	frequency	taps	with	a	1	kHz	Doppler	shift.	

	The	MSE	comparison	 for	 the	 ICM	and	DCM	estimator‐extrapolator	 is	shown	 in	Figure	

7.9.	The	y‐axis	 is	 the	number	of	coherence	 times	 the	extrapolation	 is	away	 from	the	DCM	

estimates.	The	x‐axis	is	the	number	of	coherence	bandwidths	omitted.	In	this	case	the	MSE	

for	the	DCM	technique	is	the	MSE	value	at	the	time	index	that	corresponds	to	the	respective	

coherence	time.	For	the	ICM	technique	the	MSE	is	the	average	MSE	over	the	central	omitted	

bandwidth.	 	These	MSEs	 are	 color	weighted	 to	 theoretically	 show	what	 conditions	would	

one	 technique	 out	 performs	 the	 other.	 As	 hypothesized,	 in	 the	 case	 of	 a	 DWE	 were	 the	
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extrapolation	 is	 several	 coherence	 times	 away	 from	 the	 estimate	 the	 ICM	 technique	will	

outperform	the	DCM	technique.	

In	this	section	the	ICM	technique	was	compared	to	the	DCM	technique	that	represents	

the	 time	 extrapolators.	 In	 the	 next	 section	 the	 ICM	 technique	 will	 be	 compared	 to	 the	

techniques	with	the	best	and	worst	accuracy	

7.5	No	Channel	and	Full	Channel	Measurements	85	
7.5	No	Channel	and	Full	Channel	Measurements	

The	NCM	and	FCM	techniques	were	created	to	show	two	accuracy	extremes:	the	highest	

amount	 accuracy	 that	 can	 be	 obtained,	 FCM,	 and	 the	 lowest	 level	 of	 accuracy,	 NCM.	 The	

section	will	start	with	the	NCM	technique.			

The	 NCM	 technique	 extrapolates	 the	 channel	 without	 taking	 any	 instantaneous	

measurement	 of	 the	wireless	 channel.	 The	 NCM	 technique	 gives	 a	worst	 case	 estimator‐

extrapolator	for	comparison	with	the	ICM	and/or	DCM	techniques.	If	the	ICM	and/or	DCM	

techniques	 do	 not	 perform	 significantly	 better	 than	 the	 NCM	 technique	 it	 brings	 up	 the	

question	 of	 “why	 to	 make	 a	 measurement	 at	 all?”	 Therefore,	 in	 these	 cases	 neither	

technique	 will	 be	 needed,	 because	 the	 same	 results	 can	 be	 obtained	 without	 making	 a	

measurement.	

In	the	NCM	technique	no	training	signal	is	transmitted	and	the	channel	is	estimated	to	

be	 equal	 to	 Equations	 7.43	 or	 7.44.	 	 This	 is	 a	 completely	 flat	 channel	 in	 the	

angular‐frequency	domain	and	a	delta	function	in	the	delay	domain	

	 መܐ ୒େ୑,௧೗,܋ ൌ √K૚௄,	 7.43	

	 መܐ ୒େ୑,ఠೖ,ܚ
ൌ √K૚௅

୘,	 7.44	
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where	the	variable	૚௄	is	a	ܭ	element	ones	column	vector.	For	the	NCM	as	well	as	the	FCM	

technique	 the	 MSE	 was	 not	 used	 for	 comparison.	 The	 RMSE‐SE	 was	 used	 instead.	 The	

RMSE‐SE	for	the	NCM	technique	is	given	in	Equations	7.45	and	7.46.		

	 ே஼ெ,௧೗,܋ܢ ൌ ටdiag൫2൫ܴ௧,௧೗
ଶ ఠ܀ ∘ ఠ൯܀ െ ఠ൯܀൫ܴ௧,௧೗ܭ2 ൅ 	.ଶ൯ܭ 7.45	

	 ே஼ெ,ఠೖ,ܚܢ
ൌ ටdiag൫2൫ܴఠ,ఠೖ

ଶ ௧܀ ∘ ௧൯܀ െ ൫ܴఠ,ఠೖܭ2
௧൯܀ ൅ 	.ଶ൯ܭ 7.46	

These	equations	are	determined	by	using	Equations	7.28,	7.45,	and	7.46.	

The	final	technique	that	will	be	discussed	in	this	chapter	is	the	FCM	technique.	The	FCM	

technique	uses	all	the	complex	gains	of	the	channel,	۶ு೓to	do	a	Bayes	estimate.	This	is	the	

best	performance	that	can	be	obtained	given	the	conditions	presented	in	this	paper.	

The	 FCM	 technique	 can	 be	 either	 an	 angular‐frequency	 or	 time	domain	 estimator.	 To	

create	 this	 estimator	 Equations	 7.22	 –	 7.25	 or	 7.35	 –	 7.39	 can	 be	 used.	 To	 obtain	 the	

estimator	the	omission	matrices	must	be	identity	matrices.	The	matrix	܋ܡ۽	will	be	a	ܭ ൈ 	ܭ

identity	matrix	and	ܚܡ۽	a	ܮ ൈ 	.7.42	or	7.30	Equation	from	obtained	be	can	RMSE‐SE	The	.ܮ

Using	 the	 same	 ED	model,	 The	 RMSE‐SE	 for	 the	 ICM,	 NCM,	 and	 FCM	 techniques	 are	

shown	 in	 Figure	 7.10.	 	 As	 seen	 in	 the	 figure,	 as	 	௢௠௜௧ܭ increases	 it	 approaches	 the	 NCM	

technique,	and	when	it	decreases	it	approaches	the	FCM	technique.	Note	that	the	frequency	

values	are	normalized	by	the	coherence	bandwidth.	
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Figure	7.10:	MSE	performance	measurements	for	LSEP	without	MP	reduction	and	ICM	technique	for	the	
HIPERLAN/2	Model	A	standard.	

7.6	Summary	87	
7.6	Summary	

In	 this	 chapter	 the	 theory	 supporting	 the	 research	 for	 the	 first	 contribution	has	 been	

given.	 This	 Chapter	 covered	 eight	 different	 estimators	 and/or	 extrapolators.	 These	

estimators	 and/or	 extrapolators	 are	 summarized	 in	 Table	 7.1.	 	 This	 table	 lists	 the	

techniques,	 the	 linear	 estimator	 and/or	 extrapolator	 and	 omission	 matrices,	 and	 the	

theoretical	accuracy	and	inaccuracy	conditions.	The	ICM,	DCM,	NCM,	and	to	some	extent	the	

FCM	 techniques	 will	 be	 used	 in	 the	 rate	 adaption,	 simulation,	 and/or	 experimentation	

chapters	to	follow.	
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Technique	 Type	 Linear	Matrix Omission	
Matrices

Theoretical	Accuracy	and/or	
Inaccuracy	conditions

LSEP	 Ang.‐Freq.	
Extrapolator	

	୐ୗ୉୔,܋ܡ۵
ሺEquation	7.7ሻ	

	܋ܡ۽
ሺEquation	7.3ሻ	

This	technique	is	accurate	when	
	is	multipathሻ	of	ሺnumber	ܯ
small.	Inaccuracy	occurs	

because	of	singularity	issues

LSEP	w/MP	
Reduction	

Ang.‐Freq.	
Extrapolator	

	୐ୗ୉୔\୑୔୰,܋ܡ۵
ሺEquation	7.17ሻ	

	୑୔ୖ۽	and	܋ܡ۽
ሺEquation	7.16ሻ	

This	technique	is	more	accurate	
than	the	LSEP.	It	removes	any	

insignificant	multipath	
components.	This	removes	

some	of	the	singularity	issues.	
However,	MP	reduction	cannot	

be	used	in	multipath	rich	
environments	

SRWC	
Ang.‐Freq.	
domain	

Extrapolator	

	ୗୖ୛େ,܋ܡ۵
ሺEquation	7.11ሻ	

	܋ܡ۽

Not	as	accurate	as	the	LSEP	
technique	because	it	is	not	the	
true	MLE	or	LS	of	the	entire	
channel.	By	breaking	the	
channel	into	sub	bands	it	

magnifies	the	singularity	issues	
with	LS	

SRWC	w/MP	
Reduction	

Ang.‐Freq.	
Domain	

Extrapolator	

ୗୖ୛େ\୑୔୰,܋ܡ۵

ሺEquation 7.19ሻ
	୑୔ୖ۽	and	܋ܡ۽

Not	as	accurate	to	the	LSEP	
w/MP	reduction	for	the	same	

reason.	

ICM	
Ang.‐Freq.	
Domain	

Extrapolator	

۵ఠ
ሺEquation	7.23ሻ

	܋ܡ۽
Is	most	accurate,	in	comparison	

to	the	DCM,	in	DWEs.

DCM	 Time	Domain	
Extrapolator	

۵௧
ሺEquation	7.36ሻ

ܚܡ۽

ሺEquation	7.31ሻ
Is	most	accurate,	in	comparison	

to	the	ICM,	in	non	DWEs.

NCM	
Ang.‐Freq.	and	
Time	Domain	
Extrapolator	

Constant	value ૙ሺோ௢௪ൈ஼௢௟ሻ
Most	inaccurate	under	all	

conditions.	

FCM	
Ang.‐Freq.	or	
Time	Domain	
Extrapolator	

۵ఠ or	۵௧ ܋ܡ۽ or	ܚܡ۽
Most	accurate	under	all	

conditions.	

Table	7.1:	Summary	of	the	estimators	and/or	extrapolators	in	Chapter	Seven.	
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CHAPTER	EIGHT	89[1‐109]	
	

CHANNEL MEASUREMENT AND 
RATE ADAPTATION 

	

8.1	Introduction	89	
8.1	Introduction	

It	 has	 been	 stated	 that	 the	 introduction	 of	 the	 concept	 of	 “cognitive	 radio”	 in	 the	

wireless	 communication	 community	 has	 stimulated	 significant	 interest	 in	 recent	 years.	

Cognitive	 radios	 can	 improve	 	 the	 effectiveness	 of	 radios	 and	 networks	 of	 radios	 ሺRNEሻ,	

such	as	having	 larger	network	capacities,	higher	data	 rates,	 and	better	 reliability	 through	

using	adaptive	or	multirate	OFDM,	water‐filling,	and	many	other	rate	adaptation	techniques	

ሾ1‐5,	7‐10ሿ.	In	this	thesis	rate	adaptation	techniques	are	defined	as	any	method	that	varies	

the	transmission	parameters	to	change	the	data	rate	based	on	the	channel	state	information	

ሺCSIሻ.	

This	 chapter	 will	 cover	 a	 rate	 adaptation	 system	 created	 for	 the	 purpose	 of	 this	

research.	 The	 rate	 adaptation	 system	 in	 this	 research	 was	 design	 to	 give	 a	 generic	

framework	for	which	the	ICM,	DCM	and/or	NCM	techniques	could	be	deployed.	This	generic	
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system	 can	 be	 further	 adapted	 to	 better	 suit	 the	 particular	 needs	 are	 requirement	 of	 an	

actual	 rate	 adaptation	 system.	This	 chapter	will	 also	give	 the	 reader	 tools	 to	use	 to	make	

decisions	in	how	to	design	a	rate	adaptation	system.	The	tools	presented	in	this	chapter	are	

metrics	developed	during	 the	 course	of	 this	 research	 that	 can	be	used	and/or	adapted	 to	

compare	the	ICM,	DCM,	and	some	cases	NCM	techniques.	

The	 structure	 of	 this	 chapter	 is	 as	 follows:	 in	 the	 first	 section	 three	 types	 of	 rate	

adaptation	 systems	 will	 be	 given	 along	 with	 a	 block	 diagram	 that	 illustrates	 how	 the	

respective	wireless	communication	system	works.	Two	of	the	types	will	be	rate	adaptation	

systems	that	use	the	ICM	or	DCM	technique.	Also,	this	section	will	progressively	show	why	

each	 system	 is	 needed	 with	 respect	 to	 the	 dynamic	 nature	 of	 dynamic	 wireless	

environments	ሺDWEsሻ.	

The	 second	 section	 will	 talk	 about	 the	 first	 metrics	 in	 this	 chapter	 the	 information	

update	time	ሺIUTሻ	and	the	information	expiration	time	ሺIETሻ.	The	IUT	and	IET	are	not	only	

relevant	to	rate	adaptation.	These	metrics	can	be	adapted	and	used	in	other	context	as	well.	

This	chapter	also	cover	metrics	that	are	only	germane	to	rate	adaptation.	These	metrics	are	

covered	 in	 the	 fourth	 section	 of	 this	 chapter,	 but	 before	 these	metrics	 are	 covered.	 	 The	

practical	rate	adaptation	scenario	used	in	this	research	is	presented	in	the	third	section.	

The	 IUT,	 IET,	 and	 the	 rate	 adaptation	 metrics	 are	 purposely	 given	 as	 tools	 or	

“blueprints”	for	tools	that	can	aid	the	reader	in	creating	a	rate	adaptation	system	for	actual	

use.	 In	this	chapter	these	tools	will	not	be	used	in	a	way	that	directly	indicates	if	the	ICM,	

DCM,	 or	 NCM	 technique	 is	 best	 for	 rate	 adaptation,	 because	 that	 is	 not	 the	 scope	 of	 this	

thesis.	However,	 in	Chapter	Nine	the	IUT	and	IET	will	be	used	to	show	which	of	the	three	

techniques	is	best	based	on	these	metric,	dynamic	nature	of	the	DWE,	and	other	factors.											
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8.1	Types	of	Rate	Adaptation	Systems	91	
8.2	Types	of	Rate	Adaptation	Systems		

There	are	 three	 types	of	 rate	 adaptation	 systems	 that	 are	presented	 in	 this	 section:	 a	

system	that	uses	present	ሺin‐bandሻ	IB	CSI	to	adapt	the	transmission	data	rate,	a	system	that	

uses	past	and/or	present	 IB	CSI	ሺthis	system	uses	 the	DCM	techniqueሻ,	and	a	system	that	

uses	present	OOB	CSI	ሺthis	system	uses	the	ICM	techniqueሻ.	

A	 wireless	 communication	 system	 that	 uses	 that	 uses	 the	 present	 CSI	 to	 adapt	 the	

transmission	data	rate	is	shown	in	Figure	8.1.	This	is	the	desired	situation:	having	a	system	

that	can	send	back	the	present	CSI	while	the	transmitter	is	still	transmitting	the	present	rate	

adapted	 signal.	 Note	 Figure	 8.1	 uses	 the	 color	 scheme	 in	 Figure	 4.1,	 but	 the	 light	 blocks	

represent	training	signals	and	each	block	contains	multiple	total	coherence	blocks.		

In	 Figure	 8.1	 the	 transmitter	 is	 transmitting	 the	 present	 rate	 adapted	 signal.	 The	

receiver	extracts	the	rate	adapted	data,	uses	the	training	signal	to	estimate	the	channel	and	

determine	 the	 rates,	 and	 feeds	 this	 information	 back	 to	 the	 transmitter.	 The	 transmitter	

processes	this	information	and	determines	the	CSI	and/or	rates	that	the	receiver	calculated,	

and	uses	this	information	for	rate	adaptation	and	makes	the	adjustments.	

 

Figure	8.1:	A	block	diagram	of	a	rate	adaptation	system	that	uses	present	CSI	observed	at	the	receiver.	
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The	use	of	present	CSI	to	control	rate	adaptation	is	effective	only	if	the	DWE	is	slightly	

dynamic.	A	slightly	dynamic	DWE	means	that	the	channel	is	varying	very	slowly	or	virtually	

not	at	all	compared	with	the	time	it	takes	to	feedback	and	process	the	CSI,	and	the	channel	

changes	can	be	neglected.	Slightly	dynamic	DWEs	are	also	an	indication	of	very	slow	fading.	

However,	when	the	variations	of	the	channel	on	this	time	scale	cannot	be	neglected,	fading	

prediction	 techniques,	 similar	 to	 time	 extrapolators	 in	 this	 research,	 can	be	used	 ሾ64,	 65,	

107ሿ.	This	 is	 true	 in	 the	 case	of	moderately	dynamic	DWEs.	Note,	 in	moderately	dynamic	

DWEs	 the	wireless	 channel	 can	 be	 viewed	 as	 a	 slow	or	 fast	 fading	 channel.	 Therefore,	 in	

slow	 or	 fast	 fading	 wireless	 channels	 in	 moderately	 dynamic	 DWEs	 the	 variation	 of	 the	

channel	 cannot	 be	 neglected	 and	 time	 extrapolation	 techniques	 must	 be	 used.	 Time	

extrapolation	 techniques	 require	 the	 system	 to	 have	 some	 type	 of	 channel	 state	memory	

and	 some	 type	 of	 extrapolation	 algorithm.	 In	 this	 thesis	 the	 DCM	 technique	 is	 used	 to	

represent	time	extrapolation	techniques,	and	the	block	diagram	of	the	DCM	rate	adaptation	

system	is	given	in	Figure	8.2.		

 

Figure	8.2:	A	block	diagram	illustrating	the	procedure	in	which	a	rate	adaption	scheme	using	the	DCM	technique	
update	the	CSI	at	the	transmitter.	
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In	 Figure	 8.2,	 the	 transmitter	 has	 begun	 to	 send	 the	 future	 rate	 adapted	 signal.	 The	

Receiver,	using	the	present	and	past	training	symbols	implements	the	DCM	technique	and	

sends	 the	 future	 feedback	 information	 to	 the	 transmitter.	 Therefore,	 the	 transmitter	 can	

successfully	adapt	to	the	channel	in	moderately	dynamic	DWEs.		

Thus	far	the	dynamic	nature	of	the	DWEs	has	been	shown	to	be	slightly	or	moderately	

dynamic.	In	slightly	or	moderately	dynamic	DWEs	the	DCM	technique	will	work.	However,	if	

the	DWE	is	very	dynamic	the	DCM	technique	cannot	accurately	extrapolate	the	CSI	beyond	a	

particular	time	index,	limiting	the	time	into	the	future	in	which	extrapolations	can	be	made.	

This	 gives	 a	 time	 interval	 for	 which	 the	 DCM	 technique	 can	 be	 deemed	 accurate	 with	

respect	 to	 the	 RMSE‐SE	 and	 compared	 to	 the	 lowest	 accuracy	 level.	 The	 lowest	 accuracy	

level	is	the	accuracy	of	the	NCM	technique.	At	these	accuracy	level	the	DCM	technique	is	not	

need	to	do	rate	adaptation	the	NCM	technique	can	be	used.		

The	DCM	technique	is	inaccurate	in	very	dynamic	DWE	because	in	very	dynamic	DWEs	

the	wireless	channel	changes	very	fast	 in	comparison	to	the	time	it	 takes	 to	 feedback	and	

process	CSI.	This	 is	 indicative	of	 a	 very	 fast	 fading	 channel.	Note	 this	does	not	mean	 that	

DCM	techniques	cannot	be	used	in	DWEs	that	are	very	dynamic.	This	means	that	for	part	of	

the	rate	adapted	signal	the	accuracy	will	be	at	its	lowest	and	for	all	or	that	part	of	the	signal	

instead	of	using	the	DCM	technique	the	NCM	technique	could	be	used	for	all	or	part	of	the	

extrapolation	process.	

One	 of	 the	ways	 to	 address	 this	 feedback	 delay	 issue	 is	 to	 limit	 the	 information	 that	

needs	 to	 be	 sent	 back	 to	 the	 transmitter	 which	 also	 reduces	 the	 accuracy	 of	 the	 DCM	

technique.	This	thesis	will	not	cover	limited	feedback	channels	ሾ14ሿ.	Instead	the	use	of	the	

ICM	technique	will	be	considered	as	way	to	resolve	this	 issue.	Consequently,	comparisons	
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will	be	made	between	the	ICM	technique	and	a	DCM	technique	that	does	not	limit	feedback	

information.	

Figure	8.3	shows	a	block	diagram	that	uses	the	ICM	technique	to	obtain	the	CSI.	By	using	

the	ICM	technique	radios	and	networks	can	significantly	reduce	the	time	it	takes	to	update	

the	 CSI.	 This	 is	 done	 by	 removing	 the	 need	 to	 send	 any	 feedback	 information	 from	 the	

receiver	about	the	transmitted	signal.	Instead,	the	receiver	sends	training	information	in	the	

adjacent	wireless	OOB	 channels	while	 the	 present	 rate	 adapted	 signal	 is	 being	 sent.	 This	

allows	 for	 a	 virtually	 instantaneous	update	of	 the	CSI	 limited	 only	by	 the	 time	 it	 takes	 to	

transmit	 and	 process	 the	 training	 signal	 from	 the	 receiver.	 Since	 it	 still	 takes	 time	 to	

transmit	 and	 process	 the	 training	 signal,	 algorithms	 based	 on	memory	 and	 extrapolation	

may	 still	 be	 useful.	 However,	 for	 this	 thesis,	 the	 time	 delay	 is	 assumed	 to	 be	 less	 than	 a	

coherence	time,	and	the	memory	and	extrapolation	from	the	ICM	scheme	is	omitted.		

 

Figure	8.3:	A	block	diagram	illustrating	the	procedure	in	which	a	rate	adaption	scheme	using	the	ICM	technique	
update	the	CSI	at	the	transmitter.	
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8.3	Information	Update	and	Expiration	Times	95	
8.3	Information	Update	and	Expiration	Times	

The	issues	with	updating	the	CSI	can	be	quantify	using	two	metrics.	The	time	it	takes	to	

update	the	information	for	the	rate	adaptation,	referred	to	as	the	information	update	time	

ሺIUTሻ.	The	 IUT	 can	be	 caused	by	different	delay	 sources	 and	 can	probably	be	quantify	 in	

many	ways,	but	in	this	thesis	it	will	be	quantified	as	the	number	of	coherence	times	it	takes	

to	update	the	transmitter.		

The	second	metric	is	the	information	expiration	time	ሺIETሻ.	The	IET	is	the	period	of	time	

for	which	the	CSI	remains	valid.	If	the	time	it	takes	to	obtain	the	new	information,	the	IUT,	is	

greater	than	the	lifetime	of	the	information,	the	IET,	the	rate	adaption	technique	will	not	be	

most	effective	in	its	goal.	In	this	discussion,	the	IET	will	also	be	given	in	coherence	times.		

In	the	case	of	a	rate	adaptation	technique	that	uses	the	ICM	technique,	the	approximate	

IUT	is	given	by	

	 ܷܫ ூܶ஼ெ ൌ
௕೅ೃ
ோ೅ೃ

൅ ߬௘,	 8.1	

where	்ܾோ	is	the	number	of	bits	in	the	training	sequence,	்ܴோ	is	the	bit	rate	of	the	training	

sequence	ሺbits/coherence	timeሻ,	and	߬௘	is	the	electronic	processing	time.	

In	contrast,	the	IUT	for	the	DCM	technique	is	

	
ܷܫ ஽ܶ஼ெ ൌ

௕೅ೃ
ோ೅ೃ

൅ ߬௘ ൅
௕ವ಴ಾ
ோವ಴ಾ

ൌ ܷܫ ூܶ஼ெ ൅
௕ವ಴ಾ
ோವ಴ಾ

,		 8.2	

where	 ܾ஽஼ெ	 is	 the	 number	 of	 information	 and	 overhead	 bits	 needed	 to	 be	 sent	 to	 the	

transmitter	to	update	the	CSI,	and	ܴ஽஼ெ	is	the	feedback	bit	rate	ሺbits/coherence	timeሻ.	It	is	

also	assumed	that	the	total	electronic	processing	delays	are	comparable	in	the	DCM	and	ICM	
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schemes,	 even	 though	 the	 computation	 may	 be	 split	 between	 the	 receiver	 and	 the	

transmitter	in	the	DCM	technique,	while	taking	place	entirely	at	the	transmitter	for	the	ICM	

technique.	 In	 the	 following	discussion	 it	will	 also	be	assumed	 that	 the	systems	have	been	

designed	so	that	the		ܷܫ ூܶ஼ெ	is	much	less	than	one	coherence	time,	such	that		

	 ܷܫ ூܶ஼ெ ൎ 0,	 8.3	

	 ܷܫ ஽ܶ஼ெ ൎ
௕ವ಴ಾ
ோವ಴ಾ

.	 8.4	

The	 IET	 for	 the	 ICM	 case	 without	 memory	 or	 extrapolation	 is	 simply	 one	 coherence	

time,	 or	 ܧܫ ூܶ஼ெ ൌ 1.	 In	 contrast,	 IET	 for	 the	DCM	case	 is	 define	 as	 the	 time	 interval	 over	

which	the	DCM	performance	is	superior	to	a	particular	ICM	comparison	case.	For	example,	

referring	to	the	case	illustrated	in	Figure	7.9,	a	rate	adaptation	system	that	deploys	the	ICM	

technique	and	omits	14.6	coherence	bandwidths	 is	compared	 to	a	rate	adaptation	system	

that	uses	 the	DCM	technique.	 In	 this	 case	 the	DCM	technique	performs	better	 for	about	3	

coherence	 times,	 and	 ܧܫ ஽ܶ஼ெ ൎ 3.	 On	 the	 other	 hand	 if	 the	 system	 that	 uses	 the	 DCM	

technique	 is	 compared	 with	 a	 system	 that	 uses	 ICM	 technique	 with	 30	 coherence	

bandwidths	omitted,	then	ܧܫ ஽ܶ஼ெ ൎ 4.	

The	 DCM	 technique	 is	 also	 affected	 by	 the	 number	 of	 coherence	 times	 of	 measured	

values	 stored	 in	 memory	 and	 used	 in	 the	 extrapolation	 process.	 In	 Figure	 7.9	 the	 rate	

adaptation	system	must	store	32	coherence	times	of	measured	values	 in	memory	and	use	

all	these	values	in	the	extrapolation	process.	Maintaining	this	amount	of	information	could	

be	 difficult.	 So	 at	minimum,	 it	 is	 assume	 that	 the	DCM	 technique	 can	 at	 least	 collect	 one	

coherence	time	of	measured	values	and	use	it	in	the	extrapolation	process.	So	at	minimum,	

changing	 the	memory	 to	one	coherence	 time	and	keeping	 the	other	values	used	 to	create	
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Figure	7.9	the	same,	Figure	8.4	can	be	created.	So,	if	a	rate	adaptation	system	that	uses	the	

DCM	technique	in	Figure	8.4	is	compared	to	a	system	that	uses	the	ICM	technique	with	14.6	

coherence	 times	 omitted,	 then	 ܧܫ ஽ܶ஼ெ ൎ 1.5,	 and	 for	 an	 ICM	 technique	 that	 omits	 30	

coherence	times		ܧܫ ஽ܶ஼ெ ൎ 2.25.			

 

Figure	8.4:		Optimal	performance	color	map	of	the	ICM	and	DCM	techniques	for	ED	delay	channel	model	with	a	
slope	decline	of	36	degrees;	and	a	Jakes’	spectral	model	for	the	frequency	taps	with	a	1	kHz	Doppler	shift.	

IET	also	imposes	a	minimum	data	rate	requirement	for	the	DCM	feedback	channel.	The	

minimum	data	rate	requirement	is	shown	in	the	inequality	in	Equation	8.5,	

	

ܷܫ ஽ܶ஼ெ ൑ ܧܫ ஽ܶ஼ெ
ோವ಴ಾ
ఘ܀೟

൒
௕ವ಴ಾ

ఘ܀೟	ூா்ವ಴ಾ

⇓
Minimum
Feedback
Bit	Rate

	ൌ
௕ವ಴ಾ

ఘ܀೟ூா்ವ಴ಾ

.		 8.5	

The	previous	case	where	the	DCM	technique	had	limited	memory	and	the	ICM	technique	

omitted	14.6	coherence	times	will	be	used	to	do	an	example	calculation	of	the	minimum	bit	

rate.	The	variable	ܾ஽஼ெ	is	determined	from	Equation	8.6,	
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	 ܾ஽஼ெ ൌ 	.ۀ௢௠௜௧ሻܭ௦௖ሺ2ܾڿ 8.6	

Equation	8.6	takes	into	account	the	number	of	subcarriers	for	which	information	is	needed.	

The	variable	 ௌܾ஼	is	the	number	of	information	and	overhead	bits	needed	per	subcarrier.	In	

this	 case	 it	 has	 already	 been	 shown	 that	 ௢௠௜௧ܭ ൌ 32,	 ܧܫ ஽ܶ஼ெ ൌ 1.5,	 and	 ೟܀ߩ ൌ 0.125	ms.	

Chapter	Seven	explains	ܭ௢௠௜௧,	and	Chapter	Seven	and	Four	explain	܀ߩ೟.	The	variable	ܾ௦௖	is	

proportional	to	the	amount	adaptation	present	in	the	rate	adaptive	system.	So	the	lower	the	

number	of	bit	the	less	adaptation	there	is	in	the	system.	In	this	case	ܾ௦௖	is	set	to	equal	4	bits.	

Using	Equation	8.6,	ܾ஽஼ெ ൌ 384.	Therefore,	the	minimum	ܴ஽஼ெ	is	256	bits/coherence	time	

or	2048	kb/s.		

Note	that	 in	addition	to	 information	bits,	ܾ஽஼ெ	may	also	include	overhead	bits	needed	

for	 synchronization,	 communication	 with	 multiple	 users,	 and	 other	 things	 needed	 for	

control.	Accommodation	of	this	feedback	link	within	the	IB	channel	will	necessarily	reduce	

the	data	 rate	 of	 the	 forward	 channel,	 for	 example,	 by	 interrupting	 the	 channel	 in	 time	or	

dedicating	 some	portion	of	 the	 spectrum	 to	 the	 feedback	 channel.	Another	option	 for	 the	

feedback	channel	is	to	use	a	non‐existing	infrastructure.	To	implement	such	a	link	could	be	

expensive	ሾ14ሿ.		

8.4	Practical	Scenario	98	
8.4	Practical	Scenario	

There	are	many	available	papers	on	rate	adaption	ሾ7‐9,	15,	64,	109‐111ሿ.	In	this	thesis	

the	 focus	 will	 not	 be	 on	 the	 rate	 adaption	 algorithm	 itself,	 even	 though	 a	 rate	 adaption	

algorithm	 will	 be	 presented.	 Instead,	 the	 focus	 will	 be	 on	 how	 the	 ICM	 technique	 can	

improve	rate	adaptation	given	the	algorithm.	
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	To	visualize	these	adaptive	ideas	in	a	cognitive	radio	context	the	following	scenario	is	

presented.	These	ideas	and	scenarios	were	created	for	this	research.	In	this	scenario	there	

exists	a	cognitive	radio	network	operating	in	a	DWE.	There	are	many	things	that	can	change	

the	state	of	 the	wireless	environment,	but	 in	 this	 scenario	and	 thesis	 the	 focus	will	be	on	

fading	and	multipath.	

Continuing	 with	 the	 scenario,	 the	 cognitive	 radio	 network	 has	 many	 end‐to‐end	

objectives,	 but	 for	 this	 scenario	 it	 will	 exclusively	 focus	 on	 the	 objectives	 of	 obtaining	 a	

particular	data	rate	or	link	quality	between	radios	within	the	network	ሾ1‐5,	25,	26ሿ.	

Similar	to	the	end‐to‐end	objective	there	are	several	techniques	that	a	cognitive	radio	or	

radio	network	could	use	to	meet	its	objectives	ሾ1‐5,	25,	26ሿ.	However,	in	this	scenario	rate	

adaptation	will	be	used.	More	specifically,	an	adaptive	modulation	technique	for	SISO‐OFDM	

will	be	used.	

In	order	to	perform	these	adaptations	at	rates	comparable	to	that	of	the	dynamic	nature	

of	the	wireless	environment,	the	CSI	must	be	known.	The	process	of	obtaining	the	CSI	is	as	

follows:	 first	 the	 network	 or	 radio	 collects	 measurements	 through	 sensing	 the	 wireless	

environment	and	over	time	learning	the	SCSI.	Through	its	continuous	sensing,	the	network	

or	 radios	 can	 use	 ICSI	 and	 SCSI	 to	 learn	 how	 to	 adapt	 the	 transmitted	 or	 received	

waveforms	to	best	suit	the	end‐to‐end	objective	of	the	network	or	radio.	The	SCSI	obtained	

from	 this	 continuous	 long‐term	 sensing	 process	 is	 the	 covariance	 matrices,	 and	 SNR	 or	

SNIR.	

In	this	scenario,	the	network	is	assumed	to	have	a	star	topology.	In	the	network	there	is	

a	base	station	or	access	point	and	multiple	user	nodes.	In	the	network	the	OOB	channel	is	
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used	 for	 downlink	 ሺDLሻ	 communication	 and	 the	 IB	 channel	 is	 used	 for	 uplink	 ሺULሻ	

communication,	making	 the	 radios	 full	 duplexed.	 For	 this	 scenario	 it	 is	 assumed	 that	 the	

feedback	channel	is	not	only	used	to	send	shared	information	in	the	DCM	case	but	it	is	also	

used	 to	 send	 shared	 information	 for	 the	 rate	 adaptation	or	 for	 any	other	 cognitive	needs	

unmentioned	 ሾ1,	 3ሿ.	 Figure	 8.5	 shows	 the	 channel	 and	 network	 configuration	 explained.	

This	configuration	will	be	the	same	for	the	ICM,	DCM,	and	NCM	techniques.	The	depiction	of	

the	 wireless	 link	 does	 not	 show	 the	 feedback	 link.	 It	 is	 assumed	 that	 the	 feedback	 link	

carries	negligible	information	compared	to	the	data.	

 

Figure	8.5:	Graphical	depiction	of	the	DWE	and	wireless	channel	for	one	link.	

In	Figure	8.5	the	sensor	nodes	are	the	part	of	the	cognitive	radio	network	that	obtains	

the	SCSI	over	the	long‐term	sensing	process	explained	earlier.	The	sensor	nodes	may	have	

other	sensing	and/or	learning	responsibilities	not	mentioned	in	this	thesis	ሾ1,	3,	23ሿ.	Note	

with	the	wireless	link,	the	color	scheme	is	similar	to	the	color	scheme	in	Figure	4.1,	and	as	

before	the	lighter	blocks	represent	the	training	symbols	and	each	block	represents	multiple	
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total	coherence	blocks.	Also	note,	with	the	assumption	of	reciprocity,	the	wireless	channel	

model	for	the	future	OOB	downlink	is	the	same	as	the	future	IB	uplink.			

Table	 8.1	 goes	 into	 more	 detail	 about	 usage	 of	 the	 respective	 parts	 of	 the	 wireless	

channel	by	the	three	techniques,	and	gives	an	overview	of	what	performance	to	expect	in	a	

rate	adaptation	system	that	applies	one	of	the	three	techniques	in	the	given	scenario.	This	

table	 will	 also	 cover	 the	 pros	 and	 cons	 for	 each	 technique.	 These	 pros	 and	 cons	 will	 be	

highlighted	in	the	simulations	of	these	techniques	as	well.	This	table	also		

Technique	

Wireless	Channel	Usage

Pros	 Cons
	

ICM	 Does	not	use	this	
information	

Uses	the	training	
symbols,	the	
future	training	
symbols	are	used	

when	they	
become	present	
training	symbols	

Extrapolates	the	
optimal	data	
rates	at	their	
respective	

present	times	

 Always	has	the	
respective	
present	ICSI	

 Provides	high	
accuracy	in	
very	dynamic	
cases	

 Memory	of	
training	syms.	
is	not	needed	

 Needs	minimal	
additional	
control

 May	require	
the	OOB	
channel	
bandwidth	to	
be	much	larger	
than	the	IB	
channel	
bandwidth	

 May	only	work	
for	IB	channels	
with	small	
bandwidths

DCM	 Uses	the	training	
symbols	

Does	not	use	this	
information	

Extrapolates	the	
optimal	data	rate	
for	present	OR	
future	data.		

 No	IB	channel	
bandwidth	
limitations	

 Very	accurate	
for	present	
ICSI

 Requires	past	
memory

 Not	very	
accurate	for	
future	ICSI	

 May	require	a	
lot	of	control	

NCM	 Does	not	use	this	
information	

Does	not	use	this	
information	

Assumes	
constant	data	

rate	based	on	the	
current	SNR

 Minimum	
control	needed	

 No	training	is	
required	for	
rate	adapting	

 Less	complex	

 ICSI	used	is	
inaccurate	

	

Table	8.1:	ICM,	DCM,	and	NCM	techniques	channel	usage	and	pros	and	cons	for	rate	adaptation.	

Past	IB/UL	
Present	OOB/DL
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Present	IB/UL
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In	the	next	section	the	details	of	the	rate	adaptation	used	for	the	scenario	are	discussed.	

There	will	also	be	some	metrics	given	that	can	be	used	to	compare	these	techniques	for	the	

given	scenario.	

8.5	Rate	Adaptation	Mathematical	Theory	102	
8.5	Rate	Adaptation	Mathematical	Theory	

It	has	been	stated,	 the	cognitive	radio	network	objective	 is	 to	obtain	a	particular	data	

rate	or	link	quality.	Therefore	the	goal	for	the	rate	adaptation	is	to	obtain	a	target	average	

bit	error	rate	ሺBERሻ	or	a	target	average	bit	per	subcarrier	ሺBPSሻ.	The	idea	behind	this	is	that	

a	cognitive	radio	network	may	need	to	adjust	its	transmission	to	meet	certain	reliability	or	

capacity	 requirements	 to	 obtain	 radio	 network	 effectiveness,	 such	 as:	 quality	 of	 service,	

efficiency,	and	many	other	unmentioned	metrics.	 In	place	of	 the	average	BER	the	average	

bits	in	error	ሺBIEሻ	will	be	used	because	it	is	easier	to	use	in	a	summation	series	and	this	will	

become	obvious	later.	

Equations	to	calculate	the	average	BIE	and	BPS	will	be	provided	to	aid	in	this	decision	

process	 for	 cognitive	 radios.	 Before	 getting	 to	 these	 equations,	 the	 rate	 adaptation	

algorithm	must	be	given.	As	noted,	this	thesis	will	not	make	any	claims	on	the	novelty	of	this	

rate	 adaptation	 algorithm	 or	 make	 any	 comparisons	 to	 other	 algorithms.	 The	 algorithm	

presented	 here	 is	 an	 unpublished	 algorithm	 designed	 by	 the	 author.	 However,	 the	

contribution	 lies	 in	 the	equations	 created	 to	 show	 the	performance	of	 the	 ICM,	DCM,	 and	

NCM	techniques,	and	the	metrics	used	to	make	the	decision	on	which	technique	is	best.	

	It	 is	assumed	that	cognitive	radios	can	choose	between	13	different	QAM	modulation	

schemes	 that	 would	 allow	 them	 to	 transmit	 between	 0	 and	 12	 bits	 on	 each	 sub‐carrier	

independently.	In	other	words,	the	decision	of	what	modulation	scheme	to	use	is	made	per	
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sub‐carrier.	 This	 is	 done	 by	 first	 taking	 the	 estimated	 or	 extrapolated	 envelope	 of	 the	

respective	channel	at	that	subcarrier.	Note	these	equations	will	not	be	presented	in	matrix	

form	for	all	subcarriers	but	could	be	easily	adapted	for	ease	of	calculation.	

Squared	Envelopes	and	Rate	Adaptation	Thresholds	103	

One	of	the	most	important	things	to	know	for	rate	adaptation	is	the	squared	envelope	of	

the	channel.	The	actual	or	extrapolated	squared	envelope	 is	 calculated	 from	the	actual	or	

extrapolated	 channel	 respectively.	 The	 actual	 and	 extrapolated	 envelope	 for	 a	 particular	

subcarrier	߱௞	and	time	index	ݐ௟	is,	

	
,௟ݐு೓ሺܧ ߱௞ሻ ൌ หܪு೓ሺݐ௟, ߱௞ሻห

ଶ

ൌ หܪ෡ு೓ሺݐ௟, ߱௞ሻ ൅ ෡ܹௐೢ ሺݐ௟, ߱௞ሻห
ଶ,	 8.7	

	 ,௟ݐ෠ு೓ሺܧ ߱௞ሻ ൌ หܪ෡ு೓ሺݐ௟, ߱௞ሻห
ଶ
.		 8.8	

The	 optimal	 way	 to	 obtain	 the	 extrapolated	 squared	 envelope	 for	 the	 ICM	 and	 DCM	

technique	is	to	change	the	loss	function	for	the	Bayesian	statistical	analysis	to	the	square	of	

the	RMSE‐SE	 given	 in	Equation	7.29.	 By	doing	 this,	 the	 optimal	 estimate	 to	minimize	 the	

RMSE‐SE	becomes	

	 ,௟ݐ෠ு೓ሺܧ ߱௞ሻ ൌ หܪ෡ு೓ሺݐ௟, ߱௞ሻห
ଶ
൅ ௅ܲாாሺݐ௟, ߱௞ሻ.		 8.9	

The	variable	 ௅ܲாாሺݐ௟, ߱௞ሻ	is	the	MSE	for	the	respective	time	and	angular‐frequency	indices,	

determined	 from	 the	 Schur	 complement	 for	 the	 respective	 linear	 estimator/extrapolator.	

However,	this	insight	occurred	after	the	simulations	presented	in	this	thesis,	and	have	not	

been	verified	through	simulation.	

The	squared	envelope	is	used	to	obtain	the	square	root	of	the	SNR.	The	decision	on	the	

modulation	 scheme	 to	 select	 is	 made	 by	 using	 the	 calculated	 value	 of	 the	 actual	 and	

extrapolated	SNR,	but	the	square	root	is	presented	in	Equations	8.10	and	8.11,	
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	 ௟ܵ,௞ ൌ
ଵ

√௄ఙ܅ᇣᇤᇥ
഑಼܅

ටܧு೓ሺݐ௟, ߱௞ሻ.		 8.10	

	 መܵ௟,௞ ൌ
ଵ

ఙ಼܅
ටܧ෠ு೓ሺݐ௟, ߱௞ሻ.		 8.11	

The	reason	for	using	the	square	root	is	to	make	the	RVs	 ௟ܵ,௞	and	 መܵ௟,௞	Rayleigh	or	Rician	

distributions.	 If	 the	 SNR	 value	 is	 between	 a	 particular	 set	 of	 SNR	 thresholds	 a	 certain	

modulation	 scheme	 will	 be	 used.	 There	 are	 multiple	 threshold	 values	 to	 give	 the	 radio	

options	in	order	to	pick	the	desired	BIE	and	BPS.	

These	threshold	values	are	obtained	by	setting	a	targeted	BER	limit.	Note,	this	is	not	the	

BER	for	the	subcarrier	but	just	a	limit	used	to	select	the	SNR	thresholds.	In	this	thesis	there	

will	be	67	BER	limits	between	ሾ10ି଻, 10ି଴.ସሿ.	The	thresholds	for	each	of	these	BER	limits	are	

given	in	Appendix	B	in	the	form	of	a	look‐up	table.	For	each	of	these	limits	12	SNR	threshold	

values	 are	determined	by	 selecting	 the	SNR	value	where	 the	BER	 for	 the	 respective	QAM	

schemes	will	be	under	the	selected	BER	limit.	For	zero	bits	the	BER	is	undefined.	

	 		࢐
	 	࢏

Modulation	Schemes

00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

00	 11.31	 14.32	 19.03	 21.22 25.32 27.37 31.35 33.37 37.33 39.34	 43.30 45.31

01	 11.24	 14.25	 18.96	 21.15 25.25 27.30 31.28 33.30 37.25 39.27	 43.22 45.23

02	 11.16	 14.17	 18.89	 21.07 25.17 27.22 31.20 33.22 37.17 39.19	 43.14 45.15

03	 11.09	 14.10	 18.81	 21.	00 25.10 27.14 31.12 33.14 37.09 39.11	 43.06 45.07

Table	8.2:	Partial	SNR	threshold	look‐up	table.	
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Table	8.2	shows	a	part	of	the	SNR	look‐up	table	that	is	in	the	appendix.	In	this	table,	the	

SNR	 thresholds	are	 rounded	 to	 the	 second	decimal	place.	 In	practice,	 this	value	will	 have	

greater	 arithmetic	 precision.	 The	 index	 ݅	 represents	 the	 ݅୲୦	 BER	 limit,	 and	 the	 index	 ݆	

represents	the	݆୲୦	SNR	bound.	Therefore,	the	݅‐݆୲୦	SNR	threshold,	ܳ௜,௝,	is	with	respect	to	the	

corresponding	BER	limit	and	SNR	bound.	

Rate	Adaptation	Metrics	105	

There	are	three	types	of	rate	adaptation	metrics	created	for	this	research.	The	first	two	

that	 have	 been	 mentioned	 earlier	 are	 the	 BPS	 and	 BIE,	 and	 the	 third,	 which	 will	 be	

presented	 in	 this	 subsection,	 is	 the	probability	 of	 obtaining	 a	 target	BPS	 and	BER	on	 any	

given	 subcarrier	 at	 a	 particular	 time.	 Note	 that	 the	 purpose	 of	 these	 metrics	 is	 to	 help	

engineers	 and	 researchers	 determine	 what	 technique	 will	 be	 best	 suited	 for	 a	 given	

situation	before	designing	the	system.		

Using	 the	 indexed	 SNR	 threshold	 values	 and	 the	 actual	 and	 extrapolated	 SNR	 of	 the	

channel,	the	equations	for	the	BPS	and	average	BIE	can	be	defined	with	respect	to	the	index	

of	the	BER	limit,	

	 ܲܤ ௜ܵሺ መܵ௟,௞ሻ ൌ 12 െ ∑ ૚ொ೔,ೕሺ መܵ௟,௞
ଶ ሻଵଶ

௝ୀଵ 	,		 8.12	

	 ௜൫ܧܫܤ ௟ܵ,௞, መܵ௟,௞൯ ൌ ܲܤ ௜ܵ൫ መܵ௟,௞൯ܴܧܤሺெሻ൫ ௟ܵ,௞
ଶ ൯ห

ெୀଶಳುೄ೔ቀೄ
෡
೗,ೖ
మ ቁ.		 8.13	

Where,	

	 ૚ொ೔,ೕሺݔሻ ൌ ൜
1			, ݔ ൑ ܳ௜,௝
0 , ݁ݏ݅ݓݎ݄݁ݐ݋

	,		 8.14	

and	the	function	ܴܧܤሺெሻሺܵଶሻ	gives	the	average	BER	for	a	M‐QAM	scheme	at	an	SNR	value	

equal	to	ܵଶ.		
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The	 following	 statements	 can	 be	 derived	 from	 Equations	 8.12	 and	 8.13.	 The	

extrapolated	SNR	will	determine	the	modulation	scheme	to	use.	However,	 the	actual	SNR,	

given	the	modulation	scheme,	will	determine	the	BIE.		

	 To	 determine	 the	 expected	 average	 BIE	 and	 BPS	 the	 expectation	 of	 the	 joint	 pdf,	

݂ ൬ܲܤ ௜ܵ൫ መܵ௟,௞൯,
஻ூா೔൫ௌ೗,ೖ,ௌመ೗,ೖ൯

஻௉ௌ೔൫ௌመ೗,ೖ൯
൰,	 must	 be	 calculated.	 A	 closed	 form	 representation	 of	 this	

expectation	value	may	be	complicated	to	obtain	because	of	the	mathematical	definitions	of	

BPS	 and	 BIE.	 However,	 given	 the	 SCSI	 of	 the	wireless	 channel	 and	 assuming	 Rayleigh	 or	

Rician	 fading,	a	discrete	closed	 form	equation	can	be	obtained	by	using	a	variation	of	 the	

equations	 presented	 for	 bivariate	 and	 multivariate	 Rayleigh	 and	 Rician	 distribution	

presented	 in	various	research	papers	 ሾ112‐115ሿ.	This	also	opens	 the	door	 for	many	other	

theoretical	 calculations	 such	 as	 the	 overall	 data	 rates	 and	 BERs	 for	 the	 respective	

techniques,	and	many	other	things.	

The	joint	pdf	is	already	discrete	in	terms	of	the	BPS.	To	simplify	the	calculation	the	joint	

pdf	will	be	made	discrete	in	terms	of	the	BER	as	well.	There	will	be	67	BER	ranges	with	BER	

labels	between	ሾ10ି଻, 10ି଴.ସሿ,	and	the	values	are	linear	in	the	log	scale,	and	there	is	an	extra	

label,	10ି୍୬୤,	bringing	the	label	count	to	68.	The	label	signifies	the	lower	bound	of	the	BER	

range	and	the	next	greater	label	signifies	the	upper	bound.	For	example,	label	10ି଻	signifies	

a	BER	range	of	ሾ10ି଻, 10ି଻.ଵሻ.	Note,	the	upper	bound	for	10ିସ	is	10଴,	but	10଴	is	not	a	label.		

These	 BER	 ranges	 and	 BPS	 values	 correspond	 to	 SNR	 boundaries.	 The	 look‐up	 table	

mentioned	earlier	will	be	used	to	obtain	SNR	boundaries	with	respect	to	these	BER	ranges	

and	BPS	values.	These	boundaries	will	be	needed	 to	calculate	 the	 following	probability	 in	



	

	 107	

Equation	8.15.	Equation	8.15	is	the	discrete	form	of	the	joint	pdf	mentioned.	The	next	sub	

section	derives	this	pdf.	

	 Pr ൜ܵܲܤ௜൫ መܵ௟,௞൯ ൌ ஻ܶ௉ௌ,
஻ூா೔൫ௌ೗,ೖ,ௌመ೗,ೖ൯

஻௉ௌ೔൫ௌመ೗,ೖ൯
∈ ஻ܶாோ,஻௉ௌൠ ൌ Pr൛ መܵ௟,௞ ∈ ॺ்ಳುೄ, ௟ܵ,௞ ∈ ॺ்ಳಶೃ,ಳುೄൟ.		 8.15	

In	Equation	8.15,	 ஻ܶ௉ௌ	and	 ஻ܶாோ,஻௉ௌ	are	the	target	BPS	and	BER,	and	ॺ்ಳುೄ	and	ॺ்ಳಶೃ,ಳುೄ	

are	subsets	that	contain	a	range	of	SNR	values	that	correspond	to	the	respective	target	BPS	

and	BER	values.	

This	 calculation	 is	 only	 for	 the	 ݅୲୦	 level	 mentioned	 earlier.	 So,	 before	 doing	 the	 rate	

adaptation	 the	 cognitive	 radio	would	have	 to	determine	 the	SNR	 threshold	values	 for	 the	

rate	adaptation.	This	 is	accomplished	through	the	 following	procedural	steps	done	during	

the	 sensing	 stage	once	 the	SCSI	 is	 known.	First	 the	 radio	or	network	determines	 a	 target	

BER	 and/or	 BPS.	 This	 is	 done	 in	 two	ways.	 In	 the	 case	 where	 either	 the	 BPS	 or	 BER	 is	

targeted,	 Equation	8.15	 can	be	used	 to	determine	 the	 expected	value	of	 the	non‐targeted	

metric.	 In	 the	 other	 case	 this	 is	 not	 needed	 because	 both	 BPS	 and	 BER	 are	 targeted	 and	

known.		

After	 the	 targeted	value	 is	 selected	 two	other	values	can	be	determined,	 the	expected	

value	and	the	mode	ሺi.e.	the	value	with	the	highest	probabilityሻ	of	the	non‐targeted	metric.	

The	 ݅୲୦	 level	 that	 will	 give	 the	 highest	 probability	 and/or	 best	 BPS	 and	 BER	 values	 is	

selected.	Note	that	Equation	8.15	is	for	one	subcarrier	at	a	particular	time	value.	However,	

given	the	linear	property	of	expectation,	the	multiple	expected	values	can	be	calculated	and	

then	summed	together	to	get	the	expected	value	of	the	overall	sum.	Note	the	BER	must	be	

converted	to	the	BIE	for	the	sum,	because	the	summation	of	the	BER	could	be	normalized	to	

different	BPS	values.		
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This	 can	 be	 done	 for	 each	 of	 the	 measurement	 techniques.	 Then	 the	 measurement	

technique	 that	 gives	 the	 highest	 probability	 and/or	 best	 expected	 valued	 of	 the	

non‐targeted	or	targeted	metric	should	be	selected.		

For	example,	supposed	the	radio	 is	shooting	for	a	target	BER	of	10ିଷ,	and	all	 the	SCSI	

and	other	important	information	has	been	determined	to	obtain	the	joint	pdf.	The	radio	or	

network	will	 use	 Equation	 8.15	 to	 determine	what	measurement	 technique	 provides	 the	

highest	expected	BPS	for	the	spectrum	of	interest	for	a	given	length	of	time.	If	in	this	case	it	

is	ICM,	the	radios	will	implement	the	ICM	technique	to	do	the	measurements.	

Instead	of	using	the	expected	value	of	the	non‐targeted	metric,	a	probabilistic	value	for	

the	metric	 at	 a	 particular	 subcarrier	 for	 a	 given	 time	 value	 could	 be	 obtained	 and	 used.	

Unlike	the	expectation	operation,	the	probability	operation	is	nonlinear	and	independence	

between	probability	values	cannot	be	exerted	due	to	the	nature	of	the	channel.	Therefore	it	

cannot	be	summed	together	like	the	expectation.	Therefore,	it	may	be	harder	to	use	in	the	

selection	process	of	choosing	the	best	measurement	technique.	It	still	can	give	some	insight,	

but	 this	will	 not	 be	discussed	here.	 So	 the	 case	where	 there	 is	 only	 one	 targeted	value	 is	

used	for	simplicity.	

In	order	to	get	these	probability	values	or	expected	values,	a	closed	form	representation	

of	Equation	8.15	needs	to	be	given.	The	next	sub‐section	provides	this	equation.	

Joint	Probability	Density	Function	of	Targeted	Metrics	108	

In	 this	 sub	 section	 the	 joint	 probability	 of	 the	 two	 targeted	metrics,	 BPS	 and	 BER,	 is	

given.	This	 equation	 is	very	powerful.	 It	 can	allow	researchers	 to	quantify	and	categorize	
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the	performance	of	the	ICM,	DCM,	and	NCM	techniques	for	rate	adaption.	This	equation	is	

not	featured	in	any	of	the	simulations	that	will	be	presented.	However,	to	show	its	validity	

this	sub‐section	will	go	through	a	proof	to	verify	the	pdf’s	accuracy.	

The	proof	starts	with	the	joint	pdf	in	Equation	8.16.	Equation	8.16	is	the	joint	pdf	of	the	

extrapolated	 channel,	ܪ෡ு೓ሺݐ௟, ߱௞ሻ,	 and	 extrapolation	 error,	 	 ෡ܹௐೢ ሺݐ௟, ߱௞ሻ,	 which	 will	 be	

represented	by	ܪ෡	and	 ෡ܹ 	respectively.	The	variables	ܪ෡	and	 ෡ܹ 	are	complex.	Therefore,	the	

real	and	imaginary	variables	are	ܪ෡௥,	ܪ෡௜,	 ෡ܹ௥,	and	 ෡ܹ௜.	Such	that,	

	
݂൫ ෠݄௥, ෠݄௜, ,ෝ௥ݓ ෝ௜൯ݓ ൌ ݂൫෠݄௥൯݂൫ ෠݄௜൯݂ሺݓෝ௥ሻ݂ሺݓෝ௜ሻ

ൌ
ଵ

ସగమఙಹ෡
మఙೈ෢

మ exp ൜െ
௛෡ೝమା௛෡೔

మ

ଶఙಹ෡
మ ൠ exp ൜െ

௪ෝೝమା௪ෝ೔
మ

ଶఙೈ෢
మ ൠ

,	 8.16	

	 ෡ܪ ൌ ෡௥ܪ ൅ 		,෡௜ܪ݅ 8.17	

	 ෡ܹ ൌ ෡ܹ௥ ൅ ݅ ෡ܹ௜.	 8.18	

To	avoid	using	complex	values	in	the	pdf	and	to	make	the	transformation	of	variables	easier,	

the	real	and	imaginary	variables	are	used	to	define	the	joint	pdf	of	the	extrapolated	channel	

and	extrapolation	error.	 In	 this	 thesis,	 these	 four	variables	are	 independent	and	normally	

distributed	zero‐mean	RVs.	Note,	the	lowercase	variables	in	Equation	8.16	does	not	signify	a	

change	 in	 domain.	 The	 notation	 is	 simply	 used	 to	 represent	 arguments	 to	 the	 density	

functions.	

The	next	 step	 in	 the	proof	 is	 to	perform	a	variable	 transformation.	Equations	8.19	—	

8.26	 are	 used	 in	 this	 transformation.	 This	 transformation	 will	 create	 the	 joint	 pdf	 in	

Equation	8.27.	

	 ܵ௥ ൌ
ଵ

ఙ಼܅
ටቂ൫ܪ෡௥ ൅ ෡ܹ௥൯

ଶ
൅ ൫ܪ෡௜ ൅ ෡ܹ௜൯

ଶ
ቃ,		 8.19	

	 መܵ௥ ൌ
ଵ

ఙ಼܅
ට൫ܪ෡௥ଶ ൅ ෡௜ܪ

ଶ൯,		 8.20	
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	 ܵఏ ൌ tanିଵ ቀ
ு෡೔ାௐ෡ ೔
ு෡ೝାௐ෡ೝ

ቁ,		 8.21	

	 መܵఏ ൌ tanିଵ ቀ
ு෡೔
ு෡ೝ
ቁ.		 8.22	

	 ෡௥ܪ ൌ ಼܅ߪ
መܵ௥ cos൫ መܵఏ൯,		 8.23	

	 ෡௜ܪ ൌ ಼܅ߪ
መܵ௥ sin൫ መܵఏ൯.		 8.24	

	 ෡ܹ௥ ൌ ಼܅ߪ
ൣܵ௥ cosሺܵఏሻ െ መܵ௥ cos൫ መܵఏ൯൧,		 8.25	

	 ෡ܹ௜ ൌ ಼܅ߪ
ൣܵ௥ sinሺܵఏሻ െ መܵ௥ sin൫ መܵఏ൯൧.		 8.26	

The	 variables	 ܵ௥	 and	 መܵ௥	 are	 simplified	 notations	 for	 the	 square	 roots	 of	 the	 SNRs	 in	

Equations	 8.10	 and	 8.11.	 The	 variables	 ܵఏ	 and	 መܵఏ	 are	 the	 phases	 of	 the	 actual	 and	

extrapolated	 channels.	 Furthermore,	 using	 the	 Jacobian,	 ,௥ݏሺܬ ,௥ݏ̂ ,ఏݏ 	,ఏሻݏ̂ the	 following	

variable	transformation	can	be	defined	to	obtain	the	joint	pdf	of	the	ܵ	variables,	

	

݂ሺݏ௥, ,௥ݏ̂ ,ఏݏ ఏሻݏ̂ ൌ ,௥ݏሺܬ| ,௥ݏ̂ ,ఏݏ ఏሻ|ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥݏ̂
ఙ಼܅
మ ௦ೝ௦̂ೝ

൤
	
	
	
݂൫಼܅ߪ

௥ݏ̂ cosሺ̂ݏఏሻ൯݂൫಼܅ߪ
௥ݏ sinሺ̂ݏఏሻ൯⋯

⋯݂൫಼܅ߪ
ሾݏ௥ cosሺݏఏሻ െ ௥ݏ̂ cosሺ̂ݏఏሻሿ൯݂൫಼܅ߪ

ሾݏ௥ sinሺݏఏሻ െ ௥ݏ̂ sinሺ̂ݏఏሻሿ൯
	
	
	
൨

,	 8.27	

݂ሺݏ௥, ,௥ݏ̂ ,ఏݏ ఏሻݏ̂ ൌ
ఙ಼܅
మ ௦ೝ௦̂ೝ

ସగమఙಹ෡
మఙೈ෢

మ exp ൜
	
	
	

ିఙ಼܅
మ ൫ఙಹ෡

మାఙೈ෢
మ ൯

ଶఙಹ෡
మఙೈ෢

మᇣᇧᇧᇧᇤᇧᇧᇧᇥ
ఈೞො
మ

௥ଶݏ̂
	
	
	
ൠ exp ൜

	
	
	

ିఙ಼܅
మ

ଶఙೈ෢
మถ

ఈೞ
మ

௥ଶݏ
	
	
	
ൠ exp ൜

ఙ಼܅
మ ௦ೝ௦̂ೝୡ୭ୱ	ሺ௦̂ഇି௦ഇሻ

ఙೈ෢
మ

	
	
	
ൠ.		8.28	

The	next	joint	pdf	that	will	be	presented	is	the	joint	pdf	of	the	square	root	of	the	actual	and	

extrapolated	SNR.	This	is	accomplished	by	integrating	out	the	phase	term,	

	 ݂ሺݏ௥, ,௥ݏ̂ ,ఏݏ ఏሻݏ̂ ൌ
ఙ಼܅
మ ௦ೝ௦̂ೝ

ସగమఙಹ෡
మఙೈ෢

మ exp൛ߙ௦̂
ଶ̂ݏ௥ଶൟ expሼߙ௦ଶݏ௥ଶሽ∬ exp ቊ

	
ఙ಼܅
మ ௦ೝ௦̂ೝୡ୭ୱ	ሺ௦̂ഇି௦ഇሻ

ఙೈ෢
మ 	
	

ቋ ఏݏఏ݀ݏ̂݀
గ
ିగ .		 8.29	

The	following	steps	were	used	to	solve	the	integral	in	Equation	8.29,	
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∬ exp ቊ

	
ఙ಼܅
మ ௦ೝ௦̂ೝ ୡ୭ୱሺ௦̂ഇି௦ഇሻ

ఙೈ෢
మ 	
	

ቋ ఏݏఏ݀ݏ̂݀
గ
ିగ ൌ 2π׬ exp ൜

ఙ಼܅
మ ௦ೝ௦̂ೝ ୡ୭ୱሺ௦ഇሻ

ఙೈ෢
మ ൠ ఏݏ݀

గ
ିగ

ൌ 4π׬ cosh ൜
ఙ಼܅
మ ௦ೝ௦̂ೝ ୡ୭ୱሺ௦ഇሻ

ఙೈ෢
మ ൠ ఏݏ݀

ഏ
మ

ିഏ
మ

ൌ 4π∑
ଵ

ሺଶ௡ሻ!
൬
ఙ಼܅
మ ௦ೝ௦̂ೝ

ఙೈ෢
మ ൰

ଶ௡
ஶ
௡ୀ଴ ׬ cosଶ௡ሺݏఏሻ ఏݏ݀

ഏ
మ

ିഏ
మᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ

ቂ ഏሺమ೙ሻ!
మమ೙ሺ೙!ሻమ

ቃ

ൌ 4πଶ ∑ ൤
ఙ಼܅
మ ௦ೝ೙௦̂ೝ೙

ଶ೙ఙೈ෢
మ೙ሺ௡!ሻ

൨
ଶ

ஶ
௡ୀ଴

.		 8.30	

Using	 this	 solution	 the	 following	 series	was	 created	 for	 the	 joint	 distribution	 of	 the	 SNR	

variables,	

	 ݂ሺݏ௥, ௥ሻݏ̂ ൌ ∑ ൤
ఙ಼܅
ర

ଶమ೙ఙಹ෡
మఙೈ෢

ర೙శమሺ௡!ሻమ
൨

ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ
ఉ೙

௥ଶ௡ାଵݏ̂ exp൛ߙ௦̂
ଶ̂ݏ௥ଶൟ ௥ଶ௡ାଵݏ expሼߙ௦ଶݏ௥ଶሽ

ஶ
௡ୀ଴ .		 8.31	

The	final	step	is	to	find	the	probability	in	Equation	8.15.	Before	doing	this	the	subsets	ॺ்ಳುೄ	

and	 ॺ்ಳಶೃ,ಳುೄ	must	 be	 defined.	 The	 subset	 ॺ்ಳುೄ	 is	 the	 range	 of	 	௥ݏ̂ values,	 ,௥,଴ݏ̂ൣ 	,௥,ଵ൯ݏ̂ for	

which	ܲܤ ௜ܵ൫ መܵ௟,௞൯ ൌ ஻ܶ௉ௌ,	 and	 the	 subset	 ॺ்ಳಶೃ,ಳುೄ	 is	 the	 range	 of	 	௥ݏ values,	 ,௥,଴ݏൣ 	,௥,ଵ൯ݏ for	

which	
஻ூா೔൫ௌ೗,ೖ,ௌመ೗,ೖ൯

஻௉ௌ೔൫ௌመ೗,ೖ൯
∈ ஻ܶாோ,஻௉ௌ	and	 ஻ܶாோ,஻௉ௌ	is	a	range	of	BER	values.	Therefore,	the	following	

equation	can	be	defined,	

	

Pr൛ መܵ௟,௞ ∈ ॺ்ಳುೄ, ௟ܵ,௞ ∈ ॺ்ಳಶೃ,ಳುೄൟ ൌ ׬ ׬ ݂ሺݏ௥, ௥ݏ௥ሻ݀̂ݏ̂
௦̂ೝ,భ
௦̂ೝ,బ

௥ݏ݀
௦ೝ,భ
௦ೝ,బ

ൌ ∑ ௡ߚ ׬ ௥ଶ௡ାଵݏ̂ exp൛ߙ௦̂
ଶ̂ݏ௥ଶൟ ௥ݏ̂݀

௦̂ೝ,భ
௦̂ೝ,బ

⋯ஶ
௡ୀ଴

																	⋯ ׬ ௥ଶ௡ାଵݏ expሼߙ௦ଶݏ௥ଶሽ ௥ݏ݀
௦ೝ,భ
௦ೝ,బ

ൌ ∑ ൤ ఉ೙

ସ൫ఈೞො
మఈೞ

మ൯
೙శభ൨ Γ൫݊ ൅ 1, ௦̂ߙ

ଶ̂ݏ௥ଶ൯ห௦̂ೝ,బ
௦̂ೝ,భஶ

௡ୀ଴ ⋯

																														⋯ Γሺ݊ ൅ 1, ௥ଶሻ|௦ೝ,బݏ௦ଶߙ
௦ೝ,భ

.	 	8.32	

Here,	the	function	Γሺ∙,∙ሻ	is	the	upper	incomplete	gamma	function.	

From	this	equation	a	discrete	probability	of	the	joint	pdf	of	the	targeted	metric	can	be	

created	using	the	various	subsets	obtained	from	the	look‐up	table	in	Appendix	B.	There	are	

13	subset,	ॺ்ಳುೄ,		that	can	be	created	by	varying	 ஻ܶ௉ௌ,	and	there	are	817	subsets,	ॺ்ಳಶೃ,ಳುೄ,		
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that	 can	 be	 created	 by	 varying	 ஻ܶாோ	 and	 ஻ܶ௉ௌ.	 Using	 these	 subsets,	 this	 theoretical	

calculation	was	done	for	the	ICM	and	DCM	technique	with	the	variables	listed	in	Table	8.3.	

Assuming	 a	 BER	 limit	 of	 10ିଶ.ହ,	 the	 probability	 plots	 in	 Figures	 8.6	 and	 8.7	 can	 be	

created	using	Equation	8.32	and	the	values	in	Table	8.3.	Figure	8.6	is	the	probability	for	the	

ICM	technique.	This	Figure	shows	that	for	this	BER	limit	it	is	most	probable	to	have	a	BER	in	

the	range	of	ሾ10ିଶ.଼, 10ିଶ.଻ሻ	and	a	BPS	of	8	bits	per	subcarrier.	There	is	approximately	a	2	%	

chance	 of	 this	 most	 probable	 occurrence.	 The	 expected	 BIE	 and	 BPS,	 which	 are	 not	 as	

visible,	are	approximately	0.0077	bits	in	error	and	6.59	bits	per	subcarrier	respectively.	

Wireless	Channel
Multipath Model:	EDT with	18 degree	Slope

Fading	Model:	Jakes’
߬௦ ൌ 10 ns

௦݂ ൌ 62.5 Hz
Theoretical	Average	SNR:	30	dB

ICM	Technique DCM	Technique	
ܭ ൌ 640	 ܮ ൌ 1024	
ܯ ൌ 64	 ܰ ൌ 48	
ଵܭ ൌ 0	 ଵܮ ൌ 64	

௢௕௦௥௩ܭ ൌ 64	 ௢௕௦௥௩ܮ ൌ 64	
௢௠௜௧ܭ ൌ 32	 ௢௠௜௧ܮ ൌ 128	
ଶܭ ൌ 224	 ଶܮ ൌ 416	
߬௦ ൌ 10	ns	 ௦݂ ൌ 62.5	Hz	
߱௜௡ௗ଴ ൌ 0	

‐	Angular‐frequency	normalized	to	the	coherence	bandwidth
‐	Use	to	determine	the	angular‐frequency	index

௜௡ௗ଴ݐ ൌ 1	
‐ Number	of	coherence	times	from	the	measured	DCM	values

‐ Use to	determine	the	time	index	

		Table	8.3:	Initial	variables	and	settings	used	in	theoretical	probability	calculation.	
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Figure	8.6:	Joint	probability	of	the	BER	and	BPS	for	the	BER	Limit	of	૚૙ି૛.૞	and	the	given	initial	values	for	ICM.	

 

Figure	8.7:	Joint	probability	of	the	BER	and	BPS	for	the	BER	Limit	of	૚૙ି૛.૞	and	the	given	initial	values	for	DCM.	

Figure	8.7	shows	a	similar	plot	for	the	DCM	technique.	For	the	DCM	technique	there	is	a	

1.9	%	chance	of	the	most	probable	target	values,	a	BER	range	of	ሾ10ିଶ.ଽ, 10ିଶ.଼ሻ	and	8	bits	

per	subcarrier.	The	expected	values	for	the	pdf	shown	in	the	DCM	figure	are	approximately	
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0.0088	for	the	expected	targeted	BIE	and	6.64	bits	per	subcarrier	for	the	expected	targeted	

BPS.	

These	expected	values	 are	 calculated	using	Equations	8.33	 and	8.34.	 Since	 the	BER	 is	

not	truly	discrete,	the	expected	BIE	is	not	the	actual	expected	value	but	an	approximation.	

	 ܲܤ൛ܧ ௜ܵሺ መܵ௟,௞ሻൟ ൌ ∑
்ಳಶೃ

∑
்ಳುೄ

ܲܤ ௜ܵሺ መܵ௟,௞ሻ Pr൛ መܵ௟,௞ ∈ ॺ்ಳುೄ, ௟ܵ,௞ ∈ ॺ்ಳಶೃ,ಳುೄൟ	,		 8.33	

	 ௜൫ܧܫܤ൛ܧ ௟ܵ,௞, መܵ௟,௞൯ൟ ൌ ∑
்ಳಶೃ

∑
்ಳುೄ

௜൫ܧܫܤ ௟ܵ,௞, መܵ௟,௞൯ Pr൛ መܵ௟,௞ ∈ ॺ்ಳುೄ, ௟ܵ,௞ ∈ ॺ்ಳಶೃ,ಳುೄൟ.		 8.34	

The	most	probable	values	and	the	expected	values	are	a	couple	of	the	things	that	can	be	

determined	 from	 the	equations	provided.	There	 could	be	other	metrics	or	 values	derived	

from	these	equations	which	could	be	obtained	through	further	research.	Having	this	pdf	is	a	

very	powerful	tool	for	evaluating	the	expected	behavior	of	such	a	system.	

ICM

MP	Model	 SNR	
Probability	of	
the	most	

probable	values

Most	
Probable	BPS

Most	Probable	
BER	range

Expected	
BPS	

Expected	
BIE

EDT	18°	 10	dB	 49.15	% 00 Undefined 00.7728	 0.0012
EDT	18°	 20	dB	 06.34	% 00 Undefined 03.3223	 0.0044
EDT	18°	 30	dB	 02.00	% 08 ሾ10ିଶ.଼, 10ିଶ.଻ሻ 	 06.5925	 0.0077
EDT	18°	 40	dB	 02.27	% 11 ሾ10ିଶ.଼, 10ିଶ.଻ሻ 09.9698	 0.0101
EDT	18°	 50	dB	 55.49	% 12 ሾ0, 10ି଻ሻ 11.7232	 0.0029
EDT	36°	 10	dB	 54.85	% 00 Undefined 00.6529	 0.0034
EDT	36°	 20	dB	 06.98	% 00 Undefined 03.1953	 0.0155
EDT	36°	 30	dB	 02.57	% 04 ൣ10ି୍୬୤, 10ି଻൯ 06.4859	 0.0258
EDT	36°	 40	dB	 01.81	% 08 ൣ10ି୍୬୤, 10ି଻൯ 09.8836	 0.0326
EDT	36°	 50	dB	 55.43	% 12 ൣ10ି୍୬୤, 10ି଻൯ 11.7063	 0.0190
EDT	90°	 10	dB	 99.18	% 00 Undefined 00.0061	 0.0001
EDT	90°	 20	dB	 24.78	% 00 Undefined 01.5752	 0.0154
EDT	90°	 30	dB	 14.07	% 04 ൣ10ି୍୬୤, 10ି଻൯ 05.1152	 0.0418
EDT	90°	 40	dB	 11.88	% 08 ൣ10ି୍୬୤, 10ି଻൯ 08.8571	 0.0596
EDT	90°	 50	dB	 48.06	% 12 ൣ10ି୍୬୤, 10ି଻൯ 11.4592	 0.0328

Table	8.4:	List	of	theoretical	calculation	of	rate	adaptation	metrics	using	the	ICM	technique.	
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Using	the	four	metrics	just	presented	some	of	the	channel	and	extrapolator	parameters	

were	 varied	 to	 show	 the	different	performances.	Note	 that	 in	 the	Figures	8.6	 and	8.7	 the	

probabilities	for	the	0	BPS	are	not	shown,	but	they	do	exist.	At	0	BPS	the	BER	is	undefined.	

Therefore,	 the	 probability	 is	 not	 shown.	 In	 the	 table	 you	will	 see	 that	 in	 some	 cases	 it	 is	

most	probable	 that	 the	system	does	not	 transmit	any	bits	at	all.	Also,	any	of	 the	variables	

associated	with	Table	8.3	that	is	not	listed	in	Tables	8.4	and	8.5	remain	the	same	as	in	Table	

8.3.	 The	 intent	 of	 Tables	 8.4	 and	 8.5	 is	 to	 show	 values	 of	 four	 metrics	 with	 respect	 to	

various.		The	values	in	Tables	8.4	are	independent	of	the	values	in	Table	8.5	and	vice	versa.			

DCM

	૙ࢊ࢔࢏࢚ SNR	
Probability	of	
the	most	

probable	values

Most	
Probable	BPS

Most	Probable	
BER	range

Expected	
BPS	

Expected	
BIE

1	 10	dB	 51.73	% 00 Undefined 00.7323	 0.0022
1	 20	dB	 06.45	% 00 Undefined 03.3313	 0.0066
1	 30	dB	 01.90	% 08 ሾ10ିଶ.ଽ, 10ିଶ.଼ሻ 	 06.6368	 0.0088
1	 40	dB	 02.26	% 11 ሾ10ିଶ.଼, 10ିଶ.଻ሻ 09.9988	 0.0102
1	 50dB	 54.99	% 12 ൣ10ି୍୬୤, 10ି଻൯ 11.6637	 0.0027
3	 10	dB	 74.55	% 00 Undefined 00.3197	 0.0045
3	 20	dB	 10.70 % 02 ൣ10ି୍୬୤, 10ି଻൯ 02.9146	 0.0276
3	 30	dB	 04.04	% 04 ൣ10ି୍୬୤, 10ି଻൯ 06.4057	 0.0375
3	 40	dB	 01.80 % 08 ൣ10ି୍୬୤, 10ି଻൯ 09.8823	 0.0325
3	 50	dB	 54.99	% 12 ൣ10ି୍୬୤, 10ି଻൯ 11.6565	 0.0131
8	 10	dB	 98.09	% 00 Undefined 00.0154	 0.0003
8	 20	dB	 23.96	% 00 Undefined 01.6143	 0.0160
8	 30	dB	 17.20	% 04 ൣ10ି୍୬୤, 10ି଻൯ 04.7575	 0.0348
8	 40dB	 17.41	% 08 ൣ10ି୍୬୤, 10ି଻൯ 08.2201	 0.0459
8	 50	dB	 40.41	% 12 ൣ10ି୍୬୤, 10ି଻൯ 11.2086	 0.0312

Table	8.5:	List	of	theoretical	calculation	of	rate	adaptation	metrics	using	the	DCM	technique.	
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8.6	Summary	116	
8.6	Summary	

In	summary,	this	chapter	has	provided	an	understanding	of	how	rate	adaptation	can	be	

used	in	conjunction	with	the	ICM,	DCM,	and	NCM	techniques.	This	chapter	provides	a	blue	

print	for	developing	a	rate	adaptation	system	for	cognitive	radio	networks.	It	provides	some	

fundamental	metrics	to	determine	performance,	as	well	as	a	mathematical	framework	for	a	

rate	adaption	system	and	performance	metrics.	

As	 shown	with	 Table	 8.1,	 each	 of	 the	 three	 techniques	 has	 some	 perceived	 pros	 and	

cons.	This	makes	the	need	for	a	metric	to	determine	which	technique	is	better	for	a	given	

case	greater.	That	 is	why	this	chapter	provides	a	 few	metrics	 t	 further	research.	They	are	

listed	 in	 the	 table	below.	Table	 8.6	 goes	over	 all	 the	metrics	 created	 in	 this	 research	 and	

presented	in	this	thesis	and	gives	the	related	equations	and	explanation	of	the	metric	and	

its	use.	

Out	 of	 the	 metrics	 listed	 in	 the	 table,	 the	 Joint	 PDF	 presented	 in	 this	 chapter	 could	

possibly	have	the	most	value	to	researchers	and	engineers	interested	in	rate	adaptation.	It	

gives	an	accurate	theoretical	calculation	of	the	probability	of	obtaining	a	particular	BPS	and	

BER	 or	 BIE.	 Further	 research	 of	 this	 theoretical	 equation	 is	 needed.	However,	 this	 thesis	

does	not	go	beyond	the	theory	associated	with	this	pdf.	A	non‐series	representation	could	

possibly	be	obtained	to	improve	the	calculation	precision.		
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Metric	 Equations	 Description

IUTDCM	 Equation	8.2	

The	time	it	takes	the	DCM	technique	to	update	the	ICSI.	Inversely	
proportional	 to	 the	 feedback	channel	data	 rate.	Due	 to	 low	data	
rates and	potentially	large	amounts	of	information	the	IUT	can	be	
large.

IETDCM	
Equations	

7.25	and	7.38	

Time	for	which	the	ICSI, obtained	from	DCM,	is	considered	valid.	
Depends	 on	 the	 performance	 of	 the	 ICM	 technique.	 Gives	 an	
indication	of	what	IUT	is	needed.	

IUTICM	 —	
The	time	it	takes	the	ICM	technique	to	update	the	ICSI.	Given	the	
scenario	 in	 this	 chapter,	 it	 is	 always	 less	 than	 or	 equal	 to	 one	
coherence	time.

IETICM	 —	
Time	 for	 which	 ICSI,	 obtained	 from	 ICM,	 is	 considered valid.	
Given	 the	 scenario	 in	 this	 chapter,	 it	 is	 always	 one	 coherence	
time.

BPS	 Equation	8.12	 Number	of	bits	per	subcarrier.

BIE	 Equation	8.13	
Number	 of	 bits	 in	 error	 per	 subcarrier.	 This	 metric	 is	 used
because	it	is	easily	summed.

BER	
Equations	

8.12	and	8.13	
The	 bit	 error	 per	 subcarrier.	 Is	 equal	 to	 BIE/BPS.	 Not	 as	 easily	
summed	as	the	BIE.

Target	BPS	 —	
The	desired	BPS	 for	RNE.	A	metric	defined	by	the	researcher	or	
engineer.

Target	BER	 —	
The	desired	BIE	 for	RNE.	A	metric	defined	by	 the	 researcher	or	
engineer.

Joint	Probability	
of	the	BPS	and	

BER	

Equations	
8.15	and	8.32	

A	pdf	created	for	this	research	that	approximates	the	actual joint	
pdf	 of	 the	 BPS and	 BER	 by	 using	 a	 discrete	 joint	 pdf.	 A	 very	
powerful	tool	for	rate	adaptation.

Most	Probable	
BPS	

Equations	
8.15	and	8.32	

The	 BPS	 with	 the	 highest	 chances	 of	 occurring	 on	 a	 given	
subcarrier	at	a	particular	time	index.

Most	Probable	
BER	

Equations	
8.15	and	8.32	

The	 BER	 with	 the	 highest	 chance	 of	 occurring	 on	 a	 given	
subcarrier	at	a	particular	time	index.

Expected	BPS	 Equations	8.33	
The	 expected	 or	 average	 BPS	 for	 a	 given	 subcarrier	 and	 time	
index.

Expected	BER	 Equations	8.34	 The	 expected	 or	 average	 BIE	 for	 a	 given	 subcarrier	 and	 time	
index.

				Table	8.6:	Rate	adaptation	metrics	to	compare	the	ICM	and	DCM	techniques.	

	 	



	

	 118	

CHAPTER	NINE	118	
	

CHANNEL MEASUREMENT 
SIMULATIONS 

	

9.1	Introduction	118	
9.1	Introduction	

For	this	research	several	simulations	were	created	and	performed	but	in	this	thesis	only	

two	 of	 the	 simulations	 will	 be	 discussed.	 All	 of	 the	 simulations	 were	 done	 using	 the	

MATLAB	software	created	by	Mathworks.	This	software	was	used	because	it	is	optimized	to	

handle	matrix	based	operations.	All	 the	equations	 that	have	been	presented	 in	 this	 thesis	

have	 been	 designed	 in	 a	way	 that	would	make	 implementation	 easy	 in	matrix	 optimized	

software	like	MATLAB.	

The	 first	 simulation	 that	 will	 be	 covered	 in	 this	 chapter	 is	 the	 Estimator	 and	

Extrapolator	 Simulator.	 This	 simulation	 is	 based	 on	 the	 estimators	 and	 extrapolators	 in	

Chapter	Seven,	excluding	the	NCM	and	FCM	techniques.	This	simulation	allows	the	user	to	

select	 a	 channel	 model	 for	 multipath	 and	 fading,	 as	 well	 as	 select	 what	

estimator‐extrapolators	 to	 use	 for	 the	 simulation.	 This	 simulation	 shows	 the	 plot	 of	 the	
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channel	 models	 selected.	 More	 importantly	 it	 shows	 a	 plot	 of	 the	 actual	 estimates.	 The	

purpose	 of	 this	 simulation	 is	 to	 allow	 the	 user	 to	 visually	 see	 how	 the	 estimations	 and	

extrapolations	look.	

The	 second	 simulation	 that	 is	 in	 this	 thesis	 is	 designed	 to	 test	 the	 accuracy	 of	 the	

performance	of	 the	RMSE‐SE	metric	created	 in	Chapter	Seven	for	the	ICM,	DCM,	and	NCM	

techniques.	 This	 simulation	 performs	 multiple	 estimations	 and	 extrapolations	 and	

calculates	 the	 sampled	 average	 of	 the	 squared	 error	 of	 the	 squared	 envelope.	 Then	 the	

square	root	is	taken	of	this	average,	ሺi.e.	the	sampled	RMSE‐SEሻ.	The	sampled	RMSE‐SE	for	

each	of	the	techniques	should	be	approximately	equal	to	the	respective	theoretical	RMSE‐SE	

for	the	respective	techniques.		

The	 second	 simulation	 also	 has	 another	 part.	 Both	 the	 sampled	 and	 the	 theoretical	

RMSE‐SE	 for	 the	 ICM,	 DCM,	 and	 NCM	 techniques	 are	 compared	 to	 determine	 which	

technique	will	have	the	best	performance.	This	comparison	is	similar	to	that	in	Figure	7.9.	

However,	in	this	plot	the	comparison	is	with	respect	to	the	number	of	coherence	times	from	

the	DCM	measured	values	ሺx‐axisሻ	and	the	angular‐frequency	normalized	to	the	coherence	

bandwidth	ሺy‐axisሻ.	The	next	two	sections	will	explain	these	two	simulators	and	go	over	the	

results	generated	by	these	simulations.	

9.2	Estimator	and	Extrapolator	Simulator	119	
9.2	Estimator	and	Extrapolator	Simulator	

The	estimator	and	extrapolator	simulator	ሺEESIMሻ	is	a	MATLAB	GUI	interface	that	gives	

researchers	 and	 engineers	 ሺusersሻ	 the	 ability	 to	 see	 how	 the	 estimator‐extrapolators,	

presented	 in	 Chapter	 Seven,	 perform	 in	 a	 simulated	 environment.	 The	 GUI	 is	 shown	 in	

Figure	9.1.	There	are	several	variables	corresponding	to	the	variables	in	Chapter	Seven	that	
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can	be	changed	to	obtain	a	different	channel	or	estimator‐extrapolator.	Table	9.1	lists	all	the	

variables	and	gives	some	descriptive	information	about	each	of	them.	

Variables	and	Controls	 Description

Multipath	Models	
Allow	user	to	choose	from	4	HIPERLAN2	Models,	3	LTE	Models,	5	ITU	Models,	5	

EDT	Models,	or	the	model	in	the	SRWC	paper.	

Fading	Models	 Allow	user	to	choose	between	Jakes’ model	or	a	flat	spectrum	model.

M	 Number	of	taps	in	the	multipath	model,	changes	with	multipath	model	selection.

N	 Number	of	taps	in	fading	model,	always	set	to	48	taps.	

K	 Number	of	indices	in	the	delay	and	angular‐frequency	domain,	always	640.

L	 Number	of	indices	in	the	frequency	and	time	domain,	always	1024.

K1	 The	extend	values	for	the	angular‐frequency	domain,	ܭଵ,	always	0.

L1	 The	extend	values	for	the	time	domain, 	.64	always	ଵ,ܮ

SNR	 Average	theoretical	SNR in	dB.	

Coherence	 The	percentage	value	used to	determine	the	coherence	bandwidth	and	time.

tausamp	 The	delay	sample	rate,	߬௦.

freqsamp	 The	frequency	sample	rate,	 ௦݂.

Komit	 The	number	of	angular‐frequency	indices	omitted	in	the	spectrum	of	interest on	
both	sides	of	the	zeroth	index,	ܭ௢௠௜௧.	

Kobsv	 The	number	of	angular‐frequency	indices	observed	and	measured	on	both side	
of	the	zeroth	index,	ܭ௢௕௦௥௩.

L2	 The	number	of	time	indices	omitted	but	not	in	the	time	of	interest,	ܮଶ.

Lobsv	 The	number	of	time	indices	observed	and	measured,	ܮ௢௕௦௥௩.	

#	of	Coh.	times...	 #	of	coherence	times	the	extrapolation	is	away	from	the	measured	DCM	values.

Checkboxes	 Allows	the	users	to	select	the	estimator‐extrapolators	to	observe	in	the	plot,	the	
noise	and	actual	channel	is	always	shown.	

Sim.	Button	 Runs	a	single	simulation	or	continuous	simulation	if	the	checkbox	is	marked.

MATLAB	tools	 Allow	users	to	adjust	the	view	of	the	plot	and	mark	data	points.

Table	9.1:	List	of	variables	and	GUI	controls	available	in	the	EESIM.	
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Figure	9.1:	EESIM	GUI.	

Explanation	of	EESIM	Programming	121	

In	 this	 subsection	 a	 concise	 explanation	 of	 the	 program	 that	 runs	 the	 EESIM	will	 be	

explained.	The	GUI	interface	programming	is	handled	by	MATLAB.	A	flow	chart	is	given	in	

Figure	9.2	to	accompany	the	explanation.	
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				Before	starting	the	simulation	the	user	has	the	option	of	changing	some	of	the	values	

in	 Table	 9.1.	 Once	 the	 desired	 values	 are	 placed	 into	 the	 GUI,	 the	 program	 execution	 is	

begun	by	pressing	the	simulation	button.	The	first	step	in	the	program	is	to	define	the	initial	

values	 for	 the	 program	 variables	 shown	 in	 the	 GUI	 and	 others	 that	 are	 internal	 to	 the	

program.	

After	 the	 initial	values	have	been	defined	and	set,	 the	next	step	 is	 to	set	or	create	 the	

channel	 statistics	 and	 some	 other	 initial	 variables	 related	 to	 the	 channel	 statistics.	 The	

multipath	model	 is	 set	 based	 on	 the	model	 label	 selected	 from	 the	 pull	 down	menu.	 The	

selection	 of	multipath	model	 also	 determines	 the	 value	 of	 the	 variable	ܯ,	 but	 the	 values	

pertaining	 to	 the	 omission	 matrix	 are	 set	 by	 the	 users.	 Similarly,	 the	 omission	 matrix	

corresponding	to	the	 fading	model	and	the	time	extrapolator	are	defined	by	the	user,	and	

the	variable	ܰ	is	predetermined.	The	variable	ܰ	is	always	48,	because	it	has	minimal	effect	

on	 the	 extrapolator.	 Using	 the	 initial	 values,	 the	 values	 set	 by	 the	 model	 selection,	 and	

equations	that	have	been	presented	in	this	thesis	the	following	quantities	are	computed:		۴ி,	

۴ூ,	,܋ܡ۽	,ܚܡ۽	,ܚ۾ۻ۽	۱ఛ,	۱௙,	܀ఛ,	܀௙,	ߩఠ,	ߩ௧.	

The	next	step	is	to	create	the	linear	estimator‐extrapolator	variable,	۵௅ாா.	This	process	

just	 uses	 the	 equations	 presented	 for	 the	 respective	 extrapolator	 since	 that	 is	 already	

shown	 in	matrix	 form.	 After	 this	 step	 a	 random	 instance	 of	 the	 channel	 is	 created	 using	

Equation	 4.47.	 The	 RV	 matrix,	 	,ሺெൈேሻۼ is	 created	 using	 MATLAB’s	 random	 number	

generator	for	a	standard	normal	distribution.	

With	 all	 the	 variables	 that	 have	 been	 already	 defined,	 the	 channel	 estimates	 and	

extrapolations	 can	be	 calculated	using	Equations	6.15	and	6.16.	Next	 the	MSE	of	only	 the	
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spectrum	of	 interest	 is	 calculated	 to	determine	which	estimator‐extrapolator	has	 the	best	

performance.	 After	 the	 calculations,	 the	 final	 part	 of	 the	 program	 is	 the	 plotting	 of	 the	

various	waveforms.	

The	legend	for	the	plot	is	given	in	the	GUI.	The	plot	in	the	upper	right	hand	corner	of	the	

GUI	 of	 the	 estimator‐extrapolators	 has	 some	 things	 that	 are	 not	 as	 self‐explanatory.	 The	

darker	 shaded	 plot	 region,	 flanked	 by	 the	 dotted	 lines	 and	 the	 lighter	 shaded	 region,	

signifies	the	spectrum	of	interest.	The	actual	channel	and	all	the	extrapolators,	excluding	the	

extrapolator	with	the	best	performance,	has	a	 line	plotted	 in	this	region,	The	extrapolator	

with	 the	best	performance	has	an	area	plot	 in	 this	 region.	The	extrapolator	with	 the	best	

performance	has	a	line	plotted	in	the	regions	on	both	sides	of	the	spectrum	of	interest.	Also	

in	this	region	are	the	area	plots	of	 the	actual	channel	and	of	 the	noise	 in	the	channel.	The	

viewing	 area	 of	 the	 plot	 along	 the	 angular‐frequency	 domain	 is	 limited	 to	 the	 observed	

spectrum	 and	 spectrum	 of	 interest.	 The	 other	 plots	 are	 the	 same	 as	 the	 plots	 shown	 in	

Figure	7.3	and	7.8,	but	without	the	shaded	regions.	

 

Figure	9.2:	MATLAB	code	block	diagram	for	EESIM.	

Set	values	
of	initial	
variables		

Create	linear	
estimator‐extrapolator	

variables	

Create	channel	statistics	and	model	
variables:	۴ி,	۴ூ,	,܋ܡ۽	,ܚܡ۽	,ܚ۾ۻ۽	۱ఛ,	۱௙,	

.௧ߩ	,ఠߩ	,௙܀	,ఛ܀

Randomly	
generate	wireless	
channel	۶ு೓	

Calculate	the	estimations	and	
extrapolations and	error values

Plot	results	
If	the	continuous	box

is	checked
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EESIM	Results	124	

				There	are	many	variables	that	can	be	changed,	and	any	of	these	variant	cases	can	be	

observed	with	a	“click	of	a	button.”	The	results	presented	will	be	limited	to	a	few	plots	in	an	

effort	 to	 not	 obfuscate	 the	most	 interesting	 results.	 These	 results	 will	 be	 presented	 in	 a	

listing	 format	 that	shows	 the	plot	and	variable	selection	on	 the	 left	and	a	description	and	

discussion	of	the	plot	on	the	right.	

Plots Descriptions

In	 this	 plot	 most	 of	 the	 spectrum	 is	

omitted	and	the	ICM	technique	can	still	

determine	 the	 omitted	 spectrum	 from	

the	 observed	 spectrum.	 The	 SRWC	

channel	model,	 as	well	 as	many	 of	 the	

channel	models	presented	in	standards,

have	 a	 type	of	 sparsity	where	 some	or	

all	 of	 the	 taps	 are	 at	 least	 twice	 the	

sample	 delay	 from	 any	 adjacent	 taps.	

When	this	 type	of	sparsity	 is	prevalent	

in	 the	 channel	 model,	 the	 ICM	

technique	will	have	great	performance.	

The	 EDT	 channel	 models	 do not	 have	

this	 sparsity,	 and	 may	 be	 more	

indicative	of	what	is	seen	in	practice.	In	

these	 cases	 only	 a	 smaller	 portion	 of	

the	 modeled	 channel	 can	 be	 omitted	

and	 maintain	 good	 performance.	 This	

plot	 also	 shows	 that	 90%	

ሺܭ௢௕௦௥௩ ൌ 288ሻ	 of	 the	model	 spectrum	

is	 observed	 to	 extrapolate	 the	 10%	 of	

desired	 spectrum,	 and	 this	 could	 pose	

an	issue	in	implementation.		
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Plots	ሺcontinuedሻ Descriptions	ሺcontinuedሻ

This	 plot	 was	 generated	 by	 changing	

the	 amount	 of	 the	 modeled	 spectrum	

observed	 to	 20%	 ሺܭ௢௕௦௥௩ ൌ 64ሻ	 of	 the	

overall	spectrum,	and	keeping	all	other	

variables	the	same.	The	purpose	of	this	

plot	 is	 to	 show	90%	ሺܭ௢௕௦௥௩ ൌ 288ሻ	of	

the	 overall	 spectrum	does	not	 need	 to	

be	observed,	as	in	the	previous	plot,	to	

obtain	reasonable	performance.	This	is

because	 most	 of	 the	 information	

needed	 to	 determine	 the	 spectrum	 of	

interest	is	in	the	spectrum	closest	to	it.

	 	
This	plot	shows	the	DCM	technique	and

the	 ICM	 technique	 the	 observed.	 As	

shown	in	the	previous	plots	and	in	this	

plot.	 	 Kobsv	 can	 be	 reduced	 from	 the	

288	 index	 values	 to	 64	 and	 still	

maintain	reasonable	performance.	The	

other	 thing	 that	 is	 noticeable	 in	 this	

plot	 and	 other	 plots	 displaying	 the	

DCM	 technique	 is	 the	 lack	 of	

smoothness	 to	 the	 estimated	 channel.	

This	 is	 because	 in	 the	 DCM	 technique	

each	 subcarrier	 is	 modeled	

independently.	The	DCM	technique	can	

be	 improved	 by	 changing	 this	 model	

and/or	 doing	 some	 smoothing.	

However,	 the	 same	 thing	 can	 be	 done	

with	 the	 ICM	 technique	 to	 improve	 its	

performance.	 If	 the	 ICM	 technique	

where	 viewed	 in	 the	 time	 domain	 it	

would	 also	 lack	 smoothness.	 Due	 to

time	 constraints	 these	 improvements	

were	not	explored.	

Table	9.2:	List	of	EESIM	GUI	plots	and	descriptions.	
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EESIM	ICM	Case	Study	126	

In	 this	 case	 study	 several	 models	 for	 the	 ICM	 techniques	 were	 explored.	 Several	

examples	are	presented	in	this	section	along	with	explanations	of	their	performance.	There	

are	many	 parameters	 in	 EESIM	 that	 can	 be	 change	 to	 affect	 the	 performance	 of	 the	 ICM	

technique,	but	 the	parameter	with	 the	most	effect	on	 the	 ICM	 technique’s	performance	 is	

the	 multipath	 model	 parameter,	 which	 is	 the	 first	 parameter	 listed	 in	 Table	 9.1.	 In	 this	

section	 this	 parameter	 is	 varied	 and	 its	 effect	 is	 explained	 through	 the	 correlation	 of	 the	

angular‐frequency	spectrum.	

Before	discussing	the	case	study	the	correlation	of	the	angular‐frequency	spectrum	will	

be	explained.	As	given	in	Chapter	Four,	the	discrete	angular‐frequency	spectrum	at	time	ݐ௟	is	

	 ,௟ݐ௛ሺܪ ߱ሻ ൌ ൜
,௟ݐ௔൫ܣ ߱௤൯			, ߱ ൌ ߱௤
0 , ݁ݎ݄݁ݓ݁ݏ݈݁

	.		 9.1	

The	correlation	of	the	angular‐frequency	spectrum	can	be	defined	as	the	expectation	of	the	

convolution	of		ܪ௛൫ݐ௟, ߱௤൯	with	the	conjugate	of	ܪ௛൫ݐ௟, ߱௤ െ ߱௞൯,	

	 ሺ߱௞ሻߩ ൌ ,௟ݐ௛൫ܪ൛ܧ ߱௤൯ܪ௛
∗൫ݐ௟, ߱௤ െ ߱௞൯ൟ ൌ

୘୰ሺ܁ೖ܀ഘሻ

୘୰ሺ܀ഘሻ
	,		 9.2	

As	noted	in	Chapter	Four,	܁௞	is	an	identity	matrix	that	is	circularly	shifted	and	݇	denotes	the	

number	 of	 times	 the	 rows	 are	 shifted	 upwards.	 Equation	 4.48	 is	 rewritten	 here	 using	

Equation	9.2,	

	 ഘ܀ߩ ൌ lim
ఊ→଴		௄→ஶ

						
గ

௄
argminต

௞ஹ଴

ሺሾߩሺ߱௞ሻ െ 0.9ሿଶ ൅ 	.ሻ	݇ߛ 9.3	

Using	 the	 definitions	 in	 Equations	 9.2	 and	 9.3,	 the	 correlation	 and	 90%	 correlation	

bandwidth	for	the	angular‐frequency	spectrum	can	be	calculated	respectively.	For	example,	

using	three	different	two‐tap	delay	line	models		with	each	tap	having	equal	average	power,	

two	statistically	 independent	taps	that	are	complex	and	normally	distributed,	 the	 first	 tap	
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occurring	at	߬଴,	and	the	second	tap	occurring	at	different	delay	indices:	Model	A	ሺ߬ଵሻ,	Model	

B	ሺ߬ଷሻ,	and	Model	C	ሺ߬଻ሻ.	The	delay	domain	covariance	matrix,	܀ఛ,	for	the	respective	models	

are,	

	 ఛ,୑୭ୢ.୅܀ ൌ ቎

௄

ଶ
0

0
௄

ଶ

቏,	 9.4	

	 ఛ,୑୭ୢ.୆܀ ൌ

ۏ
ێ
ێ
ێ
ۍ
௄

ଶ
0 0 0

0 0 0 0
0 0 0 0
0 0 0

௄

ଶے
ۑ
ۑ
ۑ
ې

,	 9.5	

	 ఛ,୑୭ୢ.େ܀ ൌ

ۏ
ێ
ێ
ێ
ێ
ێ
ێ
ێ
ۍ
௄

ଶ
0 0 0 0 0 0 0

0 0 0 0 0 0 0 0
0 0 0 0 0 0 0 0
0 0 0 0 0 0 0 0
0 0 0 0 0 0 0 0
0 0 0 0 0 0 0 0
0 0 0 0 0 0 0 0
0 0 0 0 0 0 0

௄

ଶے
ۑ
ۑ
ۑ
ۑ
ۑ
ۑ
ۑ
ې

,	 9.6	

Note	 for	Model	A	 ሺܯ ൌ 2ሻ,	Model	B	 ሺܯ ൌ 4ሻ,	 and	Model	C	 ሺܯ ൌ 8ሻ.	Using	Equations	4.33	

and	4.42,	 the	angular‐frequency	domain	covariance	matrix,	܀ఠ,	 for	 the	respective	models	

can	be	determined,		

	 ఠ,୑୭ୢ.୅܀ ൌ ۴ி܀ఛ,୑୭ୢ.୅۴ி
ୌ,	 9.7	

	 ఠ,୑୭ୢ.୆܀ ൌ ۴ி܀ఛ,୑୭ୢ.୆۴ி
ୌ,	 9.8	

	 ఠ,୑୭ୢ.େ܀ ൌ ۴ி܀ఛ,୑୭ୢ.େ۴ி
ୌ,	 9.9	

	Note,	 since	 the	 	ܯ values	 for	 each	 model	 are	 different,	 the	 size	 of	 the	 ۴ி	 matrix	 is	 also	

different	for	each	model,	though	the	notation	is	the	same.	

Using	 the	 angular	 frequency‐domain	 covariance	 matrices	 and	 Equations	 9.2	 and	 9.3,	

also	 letting	ܭ ൌ 1024,	Figure	9.3	was	created.	This	shows	a	plot	of	 the	angular‐frequency	
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correlation	 with	 respect	 to	 angular‐frequency	 index	 ݇.	 It	 also	 shows	 the	 coherence	

bandwidth	normalized	to	
గ

௄
.		

 

Figure	9.3:	Correlation	in	the	angular‐frequency	domain	and	normalize	coherence	bandwidth.	

One	 thing	 to	 take	 away	 from	 the	 graph	 is	 that	 Model	 C	 has	 a	 smaller	 coherence	

bandwidth	because	the	two	taps	have	the	largest	spacing	in	the	delay	domain.	Another	thing	

to	note	in	the	case	of	Models	B	and	C,	is	that	in	these	models	there	are	parts	of	the	band	that	

are	more	than	one	coherence	bandwidth	apart	but	are	highly	correlated	with	one	another.	

This	is	a	very	important	concept.	This	goes	to	the	heart	of	why	the	ICM	technique	works.	

Take	the	case	shown	in	Figure	9.4,	where	the	ICM	technique	performs	extremely	well.	

The	multipath	model	is	the	SRWC	Model	shown	in	Figure	7.4.		
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Figure	9.4:	EESIM	case	1	of	a	great	MP	model,	the	SRWC	model,	for	the	ICM	technique.	

The	 angular‐frequency	 correlation	 for	 this	model	 is	 shown	 in	 Figure	 9.4.	 Only	 half	 of	 the	

spectrum	is	shown	since	it	is	symmetric	about	߱଴.	

 

Figure	9.5:	The	SRWC	model	angular‐frequency	domain	correlation.	

As	can	be	seen	in	Figure	9.5,	there	are	many	frequencies	beyond	a	coherence	bandwidth	

apart	that	are	more	than	50%	correlated.	This	is	why	the	ICM	technique	works	so	well	for	
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the	SRWC	model.	This	allows	the	out‐of‐band	portion	of	the	channel	to	be	used	to	determine	

the	in‐band	portion,	because	the	OOB	channel	contains	a	significant	amount	of	information	

about	the	IB	channel.		

In	contrast,	the	worst	model,	the	EDT	model	with	a	90	degree	slope,	has	the	following	

angular‐frequency	 domain	 correlation	 shown	 in	 Figure	 9.6.	With	 this	model	 there	 are	 no	

two	frequencies	with	significant	separation	ሺi.e.	multiple	coherence	bandwidths	apartሻ	that	

are	highly	correlated.	In	these	cases,	the	OOB	channel	does	not	contain	enough	information	

about	 the	 IB	 channel.	 Therefore	 the	 IB	 channel	 cannot	 be	 accurately	 extrapolated	 while	

omitting	a	significant	amount	of	bandwidth.	The	performance	in	these	cases	is	similar	or	the	

same	as	the	performance	that	is	seen	from	the	NCM	technique.	

 

Figure	9.6:	The	EDT	with	90	degree	slope	model	angular‐frequency	domain	correlation.	

	If	 the	 slope	 of	 the	 EDT	 Model	 is	 increased	 to	 36	 degrees,	 shown	 in	 Figure	 7.7,	 the	

performance	 significantly	 improves,	 because	 the	 angular‐frequency	 domain	 correlation	

becomes	more	favorable	for	the	ICM	technique,	as	seen	in	Figure	9.7.	
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Through	the	case	study	 it	was	discovered	that	each	of	 these	cases	the	SWRC,	EDT	90°	

and	 EDT	 36°	 all	 have	 coherence	 bandwidths	 that	 are	 approximately	 equal,	 but	 their	

performance	varies	drastically.	Through	 this	 research	what	has	been	observed	 is	 that	 the	

coherence	bandwidth,	as	define	in	this	thesis,	is	not	a	good	indicator	of	the	performance	of	

the	ICM	technique.	In	the	case	of	the	EDT	models	the	slope	of	the	model	has	the	most	effect	

on	 the	 ICM	technique	performance.	This	 is	highlighted	 in	 the	next	simulator	section	 in	 its	

case	study.	Furthermore,	with	respect	to	the	delay	model	ሺi.e.	CIRሻ,	for	the	ICM	technique	it	

is	most	desirable	to	have	a	CIR	or	delay	model	where	there	are	multiple	samples	between	

delay	 taps.	 This	 creates	 a	 situation	 where	 there	 is	 a	 small	 coherence	 bandwidth	 and	 an	

extremely	 desirable	 angular‐frequency	 domain	 correlation	 for	 the	 ICM	 technique.	 This	

allows	the	omission	of	several	coherence	bandwidths	as	seen	in	Figure	9.4.	

 

Figure	9.7:	The	EDT	with	36	degree	slope	model	angular‐frequency	domain	correlation.	
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9.3	RMSE‐SE	Simulator	132	
9.3	RMSE‐SE	Simulator	

The	 RMSE‐SE	 simulator	 ሺRMSESIMሻ	 is	 designed	 to	 verify	 the	 RMSE‐SE	 performance	

metric	derived	in	Chapter	Seven.	In	this	section	the	validity	and	accuracy	of	the	equations	

will	be	examined	 through	simulations.	As	has	been	stated,	 these	equations	allow	users	 to	

easily	determine	and	compare	the	performance	of	the	ICM,	DCM,	and	NCM	techniques.		

RMSESIM	gives	a	visual	depiction,	similar	to	Figure	7.9,	of	what	performance	 is	better	

based	on	either	the	theoretical	RMSE‐SE	or	sampled	RMSE‐SE.	By	using	both	the	theoretical	

and	sampled	value	the	accuracy	of	the	RMSE‐SE	metric	can	still	be	compared.	However,	the	

main	focus	of	this	simulation	is	not	to	compare	the	accuracy	of	the	metric,	but	to	compare	

the	performance	of	the	ICM	and	DCM	technique.	

This	performance	comparison	will	work	in	the	following	manner.	Nature	will	determine	

the	multipath	and	fading	models.	The	users	will	select	the	ICM	and	DCM	parameters	based	

on	 the	wireless	 communication	 system	 design.	 The	 initial	 variables	 based	 on	 the	models	

and	the	wireless	communication	system	can	then	be	placed	into	the	RMSESIM	comparison	

simulation.	 From	 here,	 the	 user	 can	 visually	 see	 where	 the	 ICM,	 DCM,	 and/or	 NCM	

techniques	 are	 the	 best.	 These	 terms	 best,	 great,	 good,	 etc…	 are	 all	 relative.	 The	 plots	

generated	by	RMSESIM	provide	the	basis	for	these	qualitative	comparisons.	

Explanation	of	RMSESIM	Programming	132	

In	most	ways,	the	programming	for	RMSESIM	is	the	same	as	EESIM.	 	Starting	with	the	

initial	variables	in	Table	9.1,	the	“#	of	Coh.	times…”	variable	is	not	used	in	the	RMSESIM,	and	

the	 checkboxes	 are	 not	 present	 either.	 There	 is	 one	 added	 setting,	 and	 that	 is	 the	 radio	
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button	that	allows	users	to	select	the	performance	or	comparison	simulation.	All	the	other	

variables	in	the	table	are	the	same.	

The	steps	to	create	the	channel	statistics	and	the	linear	estimator‐extrapolators	are	the	

same	as	 in	 the	EESIM.	Unlike	 the	EESIM	after	 these	 two	 steps	 the	 theoretical	RMSE‐SE	 is	

calculated	using	Equations	7.30,	7.42,	7.45,	and	7.46.		The	next	two	steps,	the	generation	of	

the	wireless	channel	and	the	calculation	of	the	extrapolation	are	the	same,	but	a	following	

step	 is	 added.	 This	 step	 is	 the	 calculation	 of	 the	 sampled	 RMSE‐SE.	 The	 final	 step	 with	

RMSESIM	is	also	plotting.	The	iteration	in	RMSESIM	occurs	in	the	same	place,	but	the	trigger	

is	the	toggling	of	the	simulate	button	and	does	not	involve	the	clicking	of	a	checkbox.		Figure	

9.8	shows	a	block	diagram	of	the	RMSESIM	programming.		

 

Figure	9.8:	MATLAB	code	block	diagram	for	RMSESIM.	

There	are	two	types	of	plots	 in	this	simulator,	 the	performance	and	comparison	plots.	

The	performance	plots	are	of	the	various	theoretical	and	sampled	RMSE‐SE	equations	in	log	

scale.	The	top	plot	is	of	the	DCM	and	NCM	with	respect	to	time,	and	the	bottom	plot	is	for	

the	ICM	and	NCM	with	respect	to	the	angular‐frequency.	The	legend	is	given	in	the	GUI	for	

the	respective	plots.	

Set	values	
of	initial	
variables		

Create	linear	
estimator‐predictor	

variables	

Create	channel	statistics	and	model	
variables:	۴ி,	۴ூ,	,܋ܡ۽	,ܚܡ۽	,ܚ۾ۻ۽	۱ఛ,	۱௙,	

௧ߩ	,ఠߩ	,௙܀	,ఛ܀

Randomly	
generate	wireless	
channel	۶ு೓

Calculate	the	
estimations	and	
predictions

Plot	results	

Calculate	the	
sampled	
RMSE‐SE	

Calculate	the	
theoretical	
RMSE‐SE	
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The	 second	 type	 of	 plots	 deals	 with	 the	 comparison	 of	 the	 three	 techniques.	 The	

comparisons	are	given	 in	the	time‐angular‐frequency	matrix	domain.	Therefore	Equations	

9.10,	9.11,	and	9.12	show	the	matrix	forms	used	to	create	the	matrix	for	the	plot,	

	 ூ஼ெ܈ ൎ ூ஼ெ,௧ಽ,܋ܢ
మశభ
૚௅
୘,	 9.10	

	 ஽஼ெ܈ ൎ ૚௄ܚܢ,஽஼ெ,ఠబ
,	 9.11	

	 ே஼ெ܈ ൌ ඥ3	diagሺ܀ఠ ∘ ௧܀diagሺ	ఠሻ܀ ∘ ௧ሻ୘܀ െ ௧ሻ୘܀diagሺ	ఠሻ܀diagሺ	ܭ2 ൅ 	.ଶܭ 9.12	

The	matrices	܈ூ஼ெ	and	܈஽஼ெ	are	approximated	to	reduce	the	amount	of	processing	needed.	

These	approximations	are	accurate	because	the	covariance	matrices	have	minor	variations	

with	respect	to	the	opposing	domain.	

These	 matrices	 are	 used	 in	 the	 following	 manner	 to	 create	 the	 matrices	 for	 the	

comparison	plots.	First	the	maximum	value	is	determined	for	each	of	the	three	܈	matrices	

and	 the	 overall	 maximum	 is	 selected,	 ܼ௠௔௫.	 Then	 each	 matrix	 element	 is	 compared	 to	

determine	 the	 normalization	 matrix.	 Each	 element	 in	 the	 normalization	 matrix	 is	

determined	by	selecting	the	minimum	value	between	each	of	the	respective	elements	from	

the	܈ூ஼ெ,	܈஽஼ெ,	and	܈ே஼ெ	matrices.	Equation	9.13	gives	the	normalization	matrix,	

	 ௡௢௥௠܈ ൌ ܼ௠௔௫ െ 10	 logሺminሺࢆூ஼ெ, ,஽஼ெࢆ 	,ே஼ெሻሻࢆ 9.13	

Note,	the	functions	logሺ∙ሻ	and	maxሺ∙,∙,∙ሻ	are	element‐wise	functions.	

Using	the	norm	matrix,	three	matrices	are	created.		These	matrices	are	considered	to	be	

the	normalized	version	of	the	RMSE‐SE	matrixes	for	each	technique.	

	 ூ஼ெ,௡௢௥௠܈ ൌ invሺ܈௡௢௥௠ሻ	ሾܼ௠௔௫ െ 10	 logሺࢆூ஼ெሻሿ,	 9.14	

	 ஽஼ெ,௡௢௥௠܈ ൌ invሺ܈௡௢௥௠ሻ	ሾܼ௠௔௫ െ 10	 logሺࢆ஽஼ெሻሿ,	 9.15	

	 ே஼ெ,௡௢௥௠܈ ൌ invሺ܈௡௢௥௠ሻ	ሾܼ௠௔௫ െ 10	 logሺࢆே஼ெሻሿ.	 9.16	
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The	function	invሺ∙ሻ	is	an	element‐wise	inverse	function.	Each	of	these	normalized	matrices	

have	 values	 in	 the	 following	 range,	 ሾ0	1ሿ,	 and	 any	 undefined	 value	 caused	 by	 division	 by	

zero	is	set	to	equal	one.	The	RGB	color	scheme	was	used	for	comparison	since	the	range	of	

values	 was	 between	 zero	 and	 one,	 and	 there	 were	 three	 matrices	 to	 compare.	 Red	

represents	the	DCM	technique,	green	represents	ICM,	and	blue	represents	NCM.	Figure	9.9	

gives	 the	 graphical	 depiction	 of	 the	 legend,	 and	 Table	 9.3	 gives	 a	 discrete	 version	 of	 the	

same	legend.	Another	discrete	version	is	also	presented	in	the	GUI.	

 

	 Figure	9.9:	Color	legend	for	the	ICM,	DCM,	and	NCM	techniques.	 Table	9.3:	Discretize	color		
	 legend	for	the	ICM,	DCM,	and	
	 NCM	techniques.	

This	type	of	comparison	was	created	for	this	research,	and	the	plots	in	this	simulation	

will	be	based	on	this	color	scheme.	There	are	three	ways	to	read	this	plot.	The	highest	level	

is	just	using	the	plot	to	determine	what	technique	is	the	best.	So,	if	a	part	of	the	plot	looks	

green	 then	 the	 ICM	 technique	 is	 the	 best	 in	 that	 region.	 In	 this	 high	 level,	 only	 the	 color	

	 	 Color	 Best

1 0	 0	 DCM

0 1	 0	 ICM

1 1	 0	 DCM or	
ICM

0 0	 1	 NCM

1 0	 1	 NCM or	
DCM

0 1	 1	 NCM or	
ICM

1 1	 1	
DCM,	
ICM,	or	
NCM

Red

Green

Yellow

Blue

Magenta

Cyan

White

G
re
en
	In
te
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it
y	

Blue	
Intensity	

Red
Intensity
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readings	of	red,	green,	or	blue	are	used.	The	next	level	the	user	can	include	the	other	colors,	

like	 cyan.	 For	 cyan,	 the	 ICM	 and	 NCM	 technique	 have	 the	 same	 performance.	 Note	 for	

application	purposes,	in	cases	where	the	performance	of	the	NCM	technique	is	the	same	as	

the	DCM	and/or	 ICM	technique,	 the	NCM	technique	will	most	 likely	be	preferable	since	 it	

does	not	require	any	measurements.	The	third	and	lowest	level	form	of	reading	the	plots	is	

to	select	points	on	the	plot	and	get	the	actual	color	 intensities	and	translate	them	back	to	

the	performance	metrics.	

RMSESIM	Results	136	

In	this	subsection	the	results	of	RMSESIM	will	be	presented,	but	before	discussing	some	

of	the	results	a	depiction	of	the	GUI	is	given	in	Figure	9.10	and	9.11.	Figure	9.10	shows	the	

performance	simulation.	The	plots	in	this	figure	are	a	great	representation	of	the	accuracy.		

In	 the	 bottom	 left	 corner	 of	 the	 figure,	 the	 number	 of	 samples	 used	 in	 the	 average	 is	

given.	 As	 can	 be	 seen,	 within	 128	 samples	 the	 sampled	 RMSE‐SE	 has	 approached	 the	

theoretical	RMSE‐SE.	

Figure	 9.11	 shows	 the	 comparison	 simulator.	 As	 seen	 in	 the	 figure,	 the	 comparison	

simulator	can	also	be	used	to	view	the	accuracy	of	the	theoretical	RMSE‐SE.	The	top	plot	is	

the	theoretical	RMSE‐SE	and	the	bottom	plot	is	the	sampled	RMSE‐SE.	The	main	use	of	these	

plots	is	for	comparison	purposes,	and	in	Figure	9.11	in	can	be	seen	that	the	DCM	technique	

is	best	within	approximately	three	coherence	times	of	the	measured	DCM	values.	What	can	

also	 be	 seen	 is	 that	 after	 three	 coherence	 times	 the	 performance	 of	 all	 three	 of	 the	

techniques	are	approximately	equal,	hence	the	whitish	color.	Remember,	when	any	of	 the	
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techniques’	performance	is	approximately	equal	to	the	performance	of	the	NCM	technique,	

the	NCM	technique	will	be	preferable	because	it	does	not	require	any	measurements.	

 

Figure	9.10:	RMSESIM	GUI	showing	the	theoretical	and	sampled	RMSE‐SE.	
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Figure	9.11:	RMSESIM	GUI	showing	the	performance	comparison.	

The	rest	of	 this	 subsection	will	 cover	 the	performance	comparison	results	 for	various	

variable	 selections,	 which	 will	 be	 referred	 to	 as	 cases.	 Instead	 of	 showing	 the	 graphical	

depiction	as	shown	in	Figure	9.11,	 the	coherence	times	corresponding	to	the	dotted	black	

lines	shown	in	Figure	9.11	are	given	for	the	performance	comparison	results.	To	get	these	
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the	 GUI	 variables	 were	 set	 to	 the	 values	 in	 Table	 9.4,	 and	 Tables	 9.5	 and	 9.6	 show	 the	

performance	comparison	results.		

Table	9.5	list	the	results	obtained	from	the	first	dotted	line	from	the	left	in	Figure	9.11.	

This	 dotted	 line	 is	 the	 coherence	 time	 value	 at	 which	 the	 inequality	 in	 Equation	 9.17	

becomes	 true.	The	second	dotted	 line	 in	Figure	9.11	 is	 the	coherence	 time	value	at	which	

the	inequality	in	Equation	9.18	becomes	true,	and	these	values	are	given	in	Table	9.6.	The	

dotted	 lines	 in	 the	 top	 plot	 are	 the	 theoretical	 values	 and	 for	 the	 bottom	plot	 the	 dotted	

lines	represent	the	sampled	version	of	the	theoretical	values.	

	
ଵ

ଶ௄೚೘೔೟
቎

૙௄೚್ೞೝೡା௄మ	
૚ଶ௄೚೘೔೟

૙௄೚್ೞೝೡା௄మ

቏

୘

ூ஼ெ,௧೗,܋ܢ ൑ ܼ஽஼ெ,ఠబ,௧೗ ,	 9.17	

	 ܼூ஼ெ,ఠబ,௧೗ ൑ ܼ஽஼ெ,ఠబ,௧೗ ,	 9.18	

In	 Equations	 9.17	 and	 9.18	 the	 variable	 ܼ௅ா௉,ఠೖ,௧೗	 is	 the	 RMSE‐SE	 for	 the	 respective	 LEE	

technique	at	 angular‐frequency,	߱௞,	 and	 time,	 	.௟ݐ For	 the	 sampled	version,	 the	 theoretical	

RMSE‐SE	values	are	replaced	with	the	sampled	values.	

		The	values	 in	Table	9.5	and	9.6	are	 indicative	of	 the	 ܧܫ ஽ܶ஼ெ.	The	 ܧܫ ஽ܶ஼ெ	can	be	any	

value	between	the	values	in	Table	9.5	and	Table	9.6,	depending	on	how	many	sub‐carriers	

of	 the	omitted	spectrum	you	want	 to	 include	 in	 the	 inequality.	Also,	as	can	be	seen	 in	 the	

tables	 ܧܫ ஽ܶ஼ெ	 is	 shown	as	 it	 varies	with	 respect	 to	 four	of	 the	variables	given	 in	Chapter	

Seven:	 	 the	number	of	 time	 indices	observed	and	omitted	 ሺܮ௢௕௦௥௩	and	ܮ௢௠௜௧ሻ,	 the	average	

theoretical	 SNR	 ሺ1 ܅ߪ
ଶ⁄ 	ሻ	 in	 dB,	 the	 number	 of	 angular‐frequency	 indices	 omitted	 ሺܭ௢௠௜௧ሻ,	

and	 the	 slope	 of	 the	 EDT	model.	 All	 the	 other	 changeable	 variables	 in	 the	 RMSE‐SE	 GUI	

remain	constant	and	are	given	in	Table	9.4.	
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Wireless	Channel
Fading	Model:	Jakes’

߬௦ ൌ ܣܰ

௦݂ ൌ ܣܰ
ICM	Technique DCM	Technique	

ܭ ൌ 640	 ܮ ൌ 1024	
ܯ ൌ 64	 ܰ ൌ 48	

ଵܭ ൌ 0	 ଵܮ ൌ
ܮ െ ௢௕௦௥௩ܮ2 െ ௢௠௜௧ܮ

2
	

௢௕௦௥௩ܭ ൌ 64	 ௢௠௜௧ܮ ൌ 480 െ 	௢௕௦௥௩ܮ

Table	9.4:	Constant	initial	variables	and	settings	used	in	ࡹ࡯ࡰࢀࡱࡵ	calculation.	

	 	 	࢙࢜࢘࢈࢕ࡸ 8	ሺܮ௢௠௜௧ ൌ 472ሻ 32 ሺܮ௢௠௜௧ ൌ 448ሻ 128	ሺܮ௢௠௜௧ ൌ 352ሻ

	 	 SNR	 10	 30	 50 10 30 50 10	 30	 50

	࢚࢏࢓࢕ࡷ MPM	 	 	 	 	 	

16	

EDT	18°	 	 0.125	 0.125	 0.375 0.125 0.250 0.625 0.125	 0.375 0.750

EDT	36°	 	 0.375	 0.875	 1.125 0.625 1.375 1.500 0.875	 1.625 1.875

EDT	90°	 	 1.500	 1.625	 1.125 2.250 2.500 1.625 2.500	 2.875 2.000

32	

EDT	18°	 	 0.125	 0.375	 0.750 0.125 0.625 1.125 0.125	 0.875 1.375

EDT	36°	 	 0.750	 1.375	 2.125 1.250 2.125 2.875 1.500	 2.500 3.250

EDT	90°	 	 2.375	 2.750	 3.500 3.250 4.000 4.625 3.875	 4.750 5.125

64	

EDT	18°	 	 0.375	 1.000	 1.625 0.750 1.500 2.250 0.875	 1.750 2.500

EDT	36°	 	 1.375	 2.125	 3.000 2.000 3.125 4.000 2.375	 3.625 4.500

EDT	90°	 	 3.250	 3.750	 4.750 4.375 5.250 6.125 7.750	 6.375 7.125

Table	9.5:	The	ࡹ࡯ࡰࢀࡱࡵ	obtained	from	the	first	dotted	line	in	Figure	9.11.	

In	Table	9.5	there	are	three	colors	shown:	green,	blue,	and	cyan.	Green	states	that	after	

the	 coherence	 time	 shown,	 the	 ICM	 technique	has	better	performance	 if	 the	 inequality	 in	

Equation	9.17	is	false.	Blue	signifies	all	the	techniques	or	just	the	ICM	and	NCM	have	equal	

performance,	but	 the	NCM	technique	 is	considered	better	because	 it	does	not	require	any	

measurements.	 	With	respect	to	performance,	the	cyan	color	means	that	the	ICM	and	NCM	
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techniques	 have	 the	 same	 performance,	 but	 either	 the	 ICM	 or	 NCM	 techniques	 could	 be	

considered	to	be	better	than	the	DCM	technique.	

In	 Tables	 9.5	 and	 9.6	 MPM	 stands	 for	 multipath	 model,	 and	 the	 numbers	 in	 the	

parentheses	in	the	ܮ௢௕௦௥௩	row	are	the	ܮ௢௠௜௧	values	as	given	in	Table	9.4.	The	three	dashes	in	

Table	9.6	means	that	there	are	no	lines	in	the	respective	cases.	

	 	 	࢙࢜࢘࢈࢕ࡸ 8	ሺܮ௢௠௜௧ ൌ 472ሻ 32	ሺܮ௢௠௜௧ ൌ 448ሻ 128	ሺܮ௢௠௜௧ ൌ 352ሻ

	 	 SNR	 10	 30	 50 10 30 50 10	 30	 50

	࢚࢏࢓࢕ࡷ MPM	 	 	 	 	 	

16	

EDT	18°	 	 0.125	 0.125	 0.500 0.125 0.250 0.750 0.125	 0.375 0.875

EDT	36°	 	 0.375	 1.125	 1.375 0.875 1.750 2.000 1.000	 2.000 2.250

EDT	90°	 	 2.250	 2.250	 1.500 3.125 3.375 2.125 3.625	 3.875 2.500

32	

EDT	18°	 	 0.125	 0.375	 0.750 0.250 0.750 1.125 0.375	 0.875 1.375

EDT	36°	 	 0.875	 1.500	 2.500 1.375 2.250 3.250 1.625	 2.625 3.750

EDT	90°	 	 4.250	 3.625	 4.375 8.000 5.125 5.750 11.375	 6.250 6.500

64	

EDT	18°	 	 0.625	 1.125	 1.750 1.125 1.750 2.500 1.375	 2.125 2.875

EDT	36°	 	 1.750	 2.500	 3.625 2.625 3.625 4.750 3.000	 4.250 5.375

EDT	90°	 	 ‐‐‐	 8.375	 ‐‐‐ ‐‐‐ ‐‐‐ 11.500 19.375	 18.125 15.625

Table	9.6:	The	ࡹ࡯ࡰࢀࡱࡵ	obtained	from	the	second	dotted	line	in	Figure	9.11.	

Furthermore,	 these	 results	 were	 used	 to	 show	 which	 technique	 has	 the	 best	

performance	 in	 several	 different	 cases.	 In	 the	next	 section	 this	 case	 study	 is	 discussed	 in	

further	detail.		

9.4	RMSESIM	Case	Study	141	
9.4	RMSESIM	Case	Study	

The	purpose	of	this	case	study	is	to	inform	users	which	cases	are	best	for	the	ICM,	DCM,	

or	NCM	techniques.	The	metrics	used	 to	make	 this	determination	are	 the	 ܷܫ ஽ܶ஼ெ	and	 the	
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ܧܫ ஽ܶ஼ெ	 given	 in	 Chapter	 Eight.	 If	 the	 inequality	 in	 Equation	 9.19	 is	 true	 then	 the	 DCM	

technique	is	the	best.	If	the	inequality	is	false	then	the	ICM	or	NCM	technique	is	the	best.	

	
ܷܫ ஽ܶ஼ெ ൑ ܧܫ ஽ܶ஼ெ
ோವ಴ಾ

଴.ଵଶହ	୫ୱ
൒

ଶ௕ೞ೎௄೚೘೔೟

ఘ܀೟ூா்ವ಴ಾ

.		 9.19	

This	 inequality	 is	 evaluated	 in	 972	different	 cases	 in	which	 seven	parameters	 are	 varied.	

These	parameters	are	shown	in	Table	9.7.	

Parameters	 Qualifiers Quantifiers

The	dynamic	nature	of	
the	DWE	

Very dynamic ೟܀ߩ ൌ 0.125	ms
Moderately dynamic ೟܀ߩ ൌ 1.25	ms
Slightly dynamic ೟܀ߩ ൌ 12.5	ms

The	number	of	feedback	
bits	per	coherence	time	

A	few bits ܴ஽஼ெ ൌ ೟܀ߩ	16 0.125 ms⁄
More than	a	few	bits ܴ஽஼ெ ൌ ೟܀ߩ	128 0.125 ms⁄

Many more than	a	few	bits ܴ஽஼ெ ൌ ೟܀ߩ	1024 0.125 ms⁄

Multipath	Models	
Great Model	for	ICM EDT	18°	
Good Model	for	ICM EDT	36°	
Bad Model	for	ICM EDT	90°	

Number	of	information	
and	overhead	bits	need	

per	subcarrier	

Several bits ܾ஽஼ெ ⁄௢௠௜௧ܭ ൌ 16
A	few bits ܾ஽஼ெ ⁄௢௠௜௧ܭ ൌ 4

SNR	
Low 0	dB	

Medium 30	dB	
High 50	dB	

RX	Memory	Capacity	 Minimum ௢௕௦௥௩ܮ ൌ 8
Large ௢௕௦௥௩ܮ ൌ 128

Bandwidth	Omission	
with	respect	ܭ௢௕௦௥௩ ൌ 64	

Fifth ௢௠௜௧ܭ ൌ 16
Third ௢௠௜௧ܭ ൌ 32
Half ௢௠௜௧ܭ ൌ 64

Table	9.7:	Initial	variables	and	settings	used	in	theoretical	probability	calculation.	
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Some	of	 these	parameters	are	also	used	 in	Tables	9.5	and	9.6.	These	parameters	give	

rise	to	the		ܧܫ ஽ܶ஼ெ	values,	and	the	ܧܫ ஽ܶ஼ெ	values	only	vary	with	these	parameters	because	

of	how	the	RMSESIM	is	designed.	

The	parameters	listed	in	Table	9.7	are	varied	and	the	inequality	is	calculated	for	each	of	

the	respective	cases,	and	placed	into	Tables	9.8	–	9.10.	These	tables	are	color	coded	using	

the	legend	in	Figure	9.9		and	Table	9.3.	In	this	instance,	the	colors	indicate	what	technique	is	

best	based	on	the	inequality.	

Several	 conclusions	 can	 be	drawn	 from	 these	 tables.	 This	 section	will	 cover	 the	most	

important	 ones.	 One	 thing	 to	 know	 about	 the	 parameters	 in	 the	 tables	 is	 that	 they	 are	

arranged	 in	 descending	 order	 from	 left	 to	 right	with	 respect	 to	 how	much	 the	 inequality	

varies	with	respect	to	the	parameter’s	variation.	So,	the	inequality	in	Equation		9.19	varies	

most	 when	 the	 dynamic	 nature	 of	 the	 DWE	 changes,	 and	 varies	 the	 least	 when	 the	

bandwidth	omission	changes.	Before	presenting	 these	tables,	an	explanation	will	be	given	

on	how	to	read	the	tables.	Table	9.8	will	be	used	for	the	explanation.	

First,	in	the	table	the	qualifiers	are	used	for	the	respective	parameters.	As	stated,	there	

are	 a	 total	 of	 972	 cases,	 one	 for	 each	 qualifier	 combination.	 In	 the	 text	 the	 qualifier	

combinations	will	be	written	in	the	following	form,	ሼDynamic	nature	of	the	DWE,	Number	of		

feedback	 bits	 per	 coherence	 time,	 MP	 model,	 Info	 bits	 needed	 per	 subcarrier,	 SNR,	 RX	

memory	capacity,	Bandwidth	omissionሽ.	The	 italicize	parameter	represents	 the	respective	

qualifiers,	 for	 example,	 ሼVery,	A	 Few,	Great,	 Several,	 Low,	Minimum,	 Fifthሽ.	 ሼVery,	A	 Few,	

Great,	Several,	Low,	Minimum,	Fifthሽ	represents	one	case,	the	case	where:	the	DWE	is	very	

dynamic,	there	are	a	few	feedback	bits	that	need	to	be	sent	to	the	transmitter	per	coherence	

time,	 the	 MP	 model	 is	 great	 for	 the	 ICM	 technique,	 there	 are	 several	 bits	 needed	 per	
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subcarrier,	 the	SNR	is	 low,	there	is	a	minimum	amount	of	memory	capacity	needed	at	the	

receiver	 for	 the	 DCM	 technique,	 and	 a	 fifth	 of	 the	 bandwidth	 is	 omitted	 for	 the	 ICM	

technique.	In	the	tables	“All”	takes	the	place	of	some	of	the	qualifiers,	such	as	ሼVery,	A	Few,	

All,	All,	All,	All,	Allሽ.	In	this	instance	ሼVery,	A	Few,	All,	All,	All,	All,	Allሽ	represents	all	cases	for	

which	the	DWE	is	very	dynamic	and	there	are	a	few	feedback	bits	that	need	to	be	sent	to	the	

transmitter	per	coherence	time.		

The	qualifier	combinations	given	by	 the	text	 in	 the	braces	can	be	obtained	by	reading	

the	 table	 from	 the	 far	 left	 column	 in	 the	 table	 to	 the	 last	 parameter	 column,	 “Bandwidth	

omission”.	 	The	far	 left	column	gives	the	“Dynamic	nature	of	the	DWE”	qualifier.	Since	the	

tables	are	 split	 into	 three	 this	qualifier	will	 always	be	 the	 same	 for	each	 respective	 table,	

ሺi.e.	 “Very”	 for	 the	 very	 dynamic	 DWE	 case	 studies,	 “Moderately”	 for	 the	 moderately	

dynamic	 DWE	 case	 studies,	 etc…ሻ.	Moving	 to	 the	 next	 column,	 the	 first	 column	 from	 the	

leftmost	column	will	give	the	qualifier	for	the	“Number	of	feedback	bits	per	coherence	time”	

parameter,	 and	 the	 next	 column’s	 qualifiers	 for	 the	 parameter,	 “MP	Model”	 will	 be	 with	

respect	 to	 the	 previous	 qualifier	 from	 the	 “Number	 of	 feedback	 bits	 per	 coherence	 time”	

parameter.	 So,	 if	 “More”	 is	 selected	 in	 the	 “Number	 of	 feedback	 bits	 per	 coherence	 time”	

column,	then	the	respective	qualifiers	of	the	“MP	Model”	parameter	will	be	the	ones	that	fit	

within	the	cells	height.	This	is	true	for	all	subsequent	qualifiers	and	parameters.	

The	far	right	columns	in	the	table	is	the	number	of	cases	for	which	the	DCM	ሺܦሻ,	ICM	ሺܫሻ,	

and/or	NCM	ሺܰሻ	technique	is	preferred	based	on	the	inequality	and	colors	in	Table	9.5.	In	

text	 these	numbers	will	 be	presented	 in	 brackets	 as	 such,	 ሾܦ, ,ܫ ܰሿ	 and	 referred	 to	 as	 the	

NOC.	 For	 example,	 the	 first	 row	 in	 the	 far	 right	 columns	 in	 Table	 9.8	 has	 an	 NOC	 of	

ሾ0, 90, 18ሿ.	This	NOC	corresponds	to	the	following	cases:	ሼVery,	A	Few,	All,	All,	All,	All,	Allሽ.	



	

	 145	

The	next	NOC	 is	 ሾ0, 18, 0ሿ	and	 it	corresponds	to	cases:	 ሼVery,	More,	Great,	Several,	All,	All,	

Allሽ.	 The	NOC	 for	 the	 following	 cases,	 ሼVery,	 All,	 All,	 All,	 All,	 All,	 Allሽ,	 can	 be	 obtain	 from	

summing	together	the	respective	NOC.	For	ሼVery,	All,	All,	All,	All,	All,	Allሽ	the	NOC	is	the	sum	

of	all	the	NOCs	in	Table	9.8,	ሾ141,156,27ሿ.	For	the	following	cases,	ሼVery,	More,	Bad,	Several,	

High,	All,	Allሽ,	the	NOC	is	ሾ2,2,2ሿ.	The	NOCs	are	used	to	determine	the	colors	using	the	legend	

in	Figure	9.9,	

	 ሾRed, Green, Blueሿ ൌ
୒୓େ

୫ୟ୶ሺ୒୓େሻ
.		 9.20	

So,	 the	 color	 legend	 values	 for	 the	 leftmost	 cell	 in	 the	 Table	 9.8,	 “Very”,	 represented	 by	

ሼVery,	All,	All,	All,	All,	All,	Allሽ,	is	ሾ~0.9,1, ~0.17ሿ.	Using	these	values	and	the	legend	in	Figure	

9.9,	 the	 respective	 color	 for	 the	 “Very”	 cell	 was	 obtained.	 For	 ሼVery,	 More,	 Bad,	 Several,	

High,	All,	Allሽ	the	color	legend	values	are	ሾ1, 1, 1ሿ.	That	is	why	the	respective	cell	is	white.	

The	original	table	created	was	broken	into	three	tables	because	of	its	length.	This	first	

table,	 Table	 9.8,	 covers	 DWEs	 that	 are	 very	 dynamic.	 If	 the	 nature	 of	 the	 DWE	 is	 very	

dynamic	then	most	of	the	cases	are	best	for	the	ICM	technique.	Thus	occurs	when	there	are	

a	few	or	more	than	a	few	feedback	bits	per	coherence	time.	
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Dynamic	
nature	of	the	

DWE	

Number	of	
feedback	bits	per	
coherence	time	

MP	
model

Info	bits	
needed	per	
subcarrier

SNR
RX	memory	
capacity

Bandwidth	
omissions	

Number	of	
Cases

D I N

Very	

A	Few	 All All All All All	 0 90 18

More	

Great	

Several All All All	 0 18 0

A	Few

Low All All	 0 6 0
Medium All All	 0 6 0

High
Minimum All	 0 3 0
Large All	 3 0 0

Good	

Several All All All	 0 15 3

A	Few
Low

Minimum All	 0 2 1
Large All	 3 0 0

Medium All All	 6 0 0
High All All	 6 0 0

Bad	
Several	

Low

Minimum All	 0 2 1

Large
Fifth	 1 0 0
Third	 0 1 0
Half	 0 1 0

Medium

Minimum All	 0 2 1

Large
Fifth	 1 0 0
Third	 1 0 0
Half	 0 0 1

High

Minimum All	 0 2 1

Large
Fifth	 1 0 0
Third	 1 0 0
Half	 0 0 1

A	Few All All All	 18 0 0

Many	More	
Great	

Several	

Low All All	 0 6 0

Medium
Minimum

Fifth	 0 1 0
Third	 0 1 0
Half	 1 0 0

Large All	 3 0 0
High All All	 6 0 0

A	Few All All All	 18 0 0
Good All All All All	 36 0 0
Bad All All All All	 36 0 0

Table	9.8:	Case	studies	for	a	very	dynamic	DWE.		

Tables	9.9	 is	 for	 the	moderately	dynamic	wireless	environment,	and	 in	Table	9.10	the	

DWE	is	slightly	dynamic.	In	most	of	these	cases	the	DCM	technique	is	considered	to	be	the	

best.	 In	moderately	dynamic	cases	where	 there	are	a	 few	 information	bits	per	subcarrier,	

and	the	multipath	model	is	great,	the	ICM	technique	will	most	likely	be	best.	The	same	can	

be	said	if	the	multipath	model	was	changed	to	a	good	model	and	the	radio	needed	to	send	

back	several	information	bits	per	subcarrier.	
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Dynamic	Nature	
of	the	DWE	

Number	of	
feedback	bits	per	
coherence	Time	

MP	
models

Info	bits	
needed	per	
subcarrier

Noise	level
RX	Memory	
Capacity

Bandwidth	
omissions	

Number	of	
Cases

D I N

Moderately	

A	Few	

Great	

Several	 All	 All	 All	 0	 18 0	

A	Few	

Low	 All	 All	 0	 6	 0	

Medium	

Minimum	 All	 0	 3	 0	

Large	
Fifth	 0	 1	 0	
Third	 1	 0	 0	
Half	 1	 0	 0	

High	
Minimum	

Fifth	 0	 1	 0	
Third	 0	 1	 0	
Half	 1	 0	 0	

Large	 All	 3	 0	 0	

Good	

Several	

Low	 All	 All	 0	 4	 2	

Medium	

Minimum	 All	 0	 2.5 0.5

Large	
Fifth	 1	 0	 0	
Third	 0	 1	 0	
Half	 0	 0.5 0.5

High	

Minimum	 All	 0	 2	 1	

Large	
Fifth	 1	 0	 0	
Third	 1	 0	 0	
Half	 0	 1	 0	

A	Few	
Low	

Minimum	 All	 0	 2	 1	
Large	 All	 3	 0	 0	

Medium	 All	 All	 6	 0	 0	
High	 All	 All	 6	 0	 0	

Bad	
Several	

Low	
Minimum	 All	 0	 2	 1	
Large	 All	 3	 0	 0	

Medium	

Minimum	
Fifth	 1	 0	 0	
Third	 0	 1	 0	
Half	 0	 0	 1	

Large	
Fifth	 1	 0	 0	
Third	 1	 0	 0	
Half	 0	 0	 1	

High	
Minimum	

Fifth	 0	 1	 0	
Third	 1	 0	 0	
Half	 0	 0	 1	

Large	 All	 3	 0	 0	
A	Few	 All	 All	 All	 18	 0	 0	

More	
Great	

Several	

Low	

Minimum	 All	 0	 3	 0	

Large	
Fifth	 0	 1	 0	
Third	 0	 1	 0	
Half	 1	 0	 0	

Medium	
Minimum	

Fifth	 0	 1	 0	
Third	 0	 1	 0	
Half	 1	 0	 0	

Large	 All	 3	 0	 0	
High	 All	 All	 6	 0	 0	

A	Few	 All	 All	 All	 18	 0	 0	
Good	 All	 All	 All	 All	 36	 0	 0	
Bad	 All	 All	 All	 All	 36	 0	 0	

Many	More	 All	 All	 All	 All	 All	 108 0	 0	

Table	9.9:	Case	studies	for	a	moderately	dynamic	DWE.	
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Dynamic	
Nature	of	the	

DWE	

Number	of	
feedback	bits	
per	coherence	

Time	

MP	
models

Info	bits	
needed	per	
subcarrier

Noise	level
RX	Memory	
Capacity

Bandwidth	
omissions	

Number	of	
Cases

D I N

Slightly	
A	Few	

Great	
Several	

Low

Minimum All	 0 3 0

Large
Fifth	 0 1 0
Third	 0 1 0
Half	 1 0 0

Medium
Minimum

Fifth	 0 1 0
Third	 1 0 0
Half	 1 0 0

Large All	 3 0 0
High All All	 6 0 0

A	Few All All All	 18 0 0
Good All All All All	 36 0 0
Bad All All All All	 36 0 0

More	 All All All All All	 108 0 0
Many	More	 All All All All All	 108 0 0

Table	9.10:	Case	studies	for	a	slightly	dynamic	DWE.	

There	are	some	other	 important	special	cases.	Whenever	 there	are	many	more	than	a	

few	information	bits	that	can	be	sent	back	over	the	feedback	channel,	in	most	cases	the	DCM	

technique	will	 be	 the	best.	Another	 special	 case	 is	when	 there	 are	 a	 few	 information	bits	

that	can	be	sent	over	the	feedback	channel	per	coherence	time,	a	great	multipath	model	for	

the	 ICM	 technique,	 several	 bits	 that	 need	 to	 be	 sent	 back	 per	 subcarrier,	 and	 high	 noise	

level.	Most	of	these	cases	will	be	best	for	the	ICM	technique.	

The	 proof	 of	 the	 initial	 statement	 that	 the	 ICM	 technique	 is	 best	 in	 very	 dynamic	

wireless	 environments	 is	 shown	 in	 these	 tables.	 These	 tables	 also	 break	 the	 channel	 and	

techniques	into	937	cases	that	are	qualitatively	defined	by	seven	parameters.	Users	can	use	

these	qualifications	and	outcomes	of	the	inequality	to	make	general	statements	about	what	

techniques	are	best.	
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9.5	Summary	149	
9.5	Summary	

This	chapter	covered	two	simulations	and	a	case	study	based	on	one	of	the	simulations.	

The	first	simulation,	EESIM,	gives	the	user	a	way	to	visualize	the	extrapolated	waveform	for	

four	of	the	LEEs.	It	is	a	GUI	that	users	can	use	to	change	variables	pertaining	to	the	wireless	

environment	 and	 view	 the	 extrapolated	 waveforms,	 “at	 a	 click	 of	 a	 button.”	 The	 second	

simulation	RMSESIM	gives	 the	users	 the	ability	 to	view	 the	RMSE‐SE	performance	metric	

for	 the	 ICM	 and	 DCM	 technique,	 and	 shows	 its	 accuracy	 by	 comparing	 it	 to	 a	 sampled	

version	of	the	same	metric.	Also,	RMSESIM	allows	users	to	compare	the	performance	of	the	

ICM	and	NCM	technique	with	respect	to	the	angular‐frequency	and	time.	

One	of	the	most	valuable	parts	of	this	chapter	is	the	case	study	based	on	the	RMSESIM	

performance	 comparison.	 From	 the	 performance	 comparison	 the	 user	 can	 determine	 the	

ܧܫ ஽ܶ஼ெ.	The	ܧܫ ஽ܶ஼ெ	and	ܷܫ ஽ܶ஼ெ	can	then	be	used	in	the	inequality	in	Equation		9.19.	The	

results	 of	 the	 inequality	 can	 be	 varied	 by	 changing	 seven	 parameters.	 Each	 of	 these	

variations	is	referred	to	as	cases,	and	the	inequality	in	each	of	these	cases	determines	if	the	

ICM,	DCM,	or	NCM	technique	is	the	best.	This	is	captured	in	Tables	9.8	–	9.10.	Listed	below	

are	 a	 few	 of	 the	 things	 to	 take	 away	 from	 these	 tables.	 Note,	 these	 statements	 and	 the	

determination	of	what	technique	is	best	are	based	on	the	logical	outcome	of	the	inequalities	

or	the	variation	of	these	outcomes.			

 The performance outcome (i.e. which techniques are the best) varies the most with the 

dynamic nature of the DWE. 

 The performance outcome varies the least with the bandwidth omission. This is 

interesting because the RMSE-SE varies a lot with respect to the omitted bandwidth. 

 If the DWE is very dynamic then in most of the cases the ICM technique will be the best. 
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 If the receiver can send much more than a few information bits back to the transmitter per 

coherence time then in most of the cases the DCM technique will be best. 

 If the DWE is moderately dynamic and the receiver can only send back a few information 

bits per coherence time and the multipath model is great for the ICM technique then even 

in the moderately dynamic environment ICM technique will be best in most cases. 
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CHAPTER	TEN	151	[1‐115]	
	

INDIRECT CHANNEL 
MEASUREMENTS EXPERIMENT 

	

10.1	Introduction	151	
10.1	Introduction	

This	 chapter	 will	 cover	 an	 experiment	 that	 was	 conducted	 during	 the	 course	 of	 this	

research	 which	 used	 the	 ICM	 and	 the	 full	 channel	 measurement	 ሺFCMሻ	 technique.	 This	

experiment	 used	 universal	 software	 radio	 peripherals	 ሺUSRPsሻ	 to	 show	 how	 the	 ICM	

technique	can	measure	a	portion	of	the	wireless	channel,	the	OOB	channel,	and	extrapolate	

another	portion,	the	IB	channel.	These	experiments	used	the	FCM	technique	to	approximate	

the	 actual	 channel.	 By	 using	 the	 estimation	 obtained	 from	 the	 FCM	 technique,	 the	 ICM	

technique	can	be	visually	compared	to	the	best	estimate	of	the	actual	wireless	channel.	

Also,	the	experiment	presented	in	this	thesis	captures	some	of	the	aspects	and	features	

of	EESIM.	The	ability	to	view	the	extrapolated	and	estimated	waveform	is	the	main	feature	

that	 is	 actualized	 through	 this	 experiment.	 Another	 feature	 that	 will	 be	 discussed	 is	 the	

ability	 to	 vary	 the	 different	 parameters	 defined	 in	 Chapter	 Seven	 and	 generate	 different	
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case	studies	for	other	experiments.	This	thesis	only	covers	one	of	the	case	studies.	Another	

important	and	 informative	 feature	shown	 through	 this	experiment	 is	a	 comparison	of	 the	

theoretical	RMSE‐SE	 calculated	by	using	 the	 theoretical	 values	 and	 the	 sampled	RMSE‐SE	

calculated	with	experimental	values.	

The	rest	of	this	chapter	covers	the	setup	and	results	of	the	experiment.	The	setup	of	the	

experiment	given	in	this	thesis	covers	the	USRP	transmitter	and	receiver	design	for	the	ICM	

technique	 and	 the	 ICM	 post	 processing.	 The	 results	 from	 the	 experiment	 resemble	 the	

results	obtained	from	the	EESIM	and	RMSESIM	simulation	tools,	but	are	limited	to	the	ICM	

and	FCM	techniques.	The	next	section	in	this	chapter	discusses	the	experiment	setup.	

10.2	Estimator	and	Extrapolator	Simulator	152	
10.2	Estimator	and	Extrapolator	Simulator	

In	Chapter	5	a	depiction	of	a	wireless	communication	system	is	given	in	Figure	5.1.	The	

experimental	 setup	 is	derived	 from	this	basic	 system.	The	 linear	system	block	diagram	 in	

Figure	5.1	is	adapted	to	suit	the	ICM	technique	and	is	shown	in	Figure	10.1.	

 

Figure	10.1:	Wireless	communication	system	model	for	a	system	that	is	using	the	ICM	technique.	

	 Figure	10.1	shows	the	actual	linear	model	for	a	wireless	communication	system	that	

uses	 the	 ICM	 technique	 in	 a	 full‐duplex	 fashion.	 The	 transmitter	 and	 receiver	 are	

IB	TX IB	RX Wireless	Channel 

Noise/	Interference

OOB	RX 

OOB	RX	

Noise/	Interference

Noise/	Interference

OOB	TX 

OOB	TX 

Transmitter	 Receiver
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full‐duplex.	The	 transmitter	 is	able	 to	 transmit	on	 the	 IB	channel	and	receive	on	 the	OOB	

channels.	 The	 receiver	 can	 receive	 on	 the	 IB	 channel	 and	 transmit	 on	 the	OOB	 channels.		

The	wireless	channel	consists	of	the	IB	and	OOB	channels.	The	IB	and	OOB	channels	are	in	

the	same	temporal	and	spatial	domains	but	different	spectral	domains.	

Portions	of	the	linear	model	in	Figure	10.1	were	implemented	in	the	experiment	setup.	

The	experiment	setup	used	two	laptops	each	connected	to	a	USRP.	One	laptop	was	used	to	

emulate	an	impulse	sent	through	the	wireless	channel,	and	the	other	laptop	measured	the	

OOB	channels	or	the	full	channel.	This	setup	is	shown	in	Figure	10.2.	

 

Figure	10.2:	ICM	experiment	setup.	

As	seen	in	Figure	10.2	the	computer	on	the	left	creates	the	wireless	channel	excited	by	a	

transmitted	signal.	Part	of	 the	 transmit	signal	also	contains	overhead	used	 to	conduct	 the	

experiments.	This	overhead	will	 be	discussed	 in	 the	 subsequent	 subsection.	The	 signal	 to	

transmit	is	sent	to	the	USRP.	The	USRP	begins	transmitting	the	signal	via	coax	cable	to	the	

other	USRP.	The	signal	transmitted	is	attenuated	to	prevent	clipping.	The	received	signal	is	

obtained	by	observing	either	of	 the	OOB	channels	or	 the	 full	channel.	The	network	hub	 is	

Full	RX USRPs	add	real	Noise 

OOB	RX 

OOB	RX TX Wireless	
Channel 

Attenuator
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used	 to	 automate	 the	 experiment.	 The	 USRP	 transmitter	 and	 receiver	 are	 explained	 in	

further	detail	in	the	next	section.	

USRP	Transmitter	and	Receiver	Design	154	

The	transmitter	is	a	software	defined	radio	ሺSDRሻ.	The	SDR	hardware	is	the	USRP	and	

the	 software	 is	 GNURadio	 run	 using	 the	 Pipeline	 software	 setup	 designd	 by	 a	 group	 at	

Carnegie	Mellon	University	ሾ23ሿ.	The	transmitting	USRP	was	set	to	have	a	center	frequency	

of	2402	MHz	and	an	interpolation	rate	of	32.	The	interpolation	rate	of	32	means	the	USRP	

has	a	bandwidth	of	4	MHz	with	respect	to	complex	samples.	The	4	MHz	bandwidth	does	not	

suggest	 the	multipath	 nature	 of	 the	 wireless	 channel.	 The	 channel	 used	 can	 be	 and	was	

more	 frequency	 selective	 than	 what	 is	 typically	 seen	 for	 a	 4	 MHz	 channel.	 The	 4	 MHz	

channel	 will	 be	 treated	 as	 if	 it	 were	 a	 100	 MHz	 channel	 with	 respect	 to	 its	 frequency	

selectiveness.		

The	transmit	signal	is	an	OFDM	signal,	and	when	viewed	in	the	time‐angular‐frequency	

matrix	domain	the	variable	ܭ	is	equal	to	320.	The	channel	model	used	for	the	transmitted	

signal	is	the	EDT	16°	multipath	model.	Only	part	of	the	transmitted	signal	is	used	to	show	

the	 effects	 of	 the	 channel.	 The	 transmit	 signal	 had	multiple	 parts	 shown	 in	 Figure	 10.3:	

synchronization	and	training	signals,	and	spaces.	There	was	also	a	transmission	signal	 for	

initial	frequency	synchronization	shown	in	Figure	10.4	

 

Figure	10.3:	USRP	transmit	signal.		

Sync0	
ሺ1	Symbolሻ	

Sync1
ሺ40	Symbolሻ
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ሺ16	Symbolሻ	
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Figure	10.4:	USRP	transmit	signal	for	initial	frequency	synchronization.		

For	 the	 transmit	 signal	 a	 symbol	 length	was	 400	 samples.	 The	 guard	 interval	was	 80	

samples,	 hence	 ܭ ൌ 320.	 The	 total	 length	 of	 the	 transmitted	 signal	 is	 25600	 complex	

samples.	

The	 synchronization	 signal	 Sync0	 was	 used	 for	 time	 synchronization	 and	 was	 a	 CI‐

OFDM	symbol	that	uses	all	320	subcarriers.	Sync1	was	used	for	frequency	synchronization	

and	it	is	also	a	CI‐OFDM	symbol	but	it	uses	only	20	evenly	space	subcarriers.	The	spaces	had	

no	signal	and	were	used	to	estimate	the	noise	floor	as	well	as	to	avoid	settling	time	effects	

from	the	receiver.	The	training	signal	Sig1	was	used	to	determine	the	receiving	USRP	filter	

and	 Sig0	was	 used	 to	 determine	 the	wireless	 channel.	 Sig1	 and	 Sig0	were	 both	 CI‐OFDM	

symbols	that	used	all	320	subcarriers.	Sig0	was	the	only	part	of	the	signal	that	included	the	

effects	of	the	channel.	

When	obtaining	the	received	signal	for	the	FCM	technique,	the	receiving	USRP	captured	

102400	 complex	 samples	 at	 a	decimation	 rate	of	16.	This	means	 that	 the	bandwidth	was	

4	MHz.	The	center	frequency	for	the	receiving	USRP	was	also	set	to	be	2402	MHz	plus	any	

necessary	 frequency	 adjustments	 obtained	 from	 initial	 frequency	 synchronization.	 Unlike	

the	FCM	technique,	in	the	ICM	technique	the	decimation	rate,	number	of	complex	samples,	

and	center	frequency	of	the	receiving	USRP	can	be	equal	to	several	different	values	in	this	

experiment	 setup.	 The	decimation	 rate	 and	 center	 frequency	 for	 the	 ICM	 technique	were	

determined	 from	 the	 variables	ܭ௢௕௦௥௩,	ܭ௢௠௜௧,	ܭ,	 the	 FCM	 receive	 decimation	 rate	 and	 the	

number	of	complex	samples	used	in	the	FCM	technique.	Using	these	variables,	tables	where	

Sync1
ሺ64	Symbolሻ
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created	to	determine	the	variables	 for	 the	 ICM	technique.	Table	10.1	shows	the	outline	of	

the	tables	and	Tables	10.2	–	10.4	shows	the	tables	with	actual	values.	Equations	10.1	–	10.6	

show	 the	 calculation	 for	 the	 values	 in	 Table	 10.1.	 The	 variables	 and	 values	 in	 the	 grey	

shaded	cells	were	used	to	determine	the	green	blocks.	The	dark	and	lighter	colors	are	just	

used	to	group	similar	variables.		

	
Actual	USRP	

	Bandwidth
࢙࢜࢘࢈࢕ࡷ

ICM	Decimation	
Rate

ICM	Number	of	
	Complex	Samples

ࡷ
	

࢓࢕
࢚࢏ Actual	Omitted	

USRP	
	Bandwidth

Center	
Frequencies	

Left	OOB	
Channel	
Beginning	
and	Ending
Indices

IB	Channel	
Beginning	
and	Ending	
Indices

Right	OOB	
Channel	
Beginning	
and	Ending	
Indices	

Table	10.1:	Table	outline	for	receiving	USRP	variable	for	the	ICM	technique.		

	 Actual	USRP
Bandwidth

	ൌ
଺ସ଴଴଴୩ୌ୸	ሺ௄೚್ೞೝೡሻ

௄ณ
యమబ

	ௗ௘௖௜ಷ಴ಾᇣᇧᇧᇤᇧᇧᇥ
భల

ൌ 12.5kHz	ሺܭ௢௕௦௥௩ሻ		 10.1	

	 Actual	Omitted
USRP	Bandwidth

	ൌ 12.5kHz	ሺ2ܭ௢௠௜௧ሻ		 10.2	

	 Center
Frequencies	ൌ േ12.5kHz	 ቀ

௄೚್ೞೝೡାଶ௄೚೘೔೟

ଶ
ቁ		 10.3	

	 ݀݁ܿ݅ூ஼ெ ൌ
	௄ሺௗ௘௖௜ಷ಴ಾሻ

ଶ௄೚೘೔೟
		 10.4	

	 Number	of	Complex
Samples	ICM 	ൌ

	ቀ
Number	of	Complex

Samples	FCM ቁሺௗ௘௖௜ಷ಴ಾሻ

ௗ௘௖௜಺಴ಾ
		 10.5	

	

ۏ
ێ
ێ
ێ
ێ
ۍ
Left	OOB	Channel	Beginning	Index

Left	OOB	Channel	End	Index
IB	Channel	Beginning	Index

IB	Channel	End	Index
Right	OOB	Channel	Beginning	Index
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Using	these	equations	the	subsequent	tables	were	generated.	A	total	of	180	cases	were	

conceived	for	the	ICM	technique	by	varying	ܭ௢௠௜௧,	ܭ௢௕௦௥௩,	and	ܭ.	The	variables	ܭ௢௠௜௧,	ܭ௢௕௦௥௩,	

and	ܭ	must	 obey	 the	 inequalities	 in	 Equations	 7.4	 –	 7.6.	 The	 variables	ܭ௢௠௜௧	 and	 	௢௕௦௥௩ܭ	

must	be	a	factor	of	640	because	the	USRP	requires	an	even	decimation	rate	and	the	fact	that	

	.experiments	and	research	this	in	640	or	320	equals	ܭ 	Tables	10.2	–	10.4	show	37	of	the	

180	 cases.	 In	 the	 tables	ܭ ൌ 320,	 ݀݁ܿ݅ி஼ெ ൌ 16,	 and	 the	 number	 of	 complex	 samples	 for	

FCM	is	102400.	

1600.00	kHz	 (128)	 40	 40960	

1	 25.00	kHz	 ±812.50	kHz	 [32	 159	 160	 161	 162	 289]
2	 50.00	kHz	 ±825.00	kHz	 [31	 158	 159	 162	 163	 290]
4	 100.00	kHz	 ±850.00	kHz	 [29	 156	 157	 164	 165	 292]
5	 125.00	kHz	 ±862.50	kHz	 [28	 155	 156	 165	 166	 293]
8	 200.00	kHz	 ±900.00	kHz	 [25	 152	 153	 168	 169	 296]
10	 250.00	kHz	 ±925.00	kHz	 [23	 150	 151	 170	 171	 298]
16	 400.00	kHz	 ±1000.00	kHz	 [17	 144	 145	 176	 177	 304]
20	 500.00	kHz	 ±1050.00	kHz	 [13	 140	 141	 180	 181	 308]
32	 800.00	kHz	 ±1200.00	kHz	 [1	 128	 129	 192	 193	 320]

Table	10.2:	Receiving	USRP	variable	for	the	ICM	technique	and	࢙࢜࢘࢈࢕ࡷ ൌ ૚૛ૡ.	

500.00	kHz	 	(40) 128	 12800	

1	 25.00	kHz	 ±262.50	kHz	 [120 159	 160	 161	 162	 201]
2	 50.00	kHz	 ±275.00	kHz	 [119 158	 159	 162	 163	 202]
4	 100.00	kHz	 ±300.00	kHz	 [117 156	 157	 164	 165	 204]
5	 125.00	kHz	 ±312.50	kHz	 [116 155	 156	 165	 166	 205]
8	 200.00	kHz	 ±350.00	kHz	 [113 152	 153	 168	 169	 208]
10	 250.00	kHz	 ±375.00	kHz	 [111 150	 151	 170	 171	 210]
16	 400.00	kHz	 ±450.00	kHz	 [105 144	 145	 176	 177	 216]
20	 500.00	kHz	 ±500.00	kHz	 [101 140	 141	 180	 181	 220]
32	 800.00	kHz	 ±650.00	kHz	 [89	 128	 129	 192	 193	 232]
40	 1000.00	kHz	 ±750.00	kHz	 [81	 120	 121	 200	 201	 240]
64	 1600.00	kHz	 ±1050.00	kHz	 [57	 96	 97	 224	 225	 264]

Table	10.3:	Receiving	USRP	variable	for	the	ICM	technique	and	࢙࢜࢘࢈࢕ࡷ ൌ ૝૙.	
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200.00	kHz	 	(16) 320	 5120	

1	 25.00	kHz	 ±112.50	kHz	 [144 159	 160	 161	 162	 177]
2	 50.00	kHz	 ±125.00	kHz	 [143 158	 159	 162	 163	 178]
4	 100.00	kHz	 ±150.00	kHz	 [141 156	 157	 164	 165	 180]
5	 125.00	kHz	 ±162.50	kHz	 [140 155	 156	 165	 166	 181]
8	 200.00	kHz	 ±200.00	kHz	 [137 152	 153	 168	 169	 184]
10	 250.00	kHz	 ±225.00	kHz	 [135 150	 151	 170	 171	 186]
16	 400.00	kHz	 ±300.00	kHz	 [129 144	 145	 176	 177	 192]
20	 500.00	kHz	 ±350.00	kHz	 [125 140	 141	 180	 181	 196]
32	 800.00	kHz	 ±500.00	kHz	 [113 128	 129	 192	 193	 208]
40	 1000.00	kHz	 ±600.00	kHz	 [105 120	 121	 200	 201	 216]
64	 1600.00	kHz	 ±900.00	kHz	 [81	 96	 97	 224	 225	 240]
80	 2000.00	kHz	 ±1100.00	kHz	 [65	 80	 81	 240	 241	 256]
128	 3200.00	kHz	 ±1700.00	kHz	 [17	 32	 33	 288	 289	 304]

Table	10.4:	Receiving	USRP	variable	for	the	ICM	technique	and	࢙࢜࢘࢈࢕ࡷ ൌ ૚૟.	

The	sending	and	receiving	of	the	transmitted	signal	can	be	automated	after	obtaining	all	

the	desired	transmitter	and	receiver	values.	The	automation	was	done	in	MATLAB.	For	this	

experiment	ܭ௢௕௦௥௩ ൌ 128	and	ܭ௢௠௜௧ ൌ 32.	Therefore,	the	decimation	rate	was	40,	the	center	

frequencies	were	±1200	kHz	plus	initial	frequency	adjustment,	and	the	number	of	received	

complex	samples	for	each	OOB	channel	was	40960.	The	transmitter	values	were	not	varied.		

The	 MATLAB	 automation	 procedure	 and	 USRP	 setup	 is	 given	 in	 Figure	 10.5.	 This	

automation	was	done	 after	determining	 the	 frequency	 adjustment	 needed	 at	 the	 receiver	

using	the	transmit	signal	designed	for	the	initial	frequency	synchronization.		
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Figure	10.5:	USRP	transmit	signal	for	initial	frequency	synchronization.	

The	 transmitting	USRP	was	always	sending	 the	binary	 file	 in	 the	 figure.	The	receiving	

USRP	 received	 and	 stored	 the	 binary	 file	when	 it	was	 signaled	 to	 do	 so.	This	 signaling	 is	

represented	by	the	red	switch	in	the	figure.	When	the	switch	is	closed,	the	receiving	USRP	

goes	 through	 and	 flips	 each	 of	 the	 black	 switches	 to	 obtain	 the	 respective	 receive	 binary	

files.	After	obtaining	these	files	the	red	switch	is	flipped	to	the	open	position.	Note	that	the	
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	 1ሻ.		 Select	wireless	channel	model,	ܭ௢௠௜௧,	and	ܭ௢௕௦௥௩.		
	 Then	update	these	values	in	the	automation	code.	

	2ሻ.	 Run	automation	code	to	update	the
	 	 transmitted	signal	in		txsig.bin.

3ሻ. Once	triggered,	run	automation	code	
to	obtain	rxsig.bin,	rxsigl.bin,	and	rxsigr.bin.

a) Create wireless channel. 
b) Create Sync0, Sync1, Spaces, Sig0, 

and Sig1 symbols and add guard 
intervals. 

c) Convolve Sig0 with the wireless 
channel. 

d) Combine Sync0, Sync1, the Spaces, 
Sig1, and the convolved Sig0 to create 
the transmit signal for txsig.bin. 

e) Send some of the variables used to 
create the transmit signal to the 
receiver for post processing. 

f) Update txsig.bin. 
g) Notify the receiver that the txsig.bin 

has been updated. 

a) Calculate the decimation rate, center 
frequencies, and number of samples 
using the ܭ௢௠௜௧ and ܭ௢௕௦௥௩ values. 

b) Update text files, and signal the 
receiving USRP to start the receiving 
process. 

c) Wait for the receiver to receive the 
three signals and write them to file. 

d) Read binary files into MATLAB. 
e) Perform post processing.  

4ሻ. Repeat	steps	2ሻ and	3ሻ	for	the	desired
number	of	iterations.	
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signaling	is	done	in	software	and	not	hardware.	The	SDR	process	and	the	pipeline	method	

are	explained	in	[23].	

In	 this	experiment	 there	were	990	 iterations	performed.	Through	 the	post‐processing	

the	ICM	technique’s	performance	was	viewed.	In	the	next	subsection	the	post‐processing	is	

discussed.	

Post	Processing	160	

In	this	section	the	post	processing	will	be	broking	in	to	steps	and	listed	in	the	unlabeled	

tables	 below.	 These	 tables	 give	 a	 description	 of	 the	 step	 in	 the	 process	 and	 a	 depiction	

illustrating	the	signal	during	the	step	in	the	process.	Note	that	the	“l”	or	“r”	at	the	end	of	a	

variable	or	file	signifies	the	variable	or	file	for	the	left	or	right	OOB	channel	respectively.	

Step	One

Import	the	three	binary	files	for	the	receive	signal	if	they	exist.	If	they	do	not	exist	
MATLAB	gives	a	warning	that	the	receive	files	do	not	exist.	The	depictions	below	show	

the	receive	signals	in	the	following	two	files	rxsig.bin,	rxsigl.bin,	and	rxsigr.bin.
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Step	Two

Use	the	variables	sent	via	the	network	hub	from	the	transmitting	USRP	computer	to	
reconstruct	the	signals	Sync0,	Sync1,	Sig1,	and	the	unconvoluted	Sig0.	These	signals	are	

also	created	for	the	left	and	right		OOB	channel

	

Step	Three

Correlate	Sync0,	Sync0l,	and	Sync0r with	the	respective	receive	signals	rxsig,	rxsigl,	and	
rxsigr.	Then	pick	the	maximum	peak.	This	peak determines the	part	of	the	received
signal	to	use	for	the	rest	of	the	processing.	However	if	the	max	correlation	value	falls	
below	a	certain	threshold.	MATLAB	stops	the	processing	and	gives	a	warning.	Depicted

below	is	rxsig	convolved	with	Sync0 for	time	synchronization.	

	

Step	Four

Divide	the	extracted	part	of	rxsig,	rxsigl,	and	rxsigr	into	the	five	respective	parts:	Sync0,	
Sync1,	Sig0,	Sig1,	and	Spaces.
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Step	Five

Use	Sync1	to	do	more	frequency	synchronization and	remove	any	frequency	shifts.	
Depicted	is	one	of	the	Sync1	symbols	for	rxsig,	rxsigl,	and	rxsigr.	

	

Step	Six

Use	Sig1	to	determine	the	correction	window	to	account	for	the	filtering	from	the	USRP.	
Depicted	is	one	symbol	from	Sig1, Sig1l,	Sig1r,	and	the	respective	correction	windows.

	

Step	Seven

From	the	Spaces	estimate	the	noise	floor

	

Step	Eight

Obtain	the	measured	values	from	Sig0.	Depicted	are	the	measured	values	for	the	FCM	
and	ICM	techniques.	The	FCM	uses	Sig0	and	ICM	uses	Sig0l	and	Sig0r.	So,	one	symbol	of	

these	signal	are	shown	
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Step	Nine

Save	MATLAB	workspaces	and	all	the	variables	to	calculate	results	for	the	ICM	and	FCM	
techniques.	Then	notify	the	transmitter	to	transmit	update	the	channel.	

	

This	concludes	the	post	processing	procedures.	In	the	next	section	the	calculation	of	the	

results	and	the	results	themselves	will	be	discussed.	

10.3	Experiment	Results	163	
10.3	Experiment	Results	

The	main	purpose	of	the	post	processing	is	to	obtain	the	correction	windows	in	Step	Six,	

the	noise	floor	in	Step	Seven,	and	the	measured	values	in	Step	Eight.	With	these	values	and	

the	predetermine	values	of	ܭ௢௠௜௧	and	ܭ௢௕௦௥௩,	Equations	7.23,	7.24,	and	7.26	can	be	used	to	

estimate	and	extrapolate	the	wireless	channel	using	the	ICM	technique.	Similarly,	Equations	

7.24	 and	 7.26	 can	 be	 used	 to	 estimate	 the	wireless	 channel	 using	 the	 FCM	 technique	 by	

setting	 ௢௠௜௧ܭ ൌ 0.	 Note,	 in	 the	 equations	 ଶܭ ൌ 0	 and	 ܴ௧,௧೗ ൌ 1	 for	 the	 ICM	 and	 FCM	

techniques.	

The	introduction	of	the	correction	window	introduces	a	new	term	to	Equation	7.24.	For	

the	 FCM	 technique,	 Equation	 10.7	 shows	 the	 Schur	 complement	with	 correction	window	

term	܄௙௨௟௟,	and	Equation	10.8	shows	the	Schur	complement	for	the	ICM	technique	with	the	
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correction	window	 term	 	.௟௥܄ The	 correction	window	 terms	 are	 diagonal	matrices.	 In	 the	

case	of	܄௟௥	it	is	the	diagonal	concatenation	of	the	left	and	right	correction	windows,	
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Equations	 10.7	 and	 10.8	 are	 created	 from	 Equations	 7.23,	 7.24,	 and	 7.26	 to	 estimate	

and/or	extrapolate	the	wireless	channel	Equation.	
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.		 10.10	

Figure	 10.6	was	 created	using	 Equations	 10.9	 and	10.10.	 Shown	 in	 the	 figure	 are	 the	

estimation	 and/or	 extrapolation	 obtained	 from	 using	 the	 FCM	 or	 ICM	 technique	 for	 the	

respective	received	signalሺsሻ.	It	also	shows	the	channel	used	at	the	transmitter,	but	it	is	not	

visible	because	the	FCM	technique,	as	stated,	estimates	the	channel	very	well.	At	the	end	of	

this	 section	 there	 are	 three	 other	 figures	 similar	 to	 Figure	 10.6	 but	 they	 use	 different	

receive	signalሺsሻ.	
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Figure	10.6:	Wireless	channel	estimation	and	extrapolations	calculated	in	case	one.	

Similar	 to	 the	EESIM,	 this	 experiment	 and	 the	 figures	 show	 that	 the	 ICM	 technique	 is	

able	to	extrapolate	the	omitted	spectrum.	This	begs	the	question,	“What	is	the	accuracy	of	

the	ICM	technique	in	this	experiment?”	RMSE‐SE	can	be	used	to	determine	the	accuracy	of	

the	 ICM	 technique.	 The	 equation	 to	 calculate	 this	 metric	 is	 given	 in	 Chapter	 Seven	 and	

rewritten	here	in	Equation	10.11,				
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ୌ
ቁ,	10.11	
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H.		 10.12	

Through	 simulations,	 the	 simulator	 RMSESIM	 shows	 how	 accurate	 this	 metric	 is	 in	

determining	the	performance	of	the	ICM	technique.	It	compares	the	theoretical	RMSE‐SE	to	

the	 sampled	 RMSE‐SE.	 This	 experiment	 was	 used	 to	 further	 prove	 the	 accuracy	 of	 the	

RMSE‐SE.	 This	was	 done	 by	 comparing	 Equation	 10.11,	which	 is	 used	 for	 the	 theoretical	

RMSE‐SE,	to	the	sampled	RMSE‐SE.	The	sampled	RMSE‐SE	was	obtained	by	estimating	and	

extrapolating	the	channel	for	all	990	iterations	using	the	ICM	and	FCM	technique.	Once	the	
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channel	 estimation	 and	 extrapolations	 were	 obtained	 they	 were	 used	 to	 calculate	 the	

square	root	of	the	average	of	the	difference	between	the	squared	envelopes	obtained	from	

the	ICM	and	FCM	techniques.	Figure	10.7	shows	this	comparison.	

 

Figure	10.7:	Theoretical	and	sampled	RMSE‐SE	comparison	obtained	through	experimentation	

In	Figure	10.7	a	difference	of	approximately	3.5	dB	can	be	seen	between	 the	sampled	

and	 theoretical	 RMSE‐SE	 in	 the	 omitted	 spectrum	 band.	 For	 RMSESIM,	 there	 is	

approximately	no	difference	between	the	sampled	and	theoretical.	This	difference	in	Figure	

10.7	 can	 be	 attributed	 to	 the	 estimation	 of	 the	 correction	windows	 and	 the	 noise	 floors.	

These	values	are	used	 in	 the	equations	as	 if	 they	were	 the	exact	values,	but	 they	actually	

possess	some	error.	This	error	causes	 the	difference	that	 is	seen	 in	 the	 figure.	Even	given	

this	 difference	 between	 the	 sampled	 and	 the	 theoretical,	 this	 experiment	 further	

demonstrates	 the	 accuracy	 of	 the	RMSE‐SE	metric.	With	 sound	 theory,	 validated	 through	

simulations	 and	 experiment,	 it	 can	 be	 stated	 that	 the	RMSE‐SE	 can	be	 used	 to	 accurately	

determine	the	performance	of	the	ICM	technique.	This	section	will	be	concluded	with	more	

channel	estimations	and	extrapolations	similar	to	that	in	Figure	10.6.	
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Figure	10.8:	Wireless	channel	estimation	and	extrapolations	calculated	in	case	two.	

 

Figure	10.9:	Wireless	channel	estimation	and	extrapolations	calculated	in	case	three.	
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Figure	10.10:	Wireless	channel	estimation	and	extrapolations	calculated	in	case	four	

10.3	Summary	168	
10.4	Summary	

In	 summary,	 this	 chapter	has	explained	 the	experiment	 that	was	design	 to	verify	 that	

the	ICM	technique	works	with	real	hardware.	This	experiment	used	USRPs	and	the	Pipeline	

interface	to	transmit	a	signal	that	had	already	been	convolved	with	the	channel.	This	signal	

was	 received	 and	 processed	 by	 another	 USRP	 using	 the	 Pipeline	 interface.	 After	 post	

processing,	results	were	generated	to	show	that	the	ICM	technique	works	and	to	verify	the	

ICM	performance	metric.	

The	 results	 from	 the	experiment	 showed	 that	 the	 ICM	 technique	worked	as	 theorized	

and	 simulated.	 Since	 real	 hardware	 was	 used,	 the	 effects	 of	 this	 hardware	 had	 to	 be	

accounted	 for	 by	 using	 a	 correction	window	 to	 aid	 in	 determining	 the	 estimation	 and/or	

extrapolation.	

As	 in	 other	 chapters,	 the	 accuracy	 of	 the	 estimated	 and	 extrapolated	 channel	 was	

measured	with	the	RMSE‐SE.	The	theory	behind	this	metric	was	given	in	Chapter	Seven	and	
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verified	 through	 simulations	 using	 the	 RMSESIM.	 In	 this	 chapter	 this	metric	was	 verified	

through	experimentation	using	a	similar	method	to	that	in	the	RMSESIM.	With	minor	errors	

due	to	the	estimation	of	the	correction	window	and	noise	floor,	the	experiment	verified	that	

the	equation	for	the	RMSE‐SE	is	an	accurate	calculation	of	the	performance	metric.	

Overall,	 these	 experiments	 showed	 that	 the	 idea	 of	 extrapolating	 IB	wireless	 channel	

from	the	OOB	channels	works	and	 its	performance	can	be	verified	 through	 the	use	of	 the	

RMSE‐SE	 equations.	 This	 is	 a	 major	 step	 towards	 designing	 a	 system	 that	 can	 fully	

implement	the	technique	shown	in	Figure	10.1	or	the	network	in	Figure	8.5.	
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Part	IV	is	the	last	part	of	this	thesis.	The	first	chapter	in	this	part	will	begin	to	conclude	the	
thesis	 by	 giving	 a	 review	 of	 all	 that	 has	 been	 presented,	 a	 clear	 overview	 of	 all	 the	
contributions	made	during	the	course	of	this	research,	and	the	meaning	of	the	contributions	
to	 the	body	of	work	 in	 the	respective	research	area.	The	 final	chapter	will	discuss	how	to	
further	the	research	that	has	been	presented	through	future	work.	This	part	will	cover:	
	
	

 A	review	of	the	thesis.
 A	highlighting	of	the	contributions.
 The	meaning	of	the	contributions	with	respect	to	the	area	of	research.	
 A	discussion	of	future	research.
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CHAPTER	ELEVEN	172		[1‐115]	
	

 
THESIS REVIEW 

	

11.1	Thesis	Summary	and	Research	Questions	172	
11.1	Thesis	Summary	and	Research	Questions	

In	 Chapter	 One	 the	 background	 and	 scope	was	 given.	With	 respect	 to	 the	 scope,	 this	

thesis	 covered	 sensing	 and	 learning	 techniques	 that	 could	 be	 used	 in	 cognitive	 radios	

and/or	networks	 to	obtain	 the	 instantaneous	channel	 state	 information	 ሺICSIሻ	needed	 for	

radio	network	effectiveness	ሺRNEሻ	in	dynamic	wireless	environments	ሺDWEsሻ.	In	this	thesis	

the	 channel	 state	 information	 ሺCSIሻ	 could	 be	 statistical	 CSI	 ሺSCSIሻ	 like	 the	 covariance	

matrices	of	the	channel,	noise	variance,	SNR,	and/or	other	statistical	values,	or	the	CSI	could	

be	the	ICSI,	such	as	the	channel	impulse	response	ሺCRIሻ	or	transfer	function	ሺTFሻ.	The	RNE	

in	 this	 thesis	 was	 the	 end‐to‐end	 objectives	 associated	 with	 cognitive	 radios	 and/or	

networks	 trying	 to	 increase	 their	 throughput	 or	 capacity	 through	 implementing	 a	 rate	

adaptation	system	that	varied	the	modulation	schemeሺsሻ	used.	
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First	Research	Question	173		

In	Chapter	Two	 the	 research	methodology	was	given.	At	 the	 end	of	 the	 chapter	 three	

questions	 were	 presented.	 The	 first	 question	 was	 “How	 can	 radios	 obtain	 the	 ICSI	 in	 a	

timely	and	accurate	manner	in	DWEs?”	The	timely	and	accurate	sensing	and	learning	of	the	

ICSI	can	be	done	through	deploying	three	techniques:	indirect	channel	measurements	ሺICMሻ	

technique,	direct	channel	measurements	ሺDCMሻ	technique,	or	the	no	channel	measurement	

ሺNCMሻ	 technique.	 The	 ICM	 technique	 uses	 measurements	 from	 the	 present	 and	 future	

out‐of‐band	ሺOOBሻ	channel	along	with	the	SCSI	to	learn	the	ICSI	for	the	present	and	future	

in‐band	 ሺIBሻ	 channel.	 In	 contrast,	 the	 DCM	 technique	 uses	 past	 and	 present	 IB	 channel	

measurements	along	with	SCSI	to	obtain	the	ICSI	for	the	present	and	future	IB	channel,	and	

the	 NCM	 technique	 only	 uses	 SCSI	 to	 obtain	 the	 present	 and	 future	 IB	 channel.	 These	

techniques	can	be	summarized	with	the	depiction	in	Figure	11.1.	

 

Figure	11.1:	Wireless	channel	two	dimensional	block	diagram	that	indicates	how	total	coherence	blocks	are	used.			
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In	Figure	11.1	 the	red	color	blocks	are	used	by	 the	DCM	technique,	 the	green	colored	

blocks	by	the	ICM	technique,	and	the	blue	blocks	are	extrapolated.	Similar	to	Figure	4.2,	this	

figure	 shows	 blocks	 that	 are	 in	 the	 time‐angular‐frequency	 domain,	 and	 each	 block	

represents	multiple	 total	 coherence	 blocks,	 as	 defined	 in	 Chapter	 Four.	 The	 figure	 shows	

what	part	of	the	channel	that	is	measured	by	the	ICM	and	DCM	techniques,	and	the	part	of	

the	channel	that	is	extrapolated	by	all	three	techniques.	

The	 linear	 estimator	 and	 extrapolators	 used	 in	 the	 ICM	 and	 DCM	 techniques	 can	 be	

categorized	 as	 angular‐frequency	 or	 time	 linear	 estimators	 and	 extrapolators.	 This	 thesis	

defines	 estimators	 and	 extrapolators	 as	 any	 technique	 that	 uses	 a	 set	 of	 channel	 total	

coherence	 blocks	 to	 determine	 the	 same	 ሺestimatorሻ	 or	 different	 ሺextrapolatorሻ	 set	 of	

channel	total	coherence	blocks.	The	estimators	and	extrapolators	in	this	thesis	are	used	to	

estimate	or	extrapolate	the	statistical	definition	of	the	channel	derived	in	Chapter	Four	and	

represented	here	in	Equation	11.1,	

	 ۶ு೓ ൌ ۰஺ೌ ൌ ۴ி۱ఛۼሺெൈேሻ۱௙۴ூ ൌ ۴ி۰௔ಲ.	 11.1	

In	Chapter	Six	Equations	11.2	and	11.3	was	presented.		

	 መܐ۽ ܐሺ୐୉୉ሻ,௧೗,܋
መ
ு೓,௧೗ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ,܋

መܐ ሺైుుሻ,ಹ೓,೟೗,܋

ൌ ሺ୐୉୉ሻ,௧೗,܋ܡ۵ ௒೤,௧೗ᇣᇧᇧᇧᇧᇤᇧᇧᇧᇧᇥ,܋ܡሺ୐୉୉ሻ,௧೗,܋ܡ۽
ሺైుుሻ,ೊ೤,೟೗,܋ܡ

.		 11.2	

	 መܐ ு೓,ఠೖ,ܚ
መܐ۽ ሺ୐୉୉ሻ,ఠೖᇣᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇥ,ܚ

መܐ ሺైుుሻ,ಹ೓,ഘೖ,ܚ

ൌ ௒೤,ఠೖ,ܚܡ
ሺ୐୉୉ሻ,ఠೖᇣᇧᇧᇧᇧᇧᇤᇧᇧᇧᇧᇧᇥ,ܚܡ۽

ሺైుుሻ,ೊ೤,ഘೖ,ܚܡ

ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
.		 11.3	

The	 variables	 ሺ୐୉୉ሻ,௧೗,܋ܡ۵ 	 and	 ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
	 define	 the	 type	 of	 linear	 estimator	 and/or	

extrapolator	 used.	 Given	 Equation	 11.1,	 statistically	 the	 most	 accurate	 	ሺ୐୉୉ሻ,௧೗,܋ܡ۵ and	

ሺ୐୉୉ሻ,ఠೖ,ܚܡ۵
	is	the	one	created	from	using	Bayesian	analysis.			Chapter	Six	gives	several	other	

ways	to	create	these	matrices	but	in	this	thesis	the	focus	is	on	the	most	accurate	estimator	

and	extrapolator	for	the	angular‐frequency	and	time	domains.	Listed	in	Table	11.1	are	other	
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angular‐frequency	 and	 time	 estimators	 and	 extrapolators	 along	 with	 the	 ICM	 and	 DCM	

techniques.	

Technique	 Type Linear	Matrix Omission	Matrices

LSEP	 Ang.‐Freq.	Extrapolator
୐ୗ୉୔,܋ܡ۵

ሺEquation	7.7ሻ
܋ܡ۽

ሺEquation	7.3ሻ

LSEP	w/MP	
Reduction	

Ang.‐Freq.	Extrapolator
୐ୗ୉୔\୑୔୰,܋ܡ۵

ሺEquation	7.17ሻ
୑୔୰۽	and	܋ܡ۽

ሺEquation	7.16ሻ

SRWC	 Ang.‐Freq.	domain	
Extrapolator

ୗୖ୛େ,܋ܡ۵

ሺEquation	7.11ሻ
܋ܡ۽

SRWC	w/MP	
Reduction	

Ang.‐Freq.	Domain	
Extrapolator

ୗୖ୛େ\୑୔୰,܋ܡ۵

ሺEquation	7.19ሻ
୑୔୰۽	and	܋ܡ۽

ICM	 Ang.‐Freq.	Domain	
Extrapolator

۵ఠ
ሺEquation	7.23ሻ

܋ܡ۽

DCM	 Time	Domain	
Extrapolator

۵௧
ሺEquation	7.36ሻ

ܚܡ۽
ሺEquation	7.31ሻ

NCM	 Ang.‐Freq.	and	Time	
Domain	Extrapolator Constant	value ૙ሺோ௢௪ൈ஼௢௟ሻ

FCM	 Ang.‐Freq.	or	Time	
Domain	Extrapolator ۵ఠ or	۵௧ ܚܡ۽	or	܋ܡ۽

Table	11.1:	Summary	of	the	estimators	and/or	extrapolators	in	Chapter	Seven.	

Equations	11.2	and	11.3	also	have	omission	matrix	pairs.	These	matrix	pairs	can	be	used	to	

determine	if	the	technique	is	an	estimator	or	extrapolator.	

Second	Research	Question	175	

The	 second	 research	 question	was	 “what	method	was	 the	 best	 in	DWEs?”	 To	 answer	

this	 question,	 the	 mean	 squared	 error	 ሺMSEሻ	 and	 the	 root	 mean	 squared	 error	 of	 the	

squared	envelope	ሺRMSE‐SEሻ	performance	metrics	were	used.	Each	of	these	metrics	gives	a	

numerical	value	that	is	correlated	with	the	estimation	and/or	extrapolation	performance	of	



	

	 176	

each	 of	 the	 three	 techniques.	 These	 values	 from	 the	MSE	or	 the	RMSE‐SE	 can	be	 used	 in	

various	types	of	wireless	environments	to	compare	the	ICM,	DCM,	and	NCM	techniques.	For	

DWEs	there	are	situations	where	the	ICM	technique	is	best	and	there	are	situations	where	

the	DCM	technique	is	the	best.	Figure	11.2	shows	these	situations	for	one	case.	

 

Figure	11.2:		Optimal	performance	color	map	of	the	ICM	and	DCM	techniques	for	ED	delay	channel	model	with	a	
slope	decline	of	36	degrees;	and	a	Jakes	spectral	model	for	the	frequency	taps	with	a	1	kHz	Doppler	shift.	

The	MSE	 comparison	 for	 the	 ICM	and	DCM	estimator‐extrapolator	 is	 shown	 in	Figure	

11.2.	The	y‐axis	is	the	number	of	coherence	times	the	extrapolation	is	away	from	the	DCM	

estimates.	The	x‐axis	is	the	number	of	coherence	bandwidths	omitted.	In	this	thesis	and	for	

this	DWE	case,	in	situations	where	the	extrapolation	is	several	coherence	times	away	from	

the	estimate	the	ICM	technique	will	outperform	the	DCM	technique.		

Not	shown	in	the	Figure	11.2,	but	discussed	in	the	thesis	is	the	comparison	of	the	ICM	

and	DCM	techniques	to	the	NCM	technique.	The	ICM	and	DCM	techniques	performances	are	

always	 better	 than	 or	 approximately	 equal	 to	 the	 performance	 of	 the	 NCM	 technique.	 In	

cases	where	the	performance	of	the	NCM	technique	is	approximately	the	same	to	that	of	the	
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ICM	 and/or	 DCM	 technique,	 the	 NCM	 technique	 will	 be	 preferred	 because	 it	 does	 not	

require	any	measurements.	

For	 any	 DWE	 case,	 a	 similar	 analysis	 with	 the	 RMSE‐SE	 and	 MSE	 can	 be	 done	 to	

determine	which	technique	has	the	best	performance	for	that	DWE	case.	

Third	Research	Question	177	

The	third	question	asked	how	the	answers	from	the	first	and	second	questions	relate	to	

the	RNE	of	the	cognitive	radios	and	/or	networks.	This	question	was	addressed	in	Chapter	

Eight.	Chapter	Eight	gave	a	detailed	explanation	on	how	the	ICM	and	DCM	techniques	can	be	

used	 to	 improve	 RNE.	 Also,	 Chapter	 Eight	 presented	 some	 more	 metrics	 related	 to	 rate	

adaptation:	 the	 information	 update	 time	 ሺIUTሻ	 and	 expiration	 time	 ሺIETሻ,	 bits	 per	 sub	

carrier	ሺBPSሻ,	bits	in	error	ሺBIEሻ,	and	bit	error	rate	ሺBERሻ.	

The	IUT	and	IET	for	the	respective	measurement	technique	will	indicate	if	the	technique	

will	work	for	rate	adaptation.	If	the	time	it	takes	to	update	the	ICSI,	IUT,	is	greater	than	the	

amount	of	 time	the	 information	 is	considered	valid,	 IET,	 then	the	measurement	technique	

will	not	work	or	will	have	poor	performance	for	rate	adaptation.	IET	and	IUT	can	be	used	to	

give	 a	 basic	 understanding	 of	 how	 the	 performance	 of	 each	 measurement	 technique	

compares	with	respect	to	rate	adaptations.		

The	 other	 metrics	 ሺi.e.	 BPS,	 BIE,	 and	 BERሻ	 in	 Chapter	 Eight	 give	 a	 more	 in‐depth	

understanding	of	the	measurement	techniques’	effect	on	rate	adaptation.	BPS,	BIE,	and	BER	

are	more	 closely	 related	 to	 the	end‐to‐end	objective.	The	 cognitive	 radio	 and/or	network	

may	have	a	desired	data	rate	or	link	quality	it	wishes	to	maintain,	and	the	BPS,	BIE,	and	BER	
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are	 direct	 indicators	 of	 things	 like	 the	 data	 rate	 and	 link	 quality.	 In	 Chapter	 Eight	 the	

probability	of	obtaining	a	particular	BPS	and	BER	is	given	and	rewritten	here,	

	
Pr൛ መܵ௟,௞ ∈ ॺ்ಳುೄ, ௟ܵ,௞ ∈ ॺ்ಳಶೃ,ಳುೄൟ ൌ ∑ ൤ ఉ೙

ସ൫ఈೞො
మఈೞ

మ൯
೙శభ൨ Γ൫݊ ൅ 1, ௦̂ߙ

ଶ̂ݏ௥ଶ൯ห௦̂ೝ,బ
௦̂ೝ,భஶ

௡ୀ଴ ⋯

																														⋯ Γሺ݊ ൅ 1, ௥ଶሻ|௦ೝ,బݏ௦ଶߙ
௦ೝ,భ

.	 	11.4	

Given	 the	 square	 root	 of	 the	 extrapolated	 SNR	 or	 SNIR	 obtained	 from	 one	 of	 the	

measurement	techniques	and	the	square	root	of	the	actual	SNR	or	SNIR,	the	probability	of	

obtaining	 a	 particular	 BPS	 and/or	 BER	 can	 be	 determined	 using	 Equation	 11.4.	 This	 is	 a	

powerful	 equation.	 Researchers	 and	 engineers	 can	 pre‐calculate	 a	 system’s	 performance	

before	designing	and/or	deploying	 it	by	using	Equation	11.4.	Along	with	 the	 IUT	and	IET,	

this	equation	also	answers	the	third	question	by	showing	how	the	measurement	techniques	

affect	RNE.	

Simulations	and	Experiments	178	

Chapters	 One,	 Two,	 and	 Three	 gave	 the	 background	 for	 and	 scope	 of	 the	 research.	

Chapters	 Four	 and	 Five	 gave	 the	 notational	 framework	 and	 conceptual	 understanding	 to	

answer	 the	 research	questions.	Chapter	Six	and	part	of	Chapter	Seven	addressed	 the	 first	

research	 question.	 The	 rest	 of	 Chapter	 Seven	 covered	 the	 second	 research	 question,	 and	

Chapter	 Eight	 answered	 the	 third	 question.	 Chapters	 Nine	 and	 Ten	 presented	 the	

simulations	and	experiment	to	support	the	theory	presented	in	the	other	chapters.	

To	 support	 the	 theories	 developed	 in	 Chapters	 6	 –	 8,	 two	 simulators	where	 created:	

EESIM	and	RMSESIM.	Through	simulation,	EESIM	allows	users	to	change	the	parameters	of	

the	 DWE	 and	 see	 the	 actual	 estimated	 and	 extrapolated	 waveforms	 of	 a	 few	 of	 the	
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estimators	and	extrapolators	in	this	thesis.	A	snapshot	of	the	program	interface	is	given	in	

Figure	11.3.	

 

Figure	11.3:	EESIM	GUI.	

The	 simulator	RMSESIM	gives	users	 the	 ability	 to	 verify	 and	view	 the	accuracy	of	 the	

RMSE‐SE	performance	metric	for	the	ICM,	DCM,	and	NCM	technique.	RMSESIM	also	allows	

users	 to	do	 a	performance	 comparison	of	 the	 three	 techniques	 as	well.	 	 Snapshots	 of	 the	

simulator	interface	are	given	in	Figures	11.4	and	11.5.	
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Figure	11.4:	RMSESIM	GUI	showing	the	theoretical	and	sampled	RMSE‐SE.	

Theses	 simulations	 showed	 that	 the	 theory	 for	 the	 measurement	 techniques	 were	

sound.	It	also	gave	users	the	ability	to	see	how	these	measurement	techniques	performed	in	

various	DWE	cases.	
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Figure	11.5:	RMSESIM	GUI	showing	the	performance	comparison.	

To	 further	 verify	 the	 ICM	 technique	 and	 to	 show	 its	 ability	 to	 be	 implemented	 in	

hardware	the	experiment	presented	in	Chapter	Ten	was	conducted.	Similar	to	EESIM,	this	

experiment	 showed	 the	 actual	 estimated	 and	 extrapolated	 waveform	 from	 the	 ICM	

technique,	 shown	 in	Figures	10.6	 and	10.8	–	10.10.	 In	 the	 experiment	 real	hardware	was	

used	 and	 not	 a	 simulation.	 This	 showed	 the	 accuracy	 of	 the	 technique	 as	 well	 as	 how	

hardware	implementation	might	work.		

The	 experiment	 also	 showed	 the	 accuracy	 of	 the	 RMSE‐SE	 performance	 metric.	 The	

sampled	performance	metric	obtained	through	the	experiment	was	slightly	skewed	because	
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of	 the	 estimation	 of	 some	 of	 the	 constant	 terms	 in	 the	 theory.	 Figure	 10.7	 shows	 the	

experimental	and	theoretical	RMSE‐SE.	

11.1	Thesis	Contributions	182	
11.2	Thesis	Contributions	

To	conclude	the	thesis	review	a	clear	and	detailed	account	of	the	contributions	and	their	

value	 to	 the	 respective	 research	 area	 will	 be	 given.	 In	 this	 thesis	 there	 are	 many	

contributions,	 some	 minor.	 The	 main	 contribution	 of	 this	 thesis	 is	 the	 indirect	 channel	

measurement	technique.	Unlike	conventional	thinking	of	having	to	measure	the	spectrum	of	

interest	directly	 to	 obtain	 the	 ICSI,	 the	 ICM	 technique	 shows	 that	 ICSI	of	 the	 spectrum	of	

interest	can	be	obtained	through	indirect	measurements.	

Intuitively,	one	might	say	an	indirect	measurement	would	only	be	able	to	determine	the	

ICSI	 for	 a	 spectrum	 equal	 to	 approximately	 one	 or	 two	 coherence	 bandwidths,	 but	 this	

research	shows	that	this	is	not	the	case.	The	ICM	technique	can	omit	much	more	than	two	

coherence	 bandwidths	 and	 in	 some	 cases	 it	 can	 omit	 more	 than	 50%	 of	 the	 modeled	

spectrum	 containing	 several	 coherence	 bandwidths.	 Having	 a	 technique,	 like	 the	 ICM	

technique,	 that	 can	 indirectly	 measure	 the	 channel	 can	 benefit	 communication	 systems	

greatly.		

Conventionally,	 systems	 that	 directly	 measure	 the	 spectrum	 of	 interest	 suffer	 from	

delayed	updates	of	the	ICSI.	Mainly	due	to	the	need	of	feeding	the	information	back	to	the	

radio	 that	 needs	 the	 information.	 Given	 the	 reciprocity	 of	 the	 wireless	 channel,	 the	 ICM	

technique	removes	the	need	for	that	type	of	information	feedback,	and	this	can	greatly	help	

wireless	communication	systems	 that	use	 ICSI,	especially	with	regards	 to	cognitive	radios	

or	networks.	
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Researchers	at	Mitsubishi	Electric	Research	Laboratories	also	had	a	similar	idea	to	the	

ICM	technique,	 labeled	as	 the	SRWC	 technique	 in	 this	 thesis,	 and	 their	paper	was	publish	

during	 the	 course	of	 this	 research	 ሾ109ሿ.	 	This	 thesis	 showed	 that	 the	SRWC	 technique	 is	

less	accurate	than	the	ICM	technique.		

There	 are	 other	 differences	 between	 the	 two	 sets	 of	 research,	 and	Table	 11.2	 gives	 a	

side‐by‐side	 comparison	 of	 these	 two	 techniques.	 Listing	 only	 some	 of	 the	 similarities	 a	

differences.	

SRWC	
Research	

ICM	
Research

Researched	Angular‐Frequency	Estimator	and	Extrapolator 	

Used	classical	estimation	and	extrapolation 	

Used	Bayesian	estimation	and	extrapolation 	

Does	not	assume	a	prior	knowledge	about	the	wireless	
channel	statistics 	

Uses	PN schemes 	

Uses	MCM Sequences 	

Studies	many	different	wireless	channels 	

Compares	time	and	angular‐frequency	extrapolators 	

Accuracy	Analysis 	

Describes	usage	of	the	technique	in	wireless	communication	
systems

	

Provides	closed	form	equations 	

Table	11.2:	Side‐by‐side	comparison	of	the	SRWC	and	ICM	research.	
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ICM	Technique	Contribution	184		

As	stated,	the	ICM	Technique	is	the	main	contribution	of	this	thesis,	and	there	are	many	

parts	to	this	contribution.	These	contributive	parts	are	listed	and	discussed	in	the	bulleted	

list	below.	

● The	 Equations	 for	 the	 ICM,	 DCM,	 and	 NCM	 techniques:	 As	 mentioned,	 the	 ICM	

technique	is	the	most	important	contribution	of	this	thesis.	With	regards	to	the	ICM	

technique	as	well	as	the	DCM	and	NCM	techniques,	there	were	numerous	equations	

given:	 equations	 that	 gave	 the	 estimated	 and	 extrapolated	 waveforms	 for	 the	

wireless	 channel,	 ones	 that	 gave	 the	 respected	 MSEs,	 and	 there	 are	 many	 other	

equations	 in	 Chapter	 Seven	 created	 for	 this	 research.	 These	 equations	 give	

researchers	 a	 means	 to	 develop	 these	 techniques	 by	 using	 this	 theoretical	 frame	

work	created	 in	Chapter	Seven.	Unlike	 the	 ICM	technique,	 the	DCM	technique	and	

NCM	technique	are	not	considered	to	be	novel.	However,	presenting	the	equations	

using	the	linear	notation	in	Chapter	Six	is	novel,	and	it	can	gives	researchers	a	way	

to	directly	compare	these	techniques.					

● RMSE‐SE	 Metric:	 The	 RMSE‐SE	 Metric	 Equations	 for	 the	 ICM,	 DCM,	 and	 NCM	

techniques	 are	 also	 given	 in	 Chapter	 Seven.	 Typically	 the	 RMSE	 or	 MSE	 of	 the	

envelope	is	used,	but	in	this	research	the	squared	envelope	was	used.	This	allowed	

the	 creation	 of	 a	 closed	 form	 equation	 that	 can	 be	 used	 to	 set	 a	 value	 to	 the	

performance	 of	 the	 respective	 techniques.	 In	 contrast,	 the	 RMSE	 or	 MSE	 of	 the	

envelope	 did	 not	 allow	 for	 an	 easy	 calculation	 for	 the	 closed	 form	 equation.	 This	

closed	form	equation	can	be	used	by	researchers	to	quickly	and	accurately	place	a	

value	on	the	technique’s	performance.	
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● EESIM:	 Chapter	 Nine	 presents	 two	 simulators.	 One	 of	 the	 simulators	 is	 EESIM.	

EESIM	allows	users	to	see	the	estimated	and	extrapolated	waveforms	from	the	ICM,	

DCM,	and	a	couple	other	techniques.	This	simulator	also	shows	which	technique	has	

the	best	performance	 in	 the	 spectrum	of	 interest.	The	 simulators	were	 created	by	

the	 author	 and	will	 be	made	 available	 on	 request.	 This	 simulator	 gives	 users	 the	

ability	to	simulate	how	these	techniques	will	perform	in	various	DWE	cases.				

● RMSESIM:	The	second	simulation	in	Chapter	Nine	is	RMSESIM.	RMSESIM	was	used	

to	verify	 the	accuracy	of	 the	RMSE‐SE	metrics	created	 for	 the	 ICM,	DCM,	and	NCM	

techniques.	 It	 also	 compared	 the	 three	 techniques	 and	 gave	 indications	 on	which	

technique	had	the	best	performance.	Also,	this	simulator	was	created	by	the	author	

and	will	be	made	available	upon	request.	

● ICM	 Technique	 Hardware	 Implementation	 and	 Analysis:	 There	 has	 not	 been	 any	

prior	 hardware	 implementation	 or	 analysis	 with	 respect	 to	 the	 ICM	 technique,	

because	 the	 ICM	 technique	was	 created	 during	 this	 research.	 Chapter	 Ten	 details	

this	implementation	and	analysis.	

● Comparison	 of	 the	 ICM	 and	 DCM	 Techniques:	 Another	 major	 contribution	 of	 this	

thesis	 is	 this	 comparison	 of	 the	 ICM	 and	 DCM	 techniques	 that	 is	 presented	

throughout	 the	 thesis.	 There	 has	 not	 been	 any	 literature	 discovered	 during	 this	

research	 that	 compares	 angular‐frequency	 estimators	 and	 extrapolators	

ሺrepresented	 by	 the	 ICM	 techniqueሻ	 to	 time	 estimators	 and	 extrapolators	

ሺrepresented	by	the	DCM	techniqueሻ.	This	thesis	gives	contrasting	equations	for	the	

two	 techniques,	 compares	 performance	 metrics,	 compares	 their	 ability	 in	 rate	

adaptation	 systems,	 and	 gives	 many	 other	 ways	 to	 compare	 the	 ICM	 and	 DCM	

techniques.	For	many	different	 cases,	 this	 thesis	 shows	 researchers	and	engineers	
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what	technique	is	preferred,	or	gives	them	the	tools	to	discern	which	technique	they	

would	prefer	for	a	given	case.		

● Wireless	 Communication	 Channel	 Notation:	 In	 Chapter	 Four	 the	 wireless	

communication	 channel	 is	 reviewed.	 The	 underlining	 concepts	 presented	 are	 not	

new,	but	 the	 total	 coherence	block	diagram	and	easily	 calculated	 statistical	model	

are.	 In	 Chapter	 Four	 the	 equation	 in	 Equation	 11.1,	 the	 statistical	 model	 of	 the	

channel,	was	given.	All	 the	notation	and	views	 that	accompany	 this	equation	have	

made	 simulating	 the	 channel	 easier.	 As	 shown	 in	 Chapter	 Four,	 typically	 the	

wireless	 channel	 is	modeled	 using	 conventional	 two‐dimensional	matrix	 analysis.	

Instead,	 Equation	 11.1	 was	 used	 to	 represent	 the	 time‐angular‐frequency	 domain	

matrix.	This	allowed	for	reduction	of	the	variables	needed	to	model	the	channel.	The	

use	of	 this	 type	of	 notation	 and	modeling	may	be	useful	 to	 other	 researchers	 and	

engineers	in	simulating	similar	systems.	This	method	was	conceive	through	viewing	

the	channel	using	the	total	coherence	block	diagram	view	instead	of	the	traditional	

tap	delay	line	model	view.	

● Linear	Estimator	and	Extrapolator	Notation:	The	Linear	estimators	and	extrapolators	

presented	 in	 Chapter	 Six	 aids	 in	 unifying	many	 different	 techniques.	 the	 notation	

associated	with	Equations	11.2	and	11.3	gives	a	general	form	that	was	applied	to	all	

the	estimation	and	extrapolation	techniques	in	this	thesis,	and	this	general	form	can	

aid	 research	 and	 engineers	 in	 comparing	 other	 estimation	 and/or	 extrapolation	

techniques,	as	well	give	an	indication	what	type	of	technique	it	is	ሺi.e.	estimator	or	

extrapolator,	classical	or	Bayesian,	etc…ሻ	
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Rate	Adaptation	Contributions	187		

Along	 with	 the	 ICM	 technique	 the	 rate	 adaption	 research	 present	 also	 have	 some	

meaningful	contributions.	The	ICM	technique	and	rate	adaptation	methods	present	are	the	

two	main	contributions	of	the	thesis.	Like	the	ICM	technique	research,	the	rate	adaptation	

research	also	has	contributive	parts	that	are	listed	below.		

● Rate	 Adaptation	 Implementation	 for	 the	 ICM	 and	 DCM	 Techniques:	 Chapter	 Eight	

gives	the	basic	blueprints	on	how	to	develop	a	rate	adaptation	system	that	uses	the	

ICM	or	DCM	 techniques.	The	 structure	of	 the	wireless	 communication	 system,	 the	

adaptive	modulation	scheme,	the	threshold	values	used	in	the	selection	process,	and	

other	things	related	to	the	rate	adaptation	system	were	discussed	and	derived.	This	

rate	adaptation	can	potentially	be	placed	into	radios,	and	the	biggest	benefit	of	this	

scheme	 is	 that	 it	 successfully	 uses	 the	 ICM	 and	 DCM	 techniques	 in	 making	 its	

adaptive	decisions.			

● The	 IUT	 and	 IET	Metrics:	 Also	 in	 Chapter	 Eight	 there	 were	 a	 few	metric	 or	 tools	

given	to	aid	researchers	and	engineers	in	creating	rate	adaptation	systems	the	same	

as	or	similar	to	what	was	presented	in	the	chapter.	The	first	metrics	were	the	time	it	

takes	 to	 update	 the	 ISCSI,	 the	 IUT,	 and	 the	 amount	 of	 time	 for	 which	 the	 ICSI	 is	

considered	valid,	the	IET.	These	metrics	gave	the	basic	foundation	in	assessing	the	

performance	of	 the	 ICM	and	DCM	techniques.	For	example,	 if	 the	 IUT	 for	 the	DCM	

technique	 is	 greater	 than	 the	 IET	 determined	 by	 the	 performance	 of	 the	 ICM	 and	

DCM	techniques	then	the	ICM	technique	will	be	preferred	over	the	DCM	technique.	

These	 metrics	 were	 created	 during	 the	 course	 of	 this	 research	 to	 aid	 similar	

assessments.	 This	 provides	 researchers	 with	 an	 easy	 heuristic	 to	 make	 a	

determination	on	what	technique	to	use	in	similar	rate	adaptation	systems.			
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● The Joint pdf for the BPS and BER: There are few other metrics given in Chapter 

Eight. All the other metrics in the chapter are either a part of or can be obtained from the 

joint pdf for the BPS and BER: BPS, BER, BIE, the most probable BER and BPS, and 

the expected BER and BPS. The Joint pdf presented is a powerful equation. Imagine 

being able to design a rate adaptation system and knowing the probability of this system 

having particular BPS and BER values. The possibilities are vast. For example, if a 

system must always operate with a certain BPS and BER value, an Engineer can use this 

equation to determine how much SNR or SNIR is needed and/or whether or not to use the 

ICM or DCM techniques, neither, or a combination of the two.	
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CHAPTER	TWELVE	189	[1‐115]	
	

 
FUTURE RESEARCH 

	

	

During	the	course	of	this	research	there	have	been	many	ideas	that	were	not	able	to	be	

explored	 due	 to	 time	 constraints.	 From	 reading	 this	 thesis	 some	 of	 these	 ideas	 may	 be	

obvious	 and	 others	may	 not.	 This	 chapter	will	 not	 inundate	 the	 reader	with	 a	medley	 of	

ideas,	 but	 instead	present	 one	 idea	 to	push	 this	 research	 forward.	That	 idea	 is	 the	 actual	

experimental	 implementation	of	a	 cognitive	 radio	network	 that	 can	deploy	 the	 ICM,	DCM,	

and	NCM	techniques.	

First,	 the	 dynamic	 wireless	 environment	 ሺDWEሻ	 in	 the	 experimental	 setup	 will	 be	

explained.	 Note	 some	 of	 these	 assumptions	were	 given	 in	 Chapter	 Eight:	 the	 assumption	

that	the	network	has	a	star	topology.	In	the	network	there	is	a	base	station	or	access	point	

and	multiple	 user	 nodes.	 The	 uplink	 and	 downlink	 channels	 operate	 in	 different	 spectral	

channels.	 Each	 channel	 experiences	 Rayleigh	 fading	 and	 possibly	 interference	 from	 the	

primary	user	of	the	spectrum.	
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The	DWE	could	be	implemented	using	Carnegie	Mellon	University’s	Emulator	System	or	

a	system	like	it.	This	would	allow	for	the	simulation	of	various	channels	that	could	be	seen	

in	 a	 DWE.	 It	 could	 also	 simulate	 the	 transition	 from	 one	 type	 of	 DWE	 to	 another.	 The	

emulator	allows	 for	 the	 connection	of	 real	 radio	hardware,	 in	particular	 software	defined	

radios	ሺSDRsሻ	for	cognitive	radio	networks.	

Some	 researchers	 see	 software	 defined	 radios	 ሺSDRሻ	 as	 being	 the	 radio	 of	 the	 future	

because	of	their	reconfigurable	nature	ሾ116‐119ሿ.	However	the	vision	that	will	be	presented	

here	goes	a	bit	beyond	reconfigurable	software.	It	is	envisioned	that	there	will	be	software	

ሺSWሻ	cores	or	RF	processing	units	to	do	necessary	signal	processing,	protocol	management,	

etc…		It	is	also	imagined	that	future	SDRs	will	have	multiple	SW	cores	each	connected	to	RF	

hardware	 ሺADC,	 DAC,	 filters,	 amplifiers,	 and	 other	 analog	 devicesሻ	 or	 hardware	 cores	

working	in	parallel.	The	SDR	will	also	have	multiple	antennas,	and	each	SW	core	could	have	

sub	cores	and	respective	RF	hardware	that	could	transmit	and	receive	from	each	antenna.	

Each	core	may	or	may	not	be	synchronized;	the	same	goes	for	the	RF	hardware	ሺHWሻ.	This	

is	 the	 vision	 of	 future	 software	 defined	 radios	 presented	 in	 this	 chapter,	 and	 a	 generic	

depiction	 of	 this	 configuration	 is	 shown	 in	 Figure	 12.1.	 	 Using	 this	 generic	 depiction,	 an	

explanation	of	the	radios	that	could	be	used	in	the	experiment	will	be	given.	

To	reflect	this	vision,	the	experimental	setup	would	have	a	maximum	of	four	SW	cores	

for	the	user	nodes	and	the	base	station.	There	are	two	possible	RF	hardware	setups	using	

different	universal	 software	 radio	peripherals	 ሺUSRPsሻ,	 shown	 in	Figure	12.2,	 and	 the	RF	

HW	would	be	synchronized.	One	of	 the	setups	could	use	USRP1s	and	 the	other	could	use	

USRP2s	or	USRP	N200s.		
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Looking	at	Figure	12.2	you	can	see	how	the	radio	setup	used	in	this	research	fits	into	the	

vision	of	future	radios.	

 

Figure	12.1:	Generic	block	diagram	of	the	author’s	vision	of	future	radios.	

 

Figure	12.2:	Experimental	radio	setup	1	ሺUSRP1sሻ	and	2	ሺUSRP2s	or	N200sሻ.		

In	the	overall	network,	shown	in	Figure	12.3,	there	would	be	a	minimum	of	three	radios	

with	one	of	 the	above	 setups.	That	means	 there	will	be	one	base	 station	and	at	 least	 two	

users.	 The	wireless	 channel	 could	 be	 simulated	by	 the	Emulator	 system.	Using	 the	 above	

assumptions	 and	 system	 setup	 the	 ICM	 and	 DCM	 technique	would	 be	 fully	 implemented	

along	with	the	rate	adaptation	schemes	in	Chapter	Eight.	Several	sensor	nodes	could	also	be	
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used	for	other	cognitive	radio/network	sensing.	The	sensor	nodes	would	not	have	the	same	

functionality	as	the	radio	in	Figure	12.2,	but	they	would	use	USRPs.	

 

Figure	12.3:	Diagram	of	experimental	network	setup.	

Dynamic	Wireless	Environment	

Base

Station

User  

Node 

User  

Node

Sensor Nodes Sensor Nodes 

RF	Hardware	
Single	USRP	

RF Hardware 
Figure Error! 

Reference 



	

	 193	

This	 experimental	 setup	 could	 be	 ran	 over	 several	 days	 and	 data	 collected	 to	 prove	

some	of	the	metrics	given	in	Chapter	Seven	and	Eight,	and	to	create	some	new	ones.	It	could	

also	 be	 used	 to	 show	 a	 functional	 rate	 adaptation	 system	 that	 could	 implement	 the	

respective	 techniques	 in	a	cognitive	manner.	For	example,	 in	one	DWE	the	 ICM	technique	

could	be	the	best	and	another	DWE	the	DCM	technique	could	be	the	best.	A	cognitive	system	

would	 be	 able	 to	 determine	 what	 type	 of	 DWE	 it	 is	 in	 and	 reconfigure	 itself	 for	 the	

respective	DWE.	

There	are	many	other	ideas	in	this	thesis	that	could	be	implemented	given	the	time,	and	

may	 still	 be	 implemented	 in	 future	 work.	 However,	 this	 experiment	 has	 the	 greatest	

potential	for	furthering	and	expanding	the	scope	of	this	research	by	implementing	what	has	

been	presented	in	an	actual	communication	system.	
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In	Appendix	A	the	various	multipath	models	and	fading	models	will	be	presented	using	

the	 MATLAB	 code	 used	 in	 the	 generation	 process.	 In	 the	 case	 of	 the	 multipath	 model,	

MATLAB	 code	 is	 used	 to	 generate	 a	 three	 column	 matrix	 containing	 all	 the	 parameters	

needed	for	a	Rician	model:	delays	normalized	to	1	ns	ሺfirst	columnሻ,	average	power	in	dB	

ሺsecond	columnሻ,	and	K	factor	ሺthird	columnሻ.	The	standards	and	all	other	models	are	given	

below.	

%% HiperLAN/2 Channel Model Standards	209 
  
% Model A: A typical large open space and office environments for 
%          NLOS conditions and 100ns average rms delay spread. 
HL2.ChA = [... 
    0     0.0   0 
    10   -0.9   0 
    20   -1.7   0 
    30   -2.6   0 
    40   -3.5   0 
    50   -4.3   0 
    60   -5.2   0 

MATLAB CODE BEGIN
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    70   -6.1   0 
    80   -6.9   0 
    90   -7.8   0 
    110  -4.7   0 
    140  -7.3   0 
    170  -9.9   0 
    200  -12.5  0 
    240  -13.7  0 
    290  -18.0  0 
    340  -22.4  0 
    390  -26.7  0]; 
  
% Model B: A typical office environment for NLOS conditions 
%          and 50ns average rms delay spread 
HL2.ChB = [... 
    0    -2.6   0 
    10   -3.0   0 
    20   -3.5   0 
    30   -3.9   0 
    50    0.0   0 
    80   -1.3   0 
    110  -2.6   0 
    140  -3.9   0 
    180  -3.4   0 
    230  -5.6   0 
    280  -7.7   0 
    330  -9.9   0 
    380  -12.1  0 
    430  -14.3  0 
    490  -15.4  0 
    560  -18.4  0 
    640  -20.7  0 
    730  -24.6  0]; 
  
% Model C: A typical large open space environment for NLOS 
%          conditions and 150ns average rms delay spread. 
HL2.ChC = [... 
    0     -3.3   0 
    10    -3.6   0 
    20    -3.9   0 
    30    -4.2   0 
    50     0.0   0 
    80    -0.9   0 
    110   -1.7   0 
    140   -2.6   0 
    180   -1.5   0 
    230   -3.0   0 
    280   -4.4   0 
    330   -5.9   0 
    400   -5.3   0 
    490   -7.9   0 
    600   -9.4   0 
    730   -13.2  0 
    880   -16.3  0 
    1050  -21.2  0]; 
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% Model D: A typical large open space environment for NLOS 
%          conditions and 250ns average rms delay spread. 
HL2.ChD = [... 
    0     -4.9   0 
    10    -5.1   0 
    20    -5.2   0 
    40    -0.8   0 
    70    -1.3   0 
    100   -1.9   0 
    140   -0.3   0 
    190   -1.2   0 
    240   -2.1   0 
    320    0.0   0 
    430   -1.9   0 
    560   -2.8   0 
    710   -5.4   0 
    880   -7.3   0 
    1070  -1.6   0 
    1280  -13.4  0 
    1510  -17.4  0 
    1760  -20.9  0]; 
  
%% LTE Channel Model Standards 211 
  
% Model A: Extended Pedestrian A model (EPA)  
LTE.ChA = [... 
    0     0.0   0 
    30   -1.0   0 
    70   -2.0   0 
    90   -3.0   0 
    110  -8.0   0 
    190  -17.2  0 
    410  -20.8  0]; 
  
% Model B: Extended Vehicular A model (EVA) 
LTE.ChB = [... 
    0      0.0   0 
    30    -1.5   0 
    150   -1.4   0 
    310   -3.6   0 
    370   -0.6   0 
    710   -9.1   0 
    1090  -7.0   0 
    1730  -12.0  0 
    2510  -16.9  0]; 
  
% Model C: Extended Typical Urban model (ETU) 
LTE.ChC = [... 
    0     -1  0 
    50    -1  0 
    120   -1  0 
    200    0  0 
    230    0  0 
    500    0  0 
    1600  -3  0 
    2300  -5  0 
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    5000  -7  0]; 
  
 
%% ITU Channel Model Standards 212 
% ------------------------------------------- 
%|                   | Channel A | Channel B | 
%|  Test environment |  RMS(ns)  |  RMS(ns)  | 
%|-------------------|-----------|-----------|       
%|     Indoor office |    35     |    100    | 
%|-------------------|-----------|-----------| 
%| Outdoor to indoor |           |           | 
%|    and pedestrian |    45     |    750    | 
%|-------------------|-----------|-----------| 
%|  Vehicular – high |           |           | 
%|           antenna |   370     |   4000    | 
% ------------------------------------------- 
  
  
% Model A: Indoor office test environment tapped-delay-line parameters  
% Channel A 
ITU.ChA = [... 
    0     0   0 
    50   -3   0 
    110  -10  0 
    170  -18  0 
    290  -26  0 
    310  -32  0]; 
  
% Model B: Indoor office test environment tapped-delay-line parameters 
% Channel B 
ITU.ChB = [... 
    0     0     0 
    100  -3.6   0 
    200  -7.2   0 
    300  -10.8  0 
    500  -18.0  0 
    700  -25.2  0]; 
  
% Model C: Outdoor to indoor and pedestrian test environment tapped 
% delay-line parameters Channel A 
ITU.ChC = [... 
    0     0   0 
    110  -3   0 
    190  -10  0 
    410  -32  0]; 
  
% Model D: Outdoor to indoor and pedestrian test environment tapped 
% delay-line parameters Channel B 
ITU.ChD = [... 
    0      0.0   0 
    200   -0.9   0 
    800   -4.9   0 
    1200  -8.0   0 
    2300  -7.8   0 
    3700  -23.9  0]; 
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% Model E: Vehicular test environment, high antenna, tapped-delay-line 
% parameters Channel A 
ITU.ChE = [... 
    0      0   0 
    310   -3   0 
    710   -10  0 
    1090  -18  0 
    1730  -26  0 
    2510  -32  0]; 
  
% Model F: Vehicular test environment, high antenna, tapped-delay-line 
% parameters Channel B 
% ITU.ChF = [... 
%     0      -2.5   0 
%     300     0.0   0 
%     8900   -12.8  0 
%     12900  -10.0  0 
%     17100  -25.2  0 
%     20000  -16.0  0]; 
  
%% MCM This channel is feature in the SRWC Paper 213 
  
MCM.ChA = [... 
    0     0   0 
    60     0   0 
    140    0   0 
    210  -3   0 
    300   -3   0]; 
  
%% Exponential decaying tap models 213 
  
EDT0 = [0;22;48]; 
EDT0(:,2) = [0;-4.7;-13.7]; 
Q0 = [1 1 1]*18/90; 
Q1 = [1 1 1]*36/90; 
Q2 = [1 1 1]*54/90; 
Q3 = [1 1 1]*72/90; 
Q4 = [1 1 1]*90/90; 
  
M = 64; 
  
dynrang = 50; 
maxtappwr = max(EDT0(:,2)); 
  
space0 = diff([EDT0(:,1);M]); 
ind0 = {... 
    (1:space0(1))';... 
    (space0(1)+1:sum(space0(1:2)))';... 
    (sum(space0(1:2))+1:sum(space0))'}; 
  
EDT.Q18 = (0:M-1)'; 
EDT.Q36 = (0:M-1)'; 
EDT.Q54 = (0:M-1)'; 
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EDT.Q72 = (0:M-1)'; 
EDT.Q90 = (0:M-1)'; 
  
for i1=1:3; 
    if Q0(i1) == 0; 
        EDT.Q18(ind0{i1},2) = [EDT0(i1,2);-Inf*ones(space0(i1)-1,1)]; 
        EDT.Q36(ind0{i1},2) = [EDT0(i1,2);-Inf*ones(space0(i1)-1,1)]; 
        EDT.Q54(ind0{i1},2) = [EDT0(i1,2);-Inf*ones(space0(i1)-1,1)]; 
        EDT.Q72(ind0{i1},2) = [EDT0(i1,2);-Inf*ones(space0(i1)-1,1)]; 
        EDT.Q90(ind0{i1},2) = [EDT0(i1,2);-Inf*ones(space0(i1)-1,1)]; 
    elseif Q0(i1) == 1; 
        EDT.Q18(ind0{i1},2) = EDT0(i1,2)*ones(space0(i1),1); 
        EDT.Q36(ind0{i1},2) = EDT0(i1,2)*ones(space0(i1),1); 
        EDT.Q54(ind0{i1},2) = EDT0(i1,2)*ones(space0(i1),1); 
        EDT.Q72(ind0{i1},2) = EDT0(i1,2)*ones(space0(i1),1); 
        EDT.Q90(ind0{i1},2) = EDT0(i1,2)*ones(space0(i1),1); 
    else 
        EDT.Q18(ind0{i1},2) = (0:-1:-
space0(i1)+1)'/tan(pi*Q0(i1)/2)+EDT0(i1,2); 
        EDT.Q36(ind0{i1},2) = (0:-1:-
space0(i1)+1)'/tan(pi*Q1(i1)/2)+EDT0(i1,2); 
        EDT.Q54(ind0{i1},2) = (0:-1:-
space0(i1)+1)'/tan(pi*Q2(i1)/2)+EDT0(i1,2); 
        EDT.Q72(ind0{i1},2) = (0:-1:-
space0(i1)+1)'/tan(pi*Q3(i1)/2)+EDT0(i1,2); 
        EDT.Q90(ind0{i1},2) = (0:-1:-
space0(i1)+1)'/tan(pi*Q4(i1)/2)+EDT0(i1,2); 
    end 
end 
  
EDT.Q18(:,1) = EDT.Q18(:,1)*10; 
EDT.Q36(:,1) = EDT.Q36(:,1)*10; 
EDT.Q54(:,1) = EDT.Q54(:,1)*10; 
EDT.Q72(:,1) = EDT.Q72(:,1)*10; 
EDT.Q90(:,1) = EDT.Q90(:,1)*10; 
EDT.Q18(:,3) = 0; 
EDT.Q36(:,3) = 0; 
EDT.Q54(:,3) = 0; 
EDT.Q72(:,3) = 0; 
EDT.Q90(:,3) = 0; 
 
%% Store all Models  
 
save ChMods.mat HL2 LTE ITU MCM EDT 
clear all 

	

	

	

For	 the	multipath	models	 created	 in	 the	 code	 above,	 the	 code	 below	 can	 be	 used	 to	

create	the	Cholesky	matrix	for	the	respective	multipath	model	in	MATLAB.	

MATLAB CODE END



 

 215	

	

%% Generate Multipath Models Cholesky Matrix	215 
% List of Potential Channel Models 
% HL2.ChA LTE.ChA ITU.ChA EDT.Q18 MCM.ChA 
% HL2.ChB LTE.ChB ITU.ChB EDT.Q36 
% HL2.ChC LTE.ChC ITU.ChC EDT.Q54 
% HL2.ChD         ITU.ChD EDT.Q72 
%                 ITU.ChE EDT.Q90 
  
load ChMods.mat  % load all channel models 
MPMod = EDT.Q36; % select channel model to generate the Cholesky matrix 
  
tapin = MPMod; 
tapin(:,1) = tapin(:,1)/10; 
M = max(tapin(:,1))+1; 
K = 640;  % Select the number of angular-frequency samples in the model 
  
Ompr = eye(M); 
Ompr = Ompr(tapin(:,1)+1,:); 
Ctau = sqrt(10.^(tapin(:,2)/10)./(2*tapin(:,3)+2)); 
Ctau = diag(Ctau/sqrt(sum(Ctau.^2)/(K))); 

	

	

The	next	MATLAB	code	 is	used	to	generate	the	 fading	models	 in	this	thesis.	This	code	

creates	the	Cholesky	matrix	as	describe	in	the	thesis	after	inputting	the	necessary	variables.	

			

%% Jakes' and Flat Doppler Models Cholesky Matrix	215 
function C = DFCovMtxGen(type,M0,M1,M2) 
% type = type of fading model, Jakes' or Flat 
% M0 = number of samples between the max a min doppler shift not the 
number 
%      of frequency taps 
% M1 = total number of time samples including the samples not observed. 
% M2 = the number of unobserved samples in the begining and thend of 
the 
%      fading signal 
  
fd = 1; 
M3 = M1-2*M2; 
c0 = 1.5; 
  
if strcmpi(type,'jakes') 
    x = 2*pi*fd*abs(-M3/2:M3/2-1)/(2*M0); 

MATLAB FUNCTION BEGIN

MATLAB CODE END

MATLAB CODE BEGIN
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    x(x==0) = 1e-200; 
    h = [2^(1/4)*pi^(1/2)*gamma(3/4)*fd*... 
        x.^(-1/4).*besselj(1/4,x).*... 
        (0.54+0.46*cos(2*pi*((0:M3-1)-M3/2)/M3)) 0]; 
     
elseif strcmpi(type,'flat') 
    x = fd*(-M3/2:M3/2-1)/M0; 
    h = [2*sinc(x).*... 
        (0.54+0.46*cos(2*pi*((0:M3-1)-M3/2)/M3)) 0]; 
else 
    error('Incorrect Type') 
end 
  
h = convmtx(h,M3); 
w = hamming(M2*2); 
h = h(:,M3/2+(1-M2:M3+M2))*diag([w(1:M2);ones(M3,1);w(M2+1:end)]); 
h = h*fft(eye(M1),[],2)*diag([ones(1,sqrt(M1)*c0/2) zeros(1,M1-
sqrt(M1)*c0) ones(1,sqrt(M1)*c0/2)])*ifft(eye(M1),[],2); 
H = h*fft(eye(M1),[],2)/(M1); 
H = H/sqrt(sum(sum(abs(H).^2))); 
C = ifftshift(H(:,[1:sqrt(M1)*c0/2 end-sqrt(M1)*c0/2+1:end]),2); 
C = C'*C; 
C = chol(C); 
C = C/sqrt(2*sum(sum(abs(C).^2))); 

	 MATLAB FUNCTION END
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RATE ADDAPTATION LOOK-UP TABLE 
 

	
	

	 		࢐
	 	࢏

Modulation	Schemes

00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

00	 11.31	 14.32	 19.03	 21.22 25.32 27.37 31.35 33.37 37.33 39.34	 43.30 45.31

01	 11.24	 14.25	 18.96	 21.15 25.25 27.30 31.28 33.30 37.25 39.27	 43.22 45.23

02	 11.16	 14.17	 18.89	 21.07 25.17 27.22 31.20 33.22 37.17 39.19	 43.14 45.15

03	 11.09	 14.10	 18.81	 21.	00 25.10 27.14 31.12 33.14 37.09 39.11	 43.06 45.07

04	 18.73	 20.92	 25.02	 27.06 31.04 33.06 37.01 39.03 42.98 44.99	 18.73 20.92

05	 18.66	 20.84	 24.94	 26.98 30.96 32.98 36.93 38.94 42.89 44.91	 18.66 20.84

06	 18.58	 20.76	 24.86	 26.90 30.88 32.90 36.85 38.86 42.81 44.82	 18.58 20.76

07	 18.50	 20.68	 24.78	 26.82 30.80 32.81 36.76 38.77 42.72 44.73	 18.50 20.68

08	 18.41	 20.59	 24.69	 26.73 30.71 32.72 36.68 38.68 42.63 44.64	 18.41 20.59

09	 18.33	 20.51	 24.61	 26.65 30.62 32.64 36.59 38.60 42.54 44.55	 18.33 20.51

10	 18.24	 20.42	 24.52	 26.56 30.53 32.55 36.50 38.50 42.45 44.46	 18.24 20.42
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	 		࢐
	 	࢏

Modulation	Schemes

00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

11	 18.16 20.34 24.43 26.47 30.44 32.45 36.40 38.41 42.36 44.37 18.16 20.34

12	 18.07 20.24 24.34 26.38 30.35 32.36 36.31 38.32 42.26 44.27 18.07 20.24

13	 17.98 20.15 24.25 26.28 30.26 32.27 36.21 38.22 42.16 44.17 17.98 20.15

14	 17.88 20.06 24.15 26.19 30.16 32.17 36.11 38.12 42.06 44.07 17.88 20.06

15	 17.79 19.97 24.05 26.09 30.06 32.07 36.01 38.02 41.96 43.97 17.79 19.97

16	 17.69 19.87 23.96 25.99 29.96 31.97 35.91 37.91 41.86 43.86 17.69 19.87

17	 17.60 19.77 23.86 25.89 29.86 31.86 35.81 37.81 41.75 43.75 17.60 19.77

18	 17.49 19.67 23.75 25.79 29.75 31.76 35.70 37.70 41.64 43.64 17.49 19.67

19	 17.39 19.56 23.65 25.68 29.64 31.65 35.59 37.59 41.53 43.53 17.39 19.56

20	 17.29 19.46 23.54 25.57 29.53 31.54 35.47 37.47 41.41 43.41 17.29 19.46

21	 17.18 19.35 23.43 25.46 29.42 31.42 35.36 37.36 41.29 43.29 17.18 19.35

22	 17.07 19.24 23.31 25.34 29.30 31.30 35.24 37.24 41.17 43.17 17.07 19.24

23	 16.95 19.12 23.20 25.22 29.18 31.18 35.12 37.11 41.05 43.05 16.95 19.12

24	 16.84 19.00 23.08 25.10 29.06 31.06 34.99 36.99 40.92 42.92 16.84 19.00

25	 16.72 18.88 22.96 24.98 28.93 30.93 34.86 36.86 40.79 42.78 16.72 18.88

26	 16.60 18.76 22.83 24.85 28.80 30.80 34.73 36.72 40.65 42.65 16.60 18.76
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	 		࢐
	 	࢏

Modulation	Schemes

00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

27	 16.47 18.63 22.70 24.72 28.67 30.66 34.59 36.58 40.51 42.50 16.47 18.63

28	 16.34 18.50 22.57 24.59 28.53 30.52 34.45 36.44 40.37 42.36 16.34 18.50

29	 16.21 18.37 22.43 24.45 28.39 30.38 34.31 36.29 40.22 42.21 16.21 18.37

30	 16.07 18.23 22.29 24.30 28.25 30.23 34.16 36.14 40.06 42.05 16.07 18.23

31	 15.93 18.08 22.14 24.15 28.10 30.08 34.00 35.98 39.90 41.89 15.93 18.08

32	 15.78 17.94 21.99 24.00 27.94 29.92 33.84 35.82 39.74 41.72 15.78 17.94

33	 15.63 17.78 21.83 23.84 27.78 29.76 33.67 35.65 39.57 41.55 15.63 17.78

34	 15.48 17.62 21.67 23.68 27.61 29.59 33.50 35.48 39.39 41.37 15.48 17.62

35	 15.32 17.46 21.51 23.51 27.44 29.41 33.32 35.30 39.21 41.18 15.32 17.46

36	 15.15 17.29 21.33 23.33 27.26 29.23 33.14 35.11 39.01 40.99 15.15 17.29

37	 14.98 17.12 21.15 23.15 27.07 29.04 32.94 34.91 38.81 40.78 14.98 17.12

38	 14.80 16.93 20.97 22.96 26.88 28.84 32.74 34.70 38.60 40.57 14.80 16.93

39	 14.61 16.74 20.77 22.76 26.67 28.63 32.53 34.49 38.39 40.35 14.61 16.74

40	 14.42 16.54 20.57 22.55 26.46 28.42 32.31 34.26 38.16 40.12 14.42 16.54

41	 14.21 16.34 20.35 22.33 26.24 28.19 32.07 34.02 37.91 39.87 14.21 16.34

42	 14.00 16.12 20.13 22.10 26.00 27.95 31.83 33.78 37.66 39.61 14.00 16.12
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	 		࢐
	 	࢏

Modulation	Schemes

00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

43	 13.78 15.89 19.90 21.86 25.76 27.70 31.57 33.51 37.39 39.34 13.78 15.89

44	 13.55 15.65 19.65 21.61 25.50 27.43 31.30 33.23 37.11 39.05 13.55 15.65

45	 13.3 15.40 19.39 21.35 25.22 27.15 31.01 32.94 36.80 38.74 13.30 15.40

46	 13.04 15.14 19.12 21.06 24.93 26.85 30.70 32.62 36.48 38.41 13.04 15.14

47	 12.77 14.86 18.83 20.76 24.62 26.53 30.38 32.29 36.14 38.05 12.77 14.86

48	 12.48 14.56 18.52 20.45 24.29 26.19 30.03 31.93 35.76 37.67 12.48 14.56

49	 12.17 14.24 18.18 20.10 23.94 25.83 29.65 31.54 35.36 37.26 12.17 14.24

50	 11.84 13.90 17.83 19.74 23.56 25.43 29.24 31.11 34.92 36.81 11.84 13.90

51	 11.49 13.54 17.45 19.34 23.14 25.00 28.79 30.65 34.45 36.31 11.49 13.54

52	 11.11 13.14 17.03 18.91 22.69 24.53 28.30 30.14 33.92 35.76 11.11 13.14

53	 10.70 12.72 16.58 18.44 22.19 24.01 27.76 29.58 33.33 35.15 10.70 12.72

54	 10.25 12.25 16.08 17.91 21.64 23.44 27.15 28.94 32.66 34.45 10.25 12.25

55	 9.76 11.73 15.53 17.33 21.03 22.79 26.46 28.22 31.9 33.65 9.76 11.73

56	 9.21 11.16 14.92 16.68 20.33 22.05 25.68 27.38 31.01 32.71 9.21 11.16

57	 8.60 10.51 14.22 15.94 19.52 21.19 24.75 26.40 29.96 31.60 8.60 10.51

58	 7.91 9.78 13.41 15.07 18.58 20.18 23.66 25.23 28.72 30.28 7.91 9.78 
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00	 01	 02	 03	 04 05 06 07 08 09	 10	 11

B
ER
	L
im
it
s	

59	 7.11 8.92 12.47 14.05 17.47 18.97 22.36 23.85 27.26 28.75 7.11 8.92 

60	 6.18 7.91 11.34 12.83 16.13 17.55 20.85 22.26 25.60 27.04 6.18 7.91 

61	 5.06 6.70 10.00 11.38 14.58 15.92 19.14 20.49 23.75 25.11 5.06 6.70 

62	 3.69 5.25 8.40 9.71 12.81 14.08 17.21 18.45 21.59 22.80 3.69 5.25 

63	 2.00 3.51 6.55 7.80 10.79 11.94 14.89 15.96 18.85 19.83 2.00 3.51 

64	 -0.11 1.45 4.35 5.51 8.28 9.22 11.87 12.65 15.24 15.95 -0.11 1.45 

65	 -2.93 -1.23 1.41 2.43 4.79 5.47 7.73 8.23 10.42 10.81 -2.93 -1.23 

66	 -7.71 -5.78 -3.57 -2.59 -0.77 -0.22 1.47 1.78 3.41 3.55 -7.71 -5.78 

	Table	B.1:	SNR	threshold	look‐up	table.	
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